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MO DAU
1. LY DO CHON PE TAI

Trong giai doan d6i méi hién nay truéc yéu cau cua sy nghiép CNH- HPH
dat nude, dé tranh nguy co bi tut hau vé kinh té va khoa hoc cong ngh¢ thi viéc cép
béach 1a phai nang cao chat luong gido duc va dao tao. Cing véi viée thay dbi vé noi
dung can c6 thay ddi cin ban vé phuong phap day hoc.

Ho6i nghi TW khoa IV dac biét nhin manh “Mot trong nhitng nhiém vu
can tip trung giai quyét tir nay dén nam 2010 14 ning cao chit lwong va hiéu qua
cua gido duc. Mudn vay phai thyc hién ddi mai gido duyc toan dién, ddi mai
manh mé& vé ndi dung, chuong trinh va phuong phap gido duc theo huéng chuin
hoa, hién dai hoa”.

Luat gido duc nim 2005 chuwong I myc 2 diéu 25 ¢ ghi: “Phuong phéap gido
duc pho thong phai phat huy tinh tich cuc, tu gidc, chu dong tu duy sang tao cua
HS; phu hop vé6i dic diém cia ting 16p hoc, mén hoc, bdi dudng phuong phap tir
hoc; kha nang lam viéc theo nhom, rén luyén k¥ nang van dung kién thirc vao thuc
tién; tac dong dén tinh cam dem lai niém vui himg tht hoc tap cho hoc sinh”. Va
trong chuong I diéu 5 c6 ghi “Phwong phap gido duc phai phat huy tinh tich cuc tu
giac, chu dong tu duy sang tao cta ngudi hoc, bdi dudng ning luc tu hoc kha ning
thuc hanh, long say mé hoc tap va y tri vuon 1é€n”.

Chuong trinh THPT duoc trién khai thuc hién du6i hinh thirc phan ban két
hop voi day hoc tu chon, d6 chinh 1a gidi phap thuc hién day hoc phan hoa-mdot
trong nhitng dinh huéng co ban cia qua trinh gido duc. Day hoc phan hoéa doi hoi
ngoai viéc cung cap nhing kién thirc co ban va phat trién nhitng k¥ ning can thiét
cho hoc sinh, con can cht y tao ra cac co hoi lya chon vé noi dung va phuong phap
phu hop véi trinh d9, nang luc nhan thirc va nguyén vong cua hoc sinh.

Thuc tién & cac truong phod thong hién nay, quan diém phan hoa trong day
hoc chua duoc quan tdim dung muc. Gido vién chua duoc trang bi day du nhiing
hiéu biét va k¥ nang day hoc phan hoa, chua thuc sy coi trong yéu cau phan hoa
trong day hoc. Da s cac gid day van dugc tién hanh dong loat, 4p dung nhu nhau
cho moi d6i tuong hoc sinh, cac cau hoi, bai tap dua ra cho moi dbi tuong hoc sinh
déu c6 chung mot mtrc do kho-dé. Do d6, khong phat huy duoc tinh téi da ning luc
ca nhan cua hoc sinh, chua kich thich duoc tinh tich cuc, chi dong, sang tao cua
hoc sinh trong viéc chiém linh tri thirc, din dén chét luong gio day khong cao, chua
dap tmg dugc muc tiéu giao duc.
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Tur thyc té d6 doi hoi mdi gido vién trong khau chuan bi gido an cling nhu
trong khi tién hanh t6 chtic cac hoat dong day hoc, phai lam thé nao dé tic dong dén
tung ca nhan hoc sinh vo1 nhitng dac diém khéc nhau vé nang luc, s¢ thich, nhu ciu
sao cho phat huy dugc tdi da kha ning ciia ban than mdi hoc sinh trong hoc tap.

Pung trude nhu cau d6 da 1am nay sinh va thuc ddy mot cude van dong dodi
moi phuong phap day hoc & tit ca cac cip trong nganh gido duc dao tao, dan dan
khic phuc nhimg ton tai phd bién cua phuong phap day hoc cii nhu: Thuyét trinh
tran lan, GV cung cép kién thtrc dudi dang c6 san, thiéu su phan hoa. Théy ap dat,
tro thu dong, thién vé day, yéu vé hoc, khong kiém soat duge viéc hoc. Thay vao do
1a sy d6i méi vé phuong phap day hoc, voi nhitng tu tedng chu dao duge phat trién
dudi nhiéu hinh thirc khac nhau nhu “Lay hoc sinh lam trung tam”, “Phuong phap
day hoc theo hudng tich cuc”, “Tich cuc hda hoat dong day va hoc”. b6 1a mot
huéng d6i méi PPDH dugc dong dao cac nha nghién ciru, cac nha 1i ludn va cac
Thay c6 gido quan tim. Viéc van dung phuong phap nay vao day hoc mén toan con
gip rat nhiéu han ché, con c6 nhimmg van dé can phai nghién ctru 4p dung mét cach
cu thé. Trong cac van dé d6 co van dé day hoc ham s luong gidc va phuong trinh
luong gidc ¢ trudng THPT. Trong giai tich toan hoc thi khai niém ham sé luong
giac va phuong trinh lugng gidc 1a mot trong nhitng khai ni¢m quan trong né chtra
dung nhiéu kién thtrc, nhiéu tu duy, nhit 13 tr duy triru tuong, tu duy logic, ...
Trong d6 thé hién nhiéu thao tac tu duy: phan tich, tong hop, triru twong hod, khai
quat hoéa, dac biét hoa, ...No6 doi hoéi phém chét tu duy nhu : Linh hoat sang tao, su
tinh toan chinh xac, cac phém chét dao dtre kién tri chiu kho.

Mit khac ham s6 luong gidc va phuong trinh luong gidc 1a mot khai niém
moi va triru tugng d6i voi HS THPT, hon nita phan phdi chuong trinh ham sb lugng
gidc va phuong trinh lugng gidc chiém mot thoi gian rat it nén viéc nam ving i
thuyét va van dung vao lam bai tap doi v6i HS 1a rat kho khan, HS gip khong it
lang ting sai sot khi 1am bai tap. Néu céac gid day van duge tién hanh dong loat, ap
dung nhu nhau cho moi doi tuong hoc sinh, cac cau hoi, bai tap dua ra cho moi doi
tuong hoc sinh déu c6 chung mot mirc doi khd - dé thi s& khong phat huy duogc kha
nang tu duy sang tao ctia hoc sinh kha, gioi. Con hoc sinh yéu , kém thi s& khong nim
duoc kién thire va hinh thanh duoc ki ning co ban. Diéu d6 1am cho da sb hoc sinh yéu,
kém va trung binh chua 16 khi hoc ndi dung trén. Dong thoi mot sd gido vién con gap trd

ngai khi day hoc ndi dung do.
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Vi nhing li do trén, chung t6i chon dé tai 1a: Xdy dung hé thong cau héi va
bai tdp phin héa khi day hoc ham sé lwong gidc va phwong trinh luong gidc &
16p 11 trwong THPT (chuong trinh n&ng cao).

2. MUC PiCH NGHIEN CUU, NHIEM VU NGHIEN CUU
2.1. Muc dich nghién ctru

Xay dung dugc hé thong cau hoi va bai tap phan hoa khi day hoc “Ham sb
lwgng giac va Phuong trinh lwgng giac” & 16p 11, nham nang cao hiéu qua day va
hoc Paij s va Giai tich (nang cao) ¢ truong THPT.

2.2. Nhiém vu nghién ctru
+ Hé théng héa mot s6 van dé 1i luan vé day hoc phan hoa, vé cau hoi va bai tap
phan hoa.

+ Béng diéu tra va quan sat tim hiéu thuc trang day hoc phan héa moén toan.
Trong d6 c6 thuc trang day va hoc phin héa ndi dung “Ham s lugng gidc va
Phuong trinh lugng giac” 16p 11 nang cao.

+ Xay dung hé théng ciu hoi va bai tap phan héa khi day hoc Ham sé luong
giac va Phuong trinh lugng giac & 16p 11 truong THPT.

+ Kiém tra tinh kha thi va hiéu qua cua hé thdng ciu hoi va bai tip phan hoa da
duoc xay dung.
3. PHUONG PHAP NGHIEN CUU

- Phwong phdp nghién civu Iy ludgn: Nghién ciru cac tai lidu c6 lién quan dén
dé tai.

- Phwong phdp diéu tra, quan sdt: Diéu tra thyc trang day hoc phan héa
bang phiéu tric nghiém, du gio, trao d6i y kién véi giao vién, hoi y kién chuyén gia.

- Phwong phdp thwe nghiém sw pham: Tién hanh thuc nghiém su pham &
mot truong THPT nham kiém tra cac két qua nghién ciru trong thuc tién day hoc &
truong THPT.

4. GIA THUYET KHOA HQC

Néu xay dung duoc mdt thé théng cau hoi va bai tap cé tinh chét phan hoéa
khi day hoc Ham sd lugng giac va phuong trinh lugng giac & 16p 11 truong THPT
thi s& phat huy cao do tinh tich cuc, cha dong cia timg hoc sinh, gop phan nang cao

chét luong day hoc Pai sO va giai tich nang cao.
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5. CAU TRUC LUAN VAN

Ngoai phin mo dau, két luan, tai liéu tham khao, ndi dung chinh cta luan
vin gdm ba chuong.

Chuong 1. Co s6 1i luan va thuc tién cta day hoc phan hoa.

Chuwong II. Xay dung mot hé thdng cau hoi va bai tap phan hoa khi day hoc
Ham s6 luong giac va Phuong trinh luong gidc ¢ 16p 11 THPT (theo chuong trinh
Dai sb va Giai tich nang cao).

Chuong III. Thuc nghi¢ém su pham.
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Chuong I
CO SO LY LUAN VA THUC TIEN CUA DAY HQC PHAN HOA

1.1. Mt s6 van dé vé day hoc phan hoéa
1.1.1. Khai niém day hoc phdn hoa

Trong lich sir gido duc: Hoc sinh 13 mot danh tir chung chi nhitng nguoi tiép
thu dudi sy gido duc cua gido vién. Lép hoc 1a mot tap thé hoc sinh déng nhét, gSm
nhiing hoc sinh cung mdt trinh dj, cung mot Ira tudi, ... Co cung mot muc tiéu
chung. Hién nay phuong phap day hoc tap thé hoa da khong dap timg dugc nhu cu
té1 tirng cd nhan hoc sinh, do c6 sy khac nhau vé nang lyc nhan thirc cua mdi ca
nhan hoc sinh noi trén. Chinh vi vdy, viéc quan tdm td1 cd nhan ngudi hoc va vige
hoc trén binh dién t6 chirc cling nhu trén binh dién gido duc la can thiét.

Theo tir dién Tiéng Viét, Phdn héa la chia ra thanh nhiéu bé phdn khéc hdn
nhau[24]. C6 nhiéu tiéu chi dé “chia”, nhu chia theo Itra tudi, chia theo gidi tinh,
chia theo dan tdc, chia theo dia ban cu tru, ... O day ta chi gidi han trong viéc chia
theo ning lyc va nhu ciu ciia ngudi hoc.

bpé tang hi¢u qua cua viéc day hoc, ta co thé “chia” ngudi hoc thanh nhiéu
“bd phan” khac nhau theo kha ning nhan thirc dé c6 cach day hoc phu hop véi timg
“bd phan” - day chinh la day hoc phdn hoa.

Day hoc phan héa xuét phat tir su bién chimg ciia thong nhit va phan hoa, tir
yéu cAu dam bao thuc hién tdt cac muc tiéu day hoc ddi voi tit ca moi hoc sinh,
ddng thoi khuyén khich tdi da va t6i wu nhitng kha ning cia c4 nhdn (theo
GS.TSKH Nguyén B4 Kim).

Hon nita, viéc day hoc trong nha trudng hudng tdi cac ddi tugng hoc sinh
rat da dang voi sy khac nhau vé nang luc, s¢ thich, nguyén vong, diéu kién hoc
tap, ... Do vdy day hoc theo mot chuong trinh giéng nhau véi cach thirc té chic
day hoc nhu nhau cho moi d6i twong hoc sinh 1a khong phit hgp véi yéu cau phat
trién cua ting nguoi hoc. Trong day hoc can phai xuat phat tir tinh hinh thuc té
hoc sinh, dua vao dic diém phat trién tam ly, dua vao von hiéu biét ciia cac em,
dya vao mit manh, mit yéu cta cdc em ma tim cach day thich hop. T d6, day
hoc phan héa phai tinh dén trinh d6 phat trién khac nhau, dén dic diém tam Iy
khac nhau ctia mdi hoc sinh, 1am cho moi hoc sinh c6 thé phat trién phu hop véi

nang luc va nhu cau ctia minh. Nhu vay:
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Day hoc phin héa la cdch thirc day hoc doi héi phdi to chire, tién hanh cdc
hoat dong day hoc dwa trén nhitng khdc biét ciia ngwoi hoc vé ning liee, nhu cau
nhén thirc, cic diéu kién hoc tdp nhiam tao ra nhiing két qua hoc tip va sw phit
trién tot nhit cho tirng ngwoi hoc, dim bdo cong bing trong gido duc, tirc la dim
bdo quyén binh ding vé co héi hoc tip cho nguwoi hoc.

1.1.2. Nhitng cép dé va hinh thicc day hoc phin héa
Day hoc phan héa dugc thuc hién & hai cap do: cdp dé vi md Va cap dé vi mé.
1.1.2.1. Day hoc phdn héa & cdp vi mé

Day hoc phan héa & cip d6 vi mé 1a tim kiém cac phuong phap, ki thuat day
hoc dé mdi hoc sinh hodc mdi nhom hoc sinh, vai nhip d hoc tap khac nhau trong
gi0 hoc déu dat duoc két qua mong mudn.

Day hoc phan hoa & cﬁp do vi mo bao gé)m day hoc phan héa néi tai va day hoc phan

hoa vé 6 chiic.
a. Day hoc phan hoéa néi tai: 1a sy to churc qua trinh day hoc trong mot tiét hoc,
mot 16p hoc co tinh dén cac dic diém ca nhan cia hoc sinh; 1a viéc st dung
nhitng bién phap phan hoa thich hop trong mét 16p hoc théng nhét véi cing mot
ké hoach hoc tip, cing mot chuong trinh va sach gido khoa. Pay chinh 1a sy ca
nhan hoa trong qua trinh day hoc.

Trong cac gid hoc chinh khoa, gido vién c6 thé sir dung mét sd bién phap
phan hoa sau:

< DOi xtr ca biét ngay trong nhirng gid day hoc dong loat dwa trén trinh do phat
trién chung. Nhu:

+ Giao nhi€ém vu phu hop véi tung loai ddi tuong hoc sinh.

+ Pdi voi nhém hoc sinh kha gioi, gido vién giao cho cac em nhitng nhiém vu c6
tinh tim toi, phét hién, ndng cao yéu cau khi cac em da vuot qua duoc yéu cau chung cho
ca 16p. Poi véi nhém hoc sinh yéu kém thi cau hoi chi mang tinh tryc quan hoic c6 tac
dung rén mot ki nang nao do, cau hoi it doi hdi tu duy, kém theo nhiing cau hoi goi v
hoic cau hoi nhd, khuyén khich hoc sinh yéu kém khi cac em can tra 16i cau hoi.

+ Ra bai tdp c6 phan bac hodc ra thém bai tap dé dao sau, nang cao cho
nhitng hoc sinh kha gidi.

% Phan hoa sy giup d& cia thay: Hoc sinh yéu kém duoc gitip d& nhiéu hon
hoc sinh khé gidi. Vi du: véi cung mot nhiém vu 1a giai bai tap, nhém hoc sinh kha
gidi dugc yéu cau tu thao luan tim 101 giai, con nhom hoc sinh yéu kém c6 thé duoc

gido vién goi ¥, huéng dan.
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% Téac dong qua lai gilra cac hoc sinh, khuyén khich su giao luu gitra cac hoc
sinh nhu thao luan trong 16p, hoc theo cdp va hoc theo nhom, léy chd manh cua hoc
sinh nay dé diéu chinh nhan thirc hoc sinh khac.

¢ Phan hoa bai tap vé nha theo s6 lugng bai tap, theo ndi dung bai tap, theo
yéu cau vé tinh doc 1ap. Ngoai bai tap ra chung cho ca 10p, can ra riéng bai tap cho
hoc sinh yéu, kém va ra riéng bai tap cho hoc sinh khé giéi. i véi nhitng hoc sinh
kha gioi can ra thém nhirng bai tdp nang cao, doi héi tu duy sang tao. Con dbi véi
hoc sinh yéu kém, bai tap c6 thé ha thip muc do kho, chta nhiéu yéu t6 dan dat, chu
yéu 14 bai tdp mang tinh rén luyén ki ning. Ra riéng nhiing bai tdp nham dam bao
trinh do xuat phat cho nhing hoc sinh yéu kém dé chuan bi cho bai hoc sau.

¢ Phan hoéa trong viéc kiém tra, danh gia hoc sinh: Yéu ciu cao hon dbi vai
hoc sinh kha gioi, ha thap yéu cau ddi véi hoc sinh yéu kém. Bén canh nhiing cau
hoi va bai tip hudng vao yéu cau co ban, can ¢ nhitng cau hoi va bai tip nang cao,
dao sau, doi hoi van dung kién thirc mot cach téng hop dé phan loai dugc hoc sinh.
b. Day hoc phin héa vé t6 chirc: 13 hinh thanh nhitng nhém hoc ngoai khéa, boi
dudng hoc sinh gioi, gitip d& hoc sinh yéu kém, ...

% Hoat dong ngoai khoa: 1a nhitng hoat dong gido duc da dang nim ngoai ké
hoach va chuong trinh ndi khéa (ndi tai) véi muc dich nham hd tro viée day hoc ndi
khoa nhu: giy himg thu hoc tip mén toan cho hoc sinh, mé rong, dao sau kién thirc
tao diéu kién ga"ln lién kién thie voi thue tién, gén lién véi doi séng xa hoi, hoc di
d61 voi hanh, rén cho hoc sinh cach thire 1am viée tap thé, tao diéu kién phat hién va
bdi dudng nhitng hoc sinh c¢6 ning khiéu. Thong qua hoat dong ngoai khoa, gido
vién c6 thé phat hi¢n nhirng hoc sinh c6 nang khiéu toan hoc thé hién & su say mé
hoat dong toan hoc, kha nang phat hién va giai quyét nhitng van dé toan hoc nay
sinh trong 1i thuyét toan hoc ciing nhu trong thyc tién. Qua dé tao diéu kién gop
phan bdi dudng nhitng hoc sinh nay.

Cac hinh thirc hoat dong ngoai khéa gdm: thim quan, néi chuyén ngoai khoa,
sinh hoat cau lac bd, bao toan, ...

< Bbi dudng hoc sinh gioi: Trong qua trinh hoc tap bd mén, c6 nhing hoc sinh ¢6
trinh d6 kién thuc, k¥ nang va tu duy vuot trdi so voi cac hoc sinh khac, c6 kha nang
hoan thanh nhiém vu mon hoc mot cach dé dang. Do 1a nhimg hoc sinh gioi bd méon do.

Viéc bdi dudng hoc sinh gidi mdt mat duoc tién hanh trong nhimg gid' day hoc
d@)ng loat béng nhiing bién phap phan héa, mat khac dugc thuc hi¢n bﬁng cach bdi
dudng tach riéng dién nay trén nguyén tac tw nguyén.
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Nhom hoc sinh gidi toan gdm nhimng hoc sinh cing 16p, cing khdi déu c6 kha
ning vé toan, yéu thich mén Toan va ty nguyén xin bdi dudng ning cao vé mon nay.
Pay chinh 13 lyc lrong ndng ¢t cia nha truong vé mit ngoai khoa dbi véi nhimg nhom
hoc sinh gidi toan.

Muc dich bdi dudng hoc sinh gioi toan: ning cao himg thi hoc tip mon Toan,
Dao sdu va md rong kién thic trong gido trinh, 1am 16 cho hoc sinh thiy vai trd ctia Toan
hoc trong cudc sdng, bdi dudng cho hoc sinh tac phong phuong phap nghién ctru va tu
doc sach.

N6i dung boi dudng nhém hoc sinh gidi bao gom:

+ Nghe thuyét trinh nhiing tri thirc bd mén Toan bd sung cho ndi khoa: nhw lich
str toan, ung dung Toan hoc.... Nguoi thuyét trinh co thé 1a thiy gido hay ban than hoc
sinh hodc ngudi 1am cong tac khoa hoc cong nghé ...

+ Giai nhitng bai tip nang cao: Nhitng loai bai tip nay nham dao siu va mé rong
nhiing tri thirc noi khoa c6 nhimg dic diém nhu bai tap tong hop doi hoi van dung va
phdi hop nhiéu tri thirc; bai tap yéu ciu hoc sinh nghién ctru doc lap cao do trong cac
khau phat hién va giai quyét vin dé, trinh bay va bao vé két qua, giai quyét nhitng van dé
trong thyc tién mang tinh dia phuong va thoi sy; bai toan vui nhu trong “Toan hoc va
tudi tré” ...

+ Hoc chuyén dé: La nhimg van tuong dbi 16n bd sung cho noi khoa va nang cao
tam hiéu biét ciia hoc sinh nhu mét s6 yéu t cua 1dgic toan va tmg dung trong toan hoc.

+ Tham quan, thuc hanh va tng dung mén hoc: Ngoai viéc nang cao kién thirc
cho hoc sinh con nhdm thyc hién nguyén 1i gido duc hoc di d6i véi hanh, 1i thuyét gin
lién véi thuc tién, nha truong gan lién véi xa hoi.

+ Lam nong cdt cho nhiing sinh hoat ngoai khoa vé Toan: Nhiing hoat dong do 1a
viét bao toan, to chirc cau lac bo toan, lam d6 dung day hoc, ...

% Gilp d& hoc sinh yéu kém: Hoc sinh yéu kém vé toan 1a nhimng hoc sinh c6 két
qua hoc tap bd mon thuong xuyén dudi trung binh. Viéc linh hdi tri thire, rén luyén ki nang
can thiét & nhiig hoc sinh nay thuong doi hoi nhidu cong stic va thoi gian so véi cac hoc
sinh khac. Su yéu kém hoc tap bd moén toan co nhiéu biéu hién nhung nhin chung c6 ba
diém co ban:

+ Nhiéu “I6 hong” vé kién thire va ki nang.

+ Tiép thu cham.

+ Phuong phép hoc tap bd mon chua phu hop.
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Gi4o vién can ndm ba dic diém d6 dé c6 thé giup d& hoc sinh yéu kém mot cach
¢6 hiéu qua. Ciing nhu viéc bdi dudng hoc sinh gioi, viée gitip d& hoc sinh yéu kém mot
mit can dugc thue hién ngay trong nhiing tiét day hoc dong loat, bang nhimg bién phap
phan hoa thich hop. Mit khac cin co su gitip d& riéng cua gido vién ddi v6i nhom hoc
sinh nay théng qua hinh thtrc hoc phu dao. Noi dung gitip d& hoc sinh yéu kém can theo
hudng sau day:

+ Lap “16 hong” vé kién thirc va bdi dudng ki nang dé dam bao trinh do xuat
phat cho nhiing tiét 1én 16p.

+ Luyén tap vira stc hoc sinh yéu kém: Tang thém s luong bai tap cung thé
loai va muc do, st dung bai tdp phan bac min, ....

+ Boi dudng phuong phap hoc tdp bd mén toan: Pay chinh 1a mot trong
nhiing bién phap khic phuc tinh trang hoc sinh yéu kém dé rén luyén ki ning hoc
tap. Gido vién bdi dudng cho hoc sinh ngay ca trong nhitng hiéu biét so dang vé
cach thirc hoc toan nhu lim 1y thuyét méi va 1am bai tdp phai doc k§ dau bai, v&
hinh sang sta (néu can),... Gido vién khic phuc cho hoc sinh nhu chua doc ki du
bai dd di vao 1am bai tip, v& hinh (néu cin) ciu tha, ...
1.1.2.2. Day hoc phdn héa & cap vi mé

Phan hoa & cép dd vi mo thé hién & cac hinh thire t6 chire day hoc v&i nhitng
noi dung khac nhau cho ting 16p ddi twong khac nhau nham tao diéu kién cho HS
phat trién ning luc va thién huéng tdt nhat[9].

Day hoc phan hoa ¢ cip vi mé 1a sy t6 chic qua trinh day hoc théng qua
cach t6 chirc cac loai truong, 16p khac nhau cho cac d6i twong hoc sinh khac nhau,
xay dung cac chuong trinh gido duc khac [6].

Mot s6 hinh thitc day hoc phan héa & cap vi mo[4]:

% Phan ban: Pic diém cua hinh thirc nay 13 mdi truong to chirc day hoc theo mot
sO ban da dugc quy dinh. Khi thyc hién phan ban, nhiing hoc sinh c6 nang luc sé thich,
nhu cau, diéu kién hoc tap tuong dbi giéng nhau dugc t6 chirc thanh nhém hoc theo cung
mot chuong trinh (mdi nhém nhu vay goi 1d mot ban). Chuong trinh hoc tp ctia mdi ban
g6m cac mon hoc nhét dinh, véi khoi luong ndi dung va thoi luong day hoc dugc quy
dinh théng nhat nhu nhau trong toan qudc. Hinh thtrc nay c6 uu diém 1a thuan loi vé mat
quén 1y. Nhung hinh thirc ndy lai ¢6 nhuoc diém 13 kém mén déo, kho dap tmg dugc su
phéan hoa hét sirc da dang vé nang luc, himg tht va nhu cu ctia cac ddi tuong hoc sinh
khac nhau.
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Hinh thirc ndy da duoc thyc hién thi diém & nudc ta tir nim 1993 dén nim
1997 v61 ba ban 1a : Khoa hoc tu nhién (A), Khoa hoc ty nhién - ky thuat (B), Khoa
hoc xa hoi (C).

% Day hoc tw chon: Dic diém cia hinh thirc phan hoa nay 1a cac mon hoc va gido
trinh duoc chia thanh cac mén hoc va gido trinh bt budc tao thanh cdt 18i cho moi hoc
sinh va nhom cac mon hoc, gido trinh tu chon nham dap ung su khac biét veé nang luc,
hting thl va nhu cau hoc tap cua cac dbi tuong hoc sinh khac nhau. Nhu vay day hoc tu
chon 1a day hoc hudng dén ting ca nhan hoc sinh, cho phép mdi hoc sinh ngoai viéc
hoc theo mot chuong trinh chung con co thé hoc mot chuong trinh vé1 cac moén hoc
khéc nhau, hodc c¢6 thé hoc cac chu dé khac nhau trong mot moén hoc. Hinh thirc nay co6
vu diém 13 kha ning phan hoa cao, c6 thé dap img duoc nhitng khac biét hét stc da
dang cua hoc sinh. Nhung hinh thirc nay c6 boc 16 mot s6 nhugc diém nhu hoc van co
ban ctia hoc sinh d& bi ha thip va thiéu hé thong do tam i chon gido trinh d&, ma bo
qua gigo trinh kho ctia cac mén hoc truyén théng quan trong nhu Toan, Li,... Dic biét
hinh thirc nay doi hoi rit cao vé ning luc quan li ciing nhu trinh d6 cua gido vién va
trang thiét bi ciia nha truong.

< Phan ban két hop véi day hoc tw chon: Dic diém cua hinh thire nay 13 hoc
sinh vira dugc phan chia hoc theo cac ban khac nhau, déng thoi hoc sinh duogc chon
mot s6 mon hoc va giao trinh tu chon ngoai phz‘in ndi dung hoc tap bét budc chung
cho mdi ban. Hinh thtrc nay cho phép tan dung dugc nhimg vu diém va khic phuc
mot phan nhuoc diém cia hai hinh thic phin héa trén.

Hinh thtrc nay dugc nhiéu nude trén thé giéi 4p dung nhu Phap, Nga, ... Hién
nay nén gido duc trung hoc phd thong cia nuée ta cling dang thyc hién phan ban két
hop voi day hoc tu chon.

+»» Phian luf’ing: Pic diém cua hinh thic nay la dugc thuc hién sau cép trung hoc
co s& va trung hoc phé thong, nham tao ra co hdi cho hoc sinh tiép tuc hoc tap hoac
lam viéc sau khi da hoan thanh mot cép hoc. Mdi co hoi 1a mot “lué)ng”.

Vi du: Sau cép trung hoc co s& ¢6 nhitng ludng nhu: Tiép tuc hoc trung hoc phd
thong, hoc trung cap chuyén nghiép, hoc nghé, tham gia lam viéc tai cac co sd lao
dong, san Xuét.

Trong gidi han cua dé tai, chung toi chi dé cap dén hinh thirc phdn hod néi tai.
1.1.3. Nhitng tw twong chi dao day hoc phan hoa

Day hoc phan hoéa & truong pho thong can duogc tién hanh theo cac tu tuong

chu dao sau:
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1.1.3.1 Ldy trinh d¢ phdt trién chung ciia hoc sinh trong Iop lam nén tang.

Trong day hoc phai l4y trinh d6 phét trién chung va diéu kién chung cta hoc sinh
trong 16p 1am nén tang, phai huéng vao nhimg yéu cau that co ban. Mdi hoc sinh binh
thuong déu c6 kha nang hoc dugc, ndm duoc chwong trinh phd thong. Nhung gitra hoc
sinh ndy v6i hoc sinh khéc lai c6 su khéc biét vé dc diém tam ly ca nhan khién cho hoc
sinh nay c6 kha ning, so truong, himg thi nhiéu hon vé mot mét nao dé va hoc sinh kia
lai c6 kha ning, so truong, himg thi nhiéu hon vé& mit khéc trong qua trinh hoc tap. Do
d6 ngoai viéc lam cho moi hoc sinh déu dat duoc yéu cAu cla chuong trinh va phat trién
toan dién, mit khac can phat huy kha ning, so truong, himg thu, nang khiéu cua timg
em. Tuy nhién viéc phat huy niang khiéu, viéc “nang cao” phai dua trén co so lam tot
viéc chung, viéc “phd cip” va viéc phat trién toan dién ctia ban than em c6 ning khiéu.
Nhu vay, truéc hét can xac dinh ndi dung va phuong phap day hoc phu hop véi trinh do
chung va diéu kién chung ctia hoc sinh trong 16p. Trén co s& d6 xay dung cac ndi dung
va phuong phéap c6 sy phan hoa cho cac d6i tugng hoc sinh khac nhau.
1.1.3.2. Stk dung nhitng bién phdp phdn hod dé dwa dién hoc sinh yéu kém Ién trinh
do chung

Déi trong hoc sinh yéu kém trong mot 16p hoc thdng nhat 1a dbi twong chua
thuc sy ndm va hiéu duoc nhirng kién thirc co ban cua chuong trinh, c6 két qua hoc
ctiia b mon thuong xuyén dudi trung binh.

Gido vién phai phat hién ra nhimg hoc sinh yéu kém. Dé trong qué trinh
giang day c6 bién phap phu hop, cb ging dé dua nhirng hoc sinh yéu kém dat duoc
nhitng tién dé can thiét dé co thé hoa vao hoc tap dong loat theo trinh do chung.

Vi du: Vé cau hoi danh cho nhom hoc sinh yéu kém thuong 13 nhiing cau hoi
mang tinh tryc quan, it doi hdi tu duy, kém theo nhiing cau hoi goi ¥y hodc nhiing
cau hoi ché nho. Bai tdp chira nhitng yéu t6 dan dit va cha yéu 1a mang tinh rén
luyén k¥ nang.
1.1.3.3. C6 nhitng néi dung bé sung va bién phdp phdn héa givip hoc sinh kha, gici dat
dwge nhitng yéu cau ndng cao trén co sé da dat dwoc nhitng yéu cau co bdn

Déi véi hoc sinh khé gioi trén co s¢ dd dat duoc nhitng yéu cau co ban va dé tao
diéu kién cho hoc sinh phét huy duoc tdi da ning lyc, so truong, nang khiéu, ... Gido
vién can phai c6 nhing ndi dung nham b sung, dao sau kién thirc gitip hoc sinh kha

£101 nang cao kién thuec.
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Vi du: T6 chie cho cac em hoc sinh kha gi61 hoc cac chuyén de nang cao, hodc
ngay trong nhiing gio' day hoc dong loat, gido vién c6 thé giao cho nhém hoc sinh kha
gid1 nhitng nhiém vu c6 tinh chét tim toi, phat hién va sang tao, cac cau hoi doi héi co
su tu duy cao, téng hop nhiéu kién thire, cac bai tap co hoat dong hoc tap & bac cao hon
s0 voi cac d6i tuong hoc sinh khac.

1.1.4. Tai sao phdai day hoc phan hoa

Day hoc phan hoa 1a can thiét boi nhiing 1i do chii yéu sau:

% Day hoc phan hoa gop phan dép tng yéu cau dao tao va phan cong lao dong
x3 hoi dé mdi thanh vién déng gop hiéu qua nhit trong cong viéc trén co s di duogc
chuan bi tét theo dinh hudng tir nha truong. Dy thuc chat 1a dap ung yéu cau phan
luéng lao dong cua xa hdi ma nha truong phai thuc hién.

% Day hoc phan hoa phu hop véi quy luat phat trién nhan thic va hinh thanh
cac dic diém tam i cua hoc sinh. Ngay tir nhimg 16p cudi cua trung hoc co sd, hoc
sinh d3 boc 16 rd thién hudng, so trudng va himg tht dbi véi nhimg linh vuce kién
thire, k§ nang nhat dinh.

% Day hoc phin héa ¢ trung hoc phé thong 13 can thiét va phu hop véi xu thé
chung cua thé gioi. Hién nay hau nhu khong con nude nao day hoc theo mot chuong
trinh va ké hoach duy nhét cho moi hoc sinh trung hoc phd thong.

1.2. Cau héi va bai tap trong day hoc phan héa
1.2.1. Khdi niém cdu hoi

Theo Aristotle: “Cau héi 1a mot ménh dé trong d6 chtra dung ca cai da biét
va ca cai chua biét”.

Cau hoéi = C4i da bict + Céi chua biét.

Pécac cho rang: Khong c¢6 cau hoi thi khong cé tu duy ca nhan, cling nhu tu
duy nhan loai. Ong ciing nhidn manh dau hiéu ban chat cua cdu hoi 1a phai c6 modi
quan hé giita cai da biét va cai chwa biét. Phai c6 ti 1é phu hop giita 2 dai luong d6
thi cha thé nhéan thitc méi xac dinh duge phuong hudng minh phai lam gi dé tra 1oi
cau hoi d6. Khi chii thé nhén thirc da dinh rd dugc cai minh da biét va cai minh
chua biét thi luc bay gio mdi dat duoc cau hoi va dén lac d6 thi cau hoi moi thyc su
méi tré thanh san pham ctia qua trinh nhan thirc.

Cau hoi 1a mot dang cau tric ngon ngit dé dién dat mot yéu cau, mot doi hoi,

mdt ménh 1énh ma ngudi hoc can giai quyét. Nhu vay:
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Ciu héi la mét dang cdu triic ngon ngir dién dat mét yéu cau ma ngwoi
hoc cdn gidi quyét, trong dé bao ham cd cdi da biét va cdi chwa biét.

Theo nhi€ém vu day hoc: Cé cau héi tai hién, cau hoi goi md, cau hoi cing )
kién thirc, cau hoi hé théng hoa kién thirc cho 6n tap.

Theo mirc khai quét clia cac van dé: C6 cau hoi khai quat, cau héi theo chu
dé bai hoc, cau hoi theo ndi dung bai hoc.

Theo mirc d¢ tham gia cua hoat dong nhan thuc cua nguoi hoc: Co cau hoi
tai tao va cau hoi sang tao.

Mbi loai cau hoi déu c6 ¥ nghia, vi tri nhat dinh trong qua trinh day hoc.
Vi¢c xay dung lua cau héi va st dung cau héi phai phu hop véi nhiém vu day hoc
va kha nang nhan thirc cua nguoi hoc.

1.2.2. Khai ni¢m bai tap

Theo Nguyén Gia Cdc: “Bai tap 12 mot tinh hudng kich thich doi hoi mot 1oi
giai dap khong c6 san & nguoi giai tai thoi diém bai tap duoc dua ra”.

Dinh nghia nay bao ham ba y chinh:

+ Chi c6 bai tap d6i voi ngudi nao d6 hay néi chinh xac hon 1a d6i voi trang
thai phat trién ndo d6 ctia ngudi giai.

+ Loi giai dap phai twong thich voi tinh hudng ctia bai tap.

+ Loi giai dap gin lién vé6i tinh hudng nhu mot dic trung cua tinh huéng ma
nguoi giai da quen thudc.

Viéc gidi bai tdp cé nhiéu y nghia:

+ La hinh thirc tt nhat dé cing cb, dao sau, hé thong hoa kién thirc va rén
luyén ki ning, ki xao. P6 con 1a phuong tién c6 hiéu qua dé day hoc sinh biét suy
nghi sang tao va thlc déy hoc sinh tich cuc thu nhan kién thirc méi.

+ La hinh thic van dung nhiing kién thire dd hoc vao cac van dé cu thé, vao
thuc té.

+ La hinh thuc t6t nhat dé gido vién kiém tra hoc sinh va hoc sinh tu kiém tra
minh vé ning lyc, vé mirc do tiép thu va van dung kién thic da hoc.

Theo Nguyén Ngoc Quang: “Bai toan 13 mot hé thong tin xac dinh, bao gdm
nhitng diéu kién va nhitng yéu cau ma thoat dau chu thé nhan thiic thiy khong phu hop
(mau thudn) v6i nhau, dan t6i nhu cau phai khic phuc bang cach bién doi ching.

Nhu vay c6 thé hiéu riang: Bai tdp la mét tinh hudng cé vin dé hodc mét hé

thong tin xdc dinh doi héi chii thé nhan thirc phdi gidi quyét bang cdch bién doi
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chung. Gitra cau hoi va bai tap that ra khong c¢6 su phan biét ranh mach. Theo dinh
nghia néu trén thi ciu hoi ciing 1a bai tap. Nhiéu ngudi cho rang ciu hoi dugc hiéu
va dugc dung khi mudn hoi vé nhiing kién thirc thudc cac don vi 1y thuyét. Con khai
niém bai tdp duoc hiéu va duoc dung trong viéc van dung kién thuc 1y thuyét dé
lam bai tap thuc hanh. Trén thuc t& mdi ciu hoi cling c6 thé coi 1a mot bai tap va
nguoc lai.

Vi du: Két qua ciia 2(sin®x + cos’x) - 3(sin’x + cos*x) = -1 ¢6 dung khong?

O vi dy trén: Vira 1a cau hoi vi ¢6 tir dé héi; vira 1a bai tap vi cau trd 16 1a ding.
Vay dé tra 10i cau hoi nay, hoc sinh phai van dung kién thirc dé chimg minh khang dinh
la diing.

1.2.3. Cau héi va bai tap phin hoa

Cau hoi va bai tp phan héa duoc hiéu 13 nhitng cau hoi va bai tap co y do dé
nhiing hoc sinh khac nhau c6 thé tién hanh nhitng hoat dong khac nhau phu hop voi
trinh d6 phat trién khac nhau cia ho.

Qua viéc trd 101 cac cau hoi va bai tap phan hoa, hoc sinh boc 10 10 nang luc, trinh
do, so truong, diém manh, diém yéu vé kién thire, ki ning cua ho. C6 thé phan hoa bing
cach str dung nhiing cau hoi va bai tp phan bac vi muc do kho, dé khac nhau hoic
phan hoa vé sd lugng. Pé kién tao mot kién thuc, rén luyén mdt ki nang nao do, mét )
hoc sinh nay co thé can nhiéu cau hoi va bai tap cung loai hon mot sd hoc sinh khéc. Do
vdy, can ra du liéu luong cau hoi va bai tap cho timg loai dbi twgng. Nhimg hoc sinh con
thira thoi gian, dac biét 1a hoc sinh kha gidi s€ nhan thém nhitng cau héi va bai tap thém
dé dao sau va nang cao.

1.2.4. Nhitng chirc ndng cua cdu hoi va bai tdp phdn hoa trong day hoc

Mbi cau héi va bai tip cu thé duoc dit ra & thoi diém nao do cla qua trinh day
hoc, déu chita dyng mot cach twong minh hay tiém an nhiig chiic ning khac nhau.
Nhiing chirc nang nay déu hudng dén viéc thuc hién cac muc dich day hoc.

Trong day hoc mdn Todn, cau hdi va bai tap mang cac chirc ndng sau:
1.2.4.1. Chitc ning day hoc: Cau hoi va bai tip nham hinh thanh, cung ¢ cho hoc
sinh nhitng tri thirc, ki ndng, ki xdo ¢ cac giai doan khéac nhau ctia qué trinh day hoc.
Vi vai tro 1a gid mang hoat dong ctia hoc sinh.
1.2.4.2. Chitc nang gido duc: Cau hoi va bai tap c6 thé giup ca thé hoa cach hoc
mot cach ti wu, tao diéu kién cho hoc sinh ty hoc va rén luyén phuong phap hoc,

phuong phap nghién ctru khoa hoc bé mén. Do d6 cau hoi va bai tdp nham hinh
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thanh cho hoc sinh thé giéi quan duy vat bién chimg, hing thi hoc tap, pham chét
dao duc cua nguoi lao dong mdi, y thue van dung kién thirc toan hoc vao doi séng.
1.2.4.3. Chitc ndng phdt trién: Cau hoi va bai tp nham phat trién nang lyc tu duy cta
hoc sinh, gop phan rén luyén céc thao téc tri tué, hinh thanh nhimg pham cht cua tu
duy khoa hoc.

1.2.4.4. Chitc nang kiém tra: Cau hoi va bai tip nhdm danh gia ning luc cta hoc
sinh, muc do tiép thu va van dung kién thtrc da hoc, danh gia kha nang doc 1ap hoc
toan va trinh do phat trién cua hoc sinh.

Trong qué trinh day hoc Toan, cdc chirc nang trén khong bdc 10 mot cach
riéng 1& va cling khong tach roi nhau. Viéc nhan manh chirc ning nay hay chuc
nang khac phu thudc vao viéc khai thac cau hoi va bai tap, vao nang luc su pham va
nghé thuét day hoc cta gido vién nhdm phuc vu c6 hiéu qua theo yéu cau cua tiét
day cho tung ddi tuong hoc sinh cuy thé. Chrfmg han d6i vé6i ddi tuong hoc sinh dai
tra: Can nhan manh chuc nang day hoc va chuc nang kiém tra; nhung ddi voi dbi
tuong hoc sinh khd gioi: Can khai thic cdu hoi va bai tdp dé nhin manh chirc ning
phat trién.

1.3. Thue trang cta day hoc phan héa mon Toan é trueong THPT

Theo két qua nghién ctru cuia PGS.TS Tén Than thuc trang thyc hién chuong

trinh gido duc phd thong theo dinh hudng phan hoa thé hién & mot sé diém sau:

¢ Su phén hoa thé hién trong cac tai li¢u day hoc, mirc do phan hoa thé hién rd
nhét & cac sach bai tap va sach gido khoa THPT. Hoat dong day hoc nhim dat yéu
cau phan hoa dang duoc thyuc hién khac nhau & cc truong.

< Pé dap tng yéu cau day hoc phan héa, nha trudng thuong quan tdm dén viéc
“Thiét ké bai day c6 chi y dén phan kién thirc chung va phan danh riéng cho hoc sinh
gioi va hoc sinh yéu”, tiép sau d6 1a “Thiét ké cau hoi va bai tap, phan luyén tap, thuc
hanh véi mirc do khac nhau véi nhiéu trinh d6”.

Qua diéu tra bang phiéu diéu tra va trao doi v4i gido vién chung toi thdy rang
viéc day hoc mon Toan ¢ truong THPT c6 mot s6 van dé sau:

+ Giao vién chu yéu dung phuong phap thuyét trinh, chi giang giai, 1am
mau,... Gido vién tap trung vao truyén thu kién thuc sn c6 cua tai liéu SGK va bi
phu thudc vao tai liéu do[5].

+ Hoc sinh cha yéu 1a nghe giang, cau héi va bai tap dudi su chi din cua gido

vién. Do d6 hoc sinh con thu dong, chua chu dong kham pha kiém thc.
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+ Hién tugng day hoc déng loat, binh quan kha phé bién. Rat nhiéu gido vién
yéu cau hoc sinh cung thyc hién nhitng hoat dong nhu nhau, cung lam nhitng cau hoi
va bai tap nhu nhau. Tur d6 da tao ra sy nham chan trong hoc tap cua hoc sinh, rat it
gido vién co thé tao ra nhitng méi trudng hoc tap khac nhau phu hop cho ting d6i
tuong hoc sinh.

+ Phan 1én gido vién khi soan gido 4n mdi chi chii y dén phan kién thuc
chung ma chua cé phan danh riéng cho hoc sinh yéu kém va hoc sinh giéi. Chua dy
kién dugc cac tinh hudng phat sinh va cac thong tin phan hdi tir phia hoc sinh.

+ Phan 16n gido vién chua soan dugc hé théng cau hoi va bai tap phan hoa.
H¢é théng cau hoi va bai tap nhu chua that can than (ti mi) hoac néu co thi sb luong
cau héi va bai tap dé phu hop hoc sinh hoat dong trén 16p va & nha con ngheo nan.

+ Viéc kiém tra, danh gia hoc sinh chwa dap tmg duoc yéu ciu phan hoa, chua
that su sat véi timg d6i tuong hoc sinh. Vi vdy thong tin phan hdi ma gido vién can biét
dugc kha nang, mic d§ nhan thic cta hoc sinh qua kiém tra, danh gid chua thuc su
chinh xac.

Qua tim hiéu cho thiy, nguyén nhan cta thyuc trang trén 1a:

+ Tai liéu hudng dan vé day hoc phan héa con thiéu.

+ Chua dugce sy chi dao cu thé cua nganh vé day hoc theo dinh huéng phan hoa.

+ Phan phdi chuong trinh con ap dit, cing nhic.

+Sinh vién su pham chua dugc hoc mot cach bai ban vé day hoc phan hoa.

+ Si sb hoc sinh & mdi 16p con qua dong, gay kho khin cho qua trinh t6 chic
day hoc phan hoa.

1.4. Cac bién phap day hoc phan hoa
1.4.1. Phin logi doi twong hoc sinh

Sw hiéu biét cia gidao vién vée teng hoc sinh la mot diéu kién can thiét dam
bao hiéu qua cua qua trinh day hoc phan hoa.

Pé tién hanh t6 chic cac hoat dong day hoc phan hoda, gido vién can co
nhitng bién phap thich hop dé hiéu 1& vé hoc sinh ctia minh, dic biét 12 vé ning luc
hoc tap, nhu cau va hing tha hoc tap cua tirng hoc sinh. Diéu nay dé dang hon doi
v6i gido vién da va dang day & 16p, con ddi véi gido vién méi nhan 16p can thuc
hién cac bién phap dé thu thap thong tin vé hoc sinh nhu diéu tra va trao doi truc
tiép voi gido vién da day hay gido vién cha nhiém,.. Ngoai ra c6 thé sir dung mot sd

bién phap sau dé phan loai ddi tugng hoc sinh:
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+ Dua vao két qua hoc tap cua hoc sinh & nam hoc trudce, ki trude.

+ Dya vao két qua bai kiém tra chit luong do chinh gido vién tién hanh.

+ Quan sat tirng ca nhan trong qua trinh hoc tap.

+ Trao d6i véi gido vién chu nhi€ém, giao vién cac bd mon khac, phu huynh
hoc sinh, ...

Duya trén cac thong tin thu thap dugc vé ting hoc sinh, gido vién cé thé phan
loai hoc sinh thanh céc 16p d6i tuong:

- Hoc sinh kha gioi: C6 kha nang nhan thic nhanh, co kién thirc, ki nang, tu
duy vuot trdi so voi cac hoc sinh khac; c6 kha nang hoan thanh nhi€ém vu mén hoc
mot cach dé dang va kha ning tu hoc cao.

- Hoc sinh trung binh: C6 kha niang nhan thirc dugc kién thirc, ki ning co ban
cua mon hoc, hoan thanh nhi€ém vu mon hoc; nhung chua phat huy dugc kha nang
sang tao, ning liuc cua ban than véi nhimg yéu cau cao vé kién thirc, ki ning; c6 kha
nang tu hoc.

- hoc sinh yéu kém: C6 kha ning nhén thirc, kha ning tu duy chim; c6 nhiéu
“16 hoéng” vé kién thirc va ki ning co ban ciia mdén hoc; kho khin dé hoan thanh
dugc nhiém vu mon hoc; nang lyc ty hoc con nhiéu han ché.

Trong qué trinh day hoc, trén co s hiéu biét vé timg hoc sinh gido vién ¢6
thé chia 16p hoc thanh cac nhom dé thyc hién cac bién phap day hoc phan héa trong
gi0 hoc. Tuy thudc vao muc dich day hoc cua tung tiét hoc cu thé gido vién cb thé
chia hoc sinh thanh cac nhom theo 2 cach:

> Chia nhdm theo ning luc nhan thirc, ning lyc tu duy: Trong mdi nhoém co
hoc sinh cing niang luc nhan thitc va nang luc tu duy twong d6i giéng nhau. Theo
cach nay hoc sinh dugc chia thanh 3 nhom doi tuong nhan thirc: Nhom kha gidi,
nhém trung binh va nhom yéu kém.

> Chia nhém hdn hop: Trong mdi nhém cé cac ddi tugng hoc sinh kha gioi,
trung binh va yéu kém.
1.4.2. Soan cdu hdoi va bai tdp phdin hoa

Cdu héi va bai tdp phdn héa dwoc hiéu la nhitng cdu héi va bai tdp c6 y do
dé nhitng hoc sinh khdc nhau cé thé tién hanh nhitng hoat dong khdc nhau phii hop
voi trinh do khac nhau cua hoc sinh[9]. Hé théng duwge hiéu la mot tdp hop nhitng
phan tir cing véi nhitng quan hé giita nhitng phan tir cia tdp hop do.

Hi¢u qua dat dugc ciia moi hoc sinh sau moi ti€t hoc con phu thude rat nhiéu
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VA0 gi4o Vién. Viéc soan va st dung dugc mot hé théng cdu hoi va bai tip phan
hoa cua gido vién tot s& dem lai: Dat hiéu qua cho tung tiét hoc va tao dugc mot
thach thirc vé mat tri tué cta hoc sinh, cling co thé gitp cho hoc sinh dat duoc
muc d§ nhan thirc cao hon trong su phat trién ctia cidc em hoc sinh. Pé soan dugc
cau hoi va bai tap phan héa dugc tot nham phat trién nang lyc nhan thuc cua hoc
sinh va phu hop v61 mic do nhan thirc cua tung doi tuong hoc sinh, can cha y
nhimg dic diém sau:

+ Xdy dung mét hé thong cau héi va bai tdp phdn héa cang nhiéu cang tot,
cang phdan héa thanh nhiéu mirc d¢ cang tot. Sau dé lwa chon cdu héi va bai tip
phit hop d@é dwa vao gido dn phiv hop véi timg doi twong hoc sinh .

+ Tdng s6 lwong cdu héi va bai tdp yéu cau sw né luc cia tw duy, giam cau
héi va bai tdp chi yéu cau tdi hién thuan tuy.

Vi duy: Sau khi dinh nghia don vi do bang radian trong bai “Géc va cung

lwong giac”. Gido vién phat phiéu tra 15i(c6 sy phan bac):

Cho duong tron tdm O, ban kinh R

a) Do dai cia dudng tron 1a bao nhiéu? gip my lan ban kinh?

b) Pudng tron ¢ s6 do(rad) 1a bao nhiéu?

¢) Cung c6 d6 dai bang | thi c6 sb do(rad) 13 bao nhiéu?

d) Cung c6 sb do 1rad thi c6 sb do do 1a bao nhiéu? Va cung c6 sb do 1° thi

c¢6 sb do bao nhiéu rad? (st dung may tinh bo tai)

Tht tr a), b), ¢),d) danh cho hoc sinh yéu kém va trung binh, con c) va d)
danh hoc sinh kha gioi.

Sau khi hoc sinh thuc hién xong (c6 han ché thoi gian), gido vién cho hoc
sinh tra 101, c6 thu lai phiéu hoc tap theo phan bac (c6 nhan xét cua gido vién) sau
d6 gido vién chuan hoa kién thuc.

a) Do dai ciia duong tron 1a 27R. Gap 27 1an ban kinh.

b) Puong tron ¢6 s6 do 1327 .

¢) Cung c6 d6 dai bang | thi c6 sé do (gocar) la & =I§ Vi
Do dai ctia dudng tron 13 27R Gng véi sd do 1a 27
Cung c6 do dai bang | thi c6 sé do (goc a) 12 ?

Turdotacodtile 1 _a suy ra a:l(rad)
27R 2« R
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¢) Ta c6 mdi lién hé giira s6 do o rad va a° cua d6 dai cung tronl

za a a

R=—R(=Il). Tudo|—=—

aR=1go R (=1 T =g
Nhu vay: Cung tron c¢6 s do 1rad thi c6 sé do do 1a

0
trad - 10 p—
T

Cung c6 s6 do 1° thi ¢6 s do rad 1 1° = & I -

+ Sdp xép cdu héi va bai tdp phan héa thanh mét hé thong theo muc dich

rén cho hoc sinh tinh kién tri khi chiém linh tri thtc.

= sin

= sin

Vi dug: Tir sinx +cos?x =1 = (sin®x +cos®x)® =13
®x + cos®x +3sin*x cos?x +3sin?x cos*x =1
®x +cos®x +3sin®x cos®x =1 (dy 1a yéu cau chimg minh).

Vi dy,: khi day hoc bai “Cac dinh nghia” trong Hinh hoc 16p 10 (Nang cao),

giao vién c6 thé xay dung hé thong cau héi nhu sau:

nhau, trach lap di ldp lai: Boi vi néu cac cau hoi va bai tap dugc nhic lai nhiéu lan
khién 1am cho hoc sinh nham chéan, khong himg thu hoc tap. Do vay nén dua cac
cau hoi va bai tap duoc néu dudi nhitng hinh thic khac nhau, cho cung mot noi

dung dé hoc sinh nim duogc ban chat, van dung linh hoat kién thirc vao cac tinh

huéng

S6 héa boi Trung tam Hoc lieu — Pai hoc Thai Nguyén

Cho hinh lyc gidc déu ABCDEF, tam O

1. Hay chi ra nhiing véc to lan luot

a) Cung phuong voi véc to ﬁ; EE; e
b) Cung hudng véi véc to ﬁ; R‘; o
¢) Bang véi véc to ﬂ; w; e,

2. Tinh chu vi va dién tich AAOB.

+ Cac cdau hoi va bai tdp phan hoa dwoc néu dwoi nhitng hinh thirc khdc

khac nhau. Lic d6 s€ tao cho hoc sinh cé hing thi hoc tap hon.
Vi duy: Tim tong sb tap con cia tap A gom n phan tir (n <.
Gido vién c6 thé giao bai toan (dudi hinh thic khac) sau:
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Chimg minh rang: G +Cf, +C3 +...+CH_1+CH =2" (véi ncva C* 1a
td hop chap kcian, k=12,...,n).

Vi du,: (Sau khi hoc xong ndi dung dinh 1i ba duong vuong goc)

Gido vién ra bdi tdp (cing co):

Trong mit phang (P) ldy hai diém phén biét A, B va diém S ¢ (P), sao cho
SA L (P). Chtng minh rang:

a) Biét SC L BCthi BC L AC.
b) Biét BC L ACthi SC LBC.

Gido vién co thé giao bai tdp dwéi hinh thirc khdc nhw sau:

Cho hinh chép S.ABC biét SA_L (ABC)

a) Tim tap hop diém C ludn nhin SB dudi goc vudng.

b) Tim tap hop diém C ludn nhin AC duéi goc vudng

+ Cdu héi va bai tdp phdi phin c6 tic dung t6i cac doi twong hoc sinh: dbi
v6i loai cau hoi va bai tap danh cho hoc sinh yéu kém thi nhitng hoc sinh kha gidi
cling phai dé ¥ t6i. Con nhimg loai cdu héi va bai tip danh cho hoc sinh khéa gioi,
dudi sy huéng dan (goi ¥, dan dit) cua gido vién khi d6 nhimg hoc sinh thudc dién
yéu kém va trung binh thi ciing c6 thé tiép can duoc.

Vidu 1:

a) Khao sat va v& db thi ham sé y= f (X) =x*—2x%+2

b) Tim m dé phuong trinh Xx* —2x%>+m =0, c6 dung hai nghiém x (—%;1)

Vi phan a) cac ddi twong déu co thé lam dugc, con phan b) gido vién goi v
dbi v&i hoc sinh trung binh - yéu kém thi ciing c¢6 thé lam dugc, d6 1a bién doi
phuong trinh da cho thanh phuong trinh twong dwong X* —2x%>+2=2-m. T do
xét @6 thi ham s6 & phan a) véi x e (—%;1) va duong thang y=2-m (duong thang

nay cung phuong véi truc 0x). Luc d6 cho két qua can tim (cha ¥ s6 nghiém phuong
trinh chinh 13 s6 giao diém cua hai do thi).

Trong day hoc phdn hoa phdai dam bao dwoc phan loai cau hoi va bai tap
theo murc do tw duy va nhdn thirc cua hoc sinh. o day co thé phdn chia logi cau hoi

va bai tdp thanh:
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- Loai cau hoi va bai tdp yéu cau thap: yéu cau tai hién kién thirc, phat biéu
va viét lai duoc. Déng thot &p dung dugc truc tiép kién thurc.

Vidu 1:

a) Tir15° = 45°-30°. Tinh gi4 tri luong giac cia goc 15° .

b) Hai véc to duoc goi la cung phuong véi nhau khi nao?

- Loai cau hoi va bai tp yéu cau cao: yéu cau phan tich, tong hop, so sanh,
khai quat hoa, sang tao.

Vi duyy:

a) Tinh gia tri luong gidc cua goc %

b) Hai véc to déu cung phuong véi véc to thir ba thi chung co cing phuong
v6i nhau hay khong?

+ Trong qud trinh day hoc gido vién can phdi c¢é nhitng dy kién nhitng diéu
hoc sinh ¢6 thé mdc sai lam va ¢é nhitng dy kién sira chita kip thoi khi hoc sinh tra
loi cdc cdu héi hode lam cdce bai tdp. Day c6 thé 1a mot trong nhitng kién thirc ma
nguodi gido vién cAn nhan manh, tao diéu kién khic sau kién thirc cho hoc sinh.

Vi du;: Giai phuong trinh 10gsjnsy (COSX - C0s2X) = 1 (*)

* Sai 1am thuong gip:
Sai lam thir nhdt: Phuong trinh <> 10ggp, 3, (COS X — €08 2X) = 107 35 SIN 3%

. 3X
3x X 3x 3x sm?:O
&> COSX - C0S2X = SIiN3X < 2sin=— sin= = 2Sin— c0S— <
2 2 2 2 . X 3x
sin— =cos—
2 2
[ 3x [ 2k
—=knx X=—
. 3x 2 3
sin—-=0 3X T X T :
= 2 2o Yikor ©|x=—L12kzr (kel) .  Két
3X T X 2 2 2 2
C0S— =C0S(———) 3 «
2 2.2 X XNikor | x=Zikn
| 2 2 2 4
_ %z
3

luan: nghi€ém cua phuong trinh (*) 1a | x= —%+ 2kz (kD).
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Sai lam thir hai: Phuong trinh(*) > 10ggj, 3¢ (COS X — €0$ 2X) = l0ggjp, 34 SN 3X

. . 3X . X . 3X 3X
{cosx-cost-sme 2sin— sin— = 2sin— c0S—
&9 & 2 2
sin3x >0 sin3x >0
sin3—X:0 sin%=0 %=kﬂ'
2 2 2
& & &
cosB—X:sinl cos§=cos(£—5) %zi(z—f)Jer;z
2 2 2 2 2 2 2 2
sin3x >0 sin3x >0 sin3x >0
[ 2k
X=——
3
T
V4 X=——+2kr
X=——+2kz
& 2 & 2 (kelD.
x=2 tkr X:Z+k7[
L 4
sin3x >0
X=——+2kz
K&t luén: nghiém ctua phuong trinh la 2 (ke
T
X=—+kz

Sai lam thir ba:

Do 1a ngoai diéu kién sin3x >0, con c6 thém diéu kién sin3x =1
Do d6 x= —%+ 2kz v6i k e[| 12 bi loai (Vi sin(—%+2k7z) =1).

* Nguyén nhan sai lim:

Piéu sai 1am ¢ trudng hop thir nhat thuong dién ra ¢ hoc sinh yéu kém, da ap
dung sai l1a khi x = ZkT” voi k e thi sin3x =0 hay 10gsinzx (COSX - C052X) v nghia.
Diéu sai ¢ trudng hop thir hai thuong dién ra & hoc sinh trung binh, mét s6
hoc sinh kha gioi con bi sai sot khi giai hé cudi d6 1a x :%+ kz voi k e}
Vi sin3x >0 chi ding khi k =2m véi me]}
* Loi giai dung: Phuong trinh (¥) & 10,3, (COS X — €0S 2X) = 10Qs;, 35 SIN3X
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. . 33X . X . 3X 3X sin—>-=0

COSX - C0S2X = Sin3x 2sin— sin— =2sin— cos—

@ in3x > 0,sin3 1<::> 2 2 2 @ cos?’—x—sin5
SinoX > U,SINox # sin3x > 0,sin3x #1 )

sin3x>0,sin3x =1
_2k7z

sin§=0 %=k72' i

o : o 32 P X=——+2kr
cos—xzcos(f—z) _X:i(Z_E)Jer,Z .
. 2 . 2 2 .2 2_2 w=" kr
sin3x>0,sin3x =1 sin3x>0,sin3x =1 4

sin3x >0,sin3x =1

¢>x=%+2m7z (mel)

K&t lugn: phuong trinh di cho c¢6 nghiém x = % +2mz voi mel}

Qua vi du nay, gido vién phat hién va stra chita nhiing sai 1am cho hoc sinh.
Ddng thoi gido vién cing c¢d cho hoc sinh dinh nghia va tinh chit ham sb 16garit;
bién d6i va giai phuong trinh luong giac, gdp ho nghiém phuong trinh lugng giac,
xéac dinh diém cudi cua goc (cung) luong giac, ...

Vi duy: Khing dinh sau c6 dang khong ?

Hai véc to luon cung phuong voi mét vée to thir ba thi chung cung phuong
véi nhau.

Mot sd hoc sinh tra 1oi 1a dang. Hoc sinh sai 1Am chi xét véc to thtr ba khac
véc to-khong, ma khong xét véc to thir ba 1a véc to-khong va hai véc to kia khac véc
to-khong. Qua d6 gido vién cung cd cho hoc sinh dinh nghia hai véc to cung
phuong, véc to-khong.

1.4.3. Soan gido an phan hoa

Gido 4n (con goi 1a bai soan hay ké hoach bai hoc) 1a ké hoach ciia ngudi
gido vién dé day ting tiét hoc. Gido an khong don thuan 1a mot ban sao chép lai tri
thirc trong sach gido khoa ma gido an thé hién mot cach sinh dong méi lién hé hitu
co gitta muc tiéu, ndi dung, phwong phdp Va diéu kién day hoc. Pé xay dung mot
gido an, ngudi gido vién can phai linh hoi muyc tiéu va ndi dung day hoc quy dinh
trong chuong trinh va cu thé hoa trong sach gido khoa, nghién ctru phuong phap day
hoc dua vao sach gido khoa va sach gido vién, van dung vao diéu kién hoan canh cu
thé ctia 16p hoc[9].
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DPé soan mot gido an theo quan diém phan hoéa, du kién dugc cac hoat dong
day hoc dya vao nhiing khac bi¢t ciia hoc sinh vé nang luc, nhu cAu va himg thu
nhan thitc. Khi dé ta can chii y dén cdac van dé sau:
1.4.3.1. Xac dinh muc tiéu bai hoc

Khi thiét ké gido an, diéu quan trong trude tién 13 phai xac dinh ding myc tiéu
bai hoc. Khi xac dinh muyc ti€u hoc tap (cho nguoi hoc), gido vién phai hinh dung dugc
sau khi hoc xong bai do, hoc sinh phai c6 dugc nhiing kién thirc gi?, ki nang ra sao?,
thai d6 nhu thé nao?, mic d6 nhu dén dau?. Trong phuong phap tich cuc, ngudi ta
khong chi quan tim dén van dé thong hiéu, ghi nh, tai hién cac kién thic theo sach
gido khoa, lip lai dung va thanh thao cac ki ning di dugc tap duot trong tiét hoc ma
con dic biét chi y nang luc nhéan thic, rén luyén cac ki ning va pham chat tu duy cua
hoc sinh phtt hop voi ndi dung bai hoc (phan tich, tong hop, xac 1ap quan hé giira cac
su ki¢n, néu gia thuyét, ...), chu y cac ki nang hoc tap, phat trién nang luc tu hoc. Gido
vién ludn phai c6 ¥ thirc néu rd yéu cau, mirc d6 hop li giita kién thirc va ki ning, gitra
phuong phap suy nghi véi hanh dong va tu hoc.

Khi xdc dinh muc tiéu bai hoc can chit y:

+Xac dinh 16 mirc d§ hoan thanh cong vi¢c cia hoc sinh.

+ Muc tiéu dugce dién dat sao cho c6 thé luong hoa dugc mirc d§ hoc sinh
phai dat dugc.

+ MObi muc tiéu néu ra phai thuan tién cho viéc danh gia két qua bai hoc.

Trong day hoc phan héa, muc tiéu co thé duoc dién dat & nhiéu mirc d6 khac
nhau dé phu hop véi cac dbi tuong hoc sinh khac nhau. Khi x4ac dinh muc ti€u hoc
tap, giao vién lay trinh do hoc sinh chung cia ca 16p 1am cin ctr nhung phai hinh
dung thém yéu cau phan hoa ddi véi nhitng nhém hoc sinh ¢6 trinh d6 kién thirc va
tu duy khac nhau dé mdi hoc sinh duoc lam viée v6i sy nd luc tri tué vira sitc minh.
Do vay can xac dinh dugc nhitng yéu cau co ban va nang cao vé kién thirc va ki
nang ma hoc sinh ¢ céac dbi tuong khac nhau can phai dat duoc sau mdi gio hoc.

+ Yéu cau kién thirc, ki ning co ban: Do 1a chuan vé kién thtrc, ki ning ma
moi hoc sinh phai dat duoc.

+ Yéu cau kién thirc, ki niang nang cao: D6 1a nhiing yéu ciu ning cao trén
co s& da dat chuén (tranh dat myc tiéu qua cao gay nén sy qua tai vé ndi dung).

Vi du: X4c dinh muc tiéu bai hoc “Céac ham s lugng giac” (Pai s6 va Giai

tich 11 nang cao) nhu sau:

S6 héa béi Trung tam Hoc lieu — Pai hoc Thai Nguyén http://www.Lrc-tnu.edu.vn



www.VNMATH.com

25

Vé kién thirc:
B Yéu cau co ban:
+ Hiéu duwoc dinh nghia cic ham sd lugng gidc co ban y=sinx,
y=Cosx,y=tanx , y=cotx v6i x « [llva x 1a s6 do rad (x khong phai 13 d0).
+ Hiéu duoc tap xac dinh(TXD), tap gia tri(TGT) ciia cac ham sb luong giac
co ban y=sinx, y=co0sx, y=tanx , y=Cotx.
+ Hiéu duoc tinh chin, 1é cia cac ham sd luong gidc co ban y =sinx, y=cosx,
y=tanx , y=cotx.
+ Hiéu khoang dong bién, nghich bién cta cac ham s luong giic co ban
y =sinx, y=C0sX, y=tanx , y=Cotx.
+ Hiéu duoc tinh tudn hoan va chu ky cta cac ham sb lugng gic co
ban y=sinx, y=C0sX, y =tanx, y=Cotx.
+. Biét dya vao céc truc sin, truc cosin, truc tang, truc cotang g'fm v6i duong
tron luong giac dé hiéu duoc khao sat sy bién thién va hinh dang dd thi ctia cac ham
s6 luong gidc co ban y=sinx, y=cosx, y=tanx , y=cotx tuong ung.
+ Hiéu duoc cac ham sd luong gidc co ban y=sinx, y=cosx, y=tanx ,
y=cotx 13 cac ham sb tudn hoan véi cac chu ki khac nhau.
B Yéu ciu nang cao:

+ Hiéu duoc ban chat cua dinh nghia d6 1a méi quan hé giita sé thuc x véi
s6 do cung luong giac AM (diém cudi 1a diém M) theo rad va mdi s6 do cung luong
giac AM (mdi diém cudi M trén duong tron luong giac) véi cac gid tri luong giac
ctia goc luong giac x (duge do bang rad).

+ Hiéu duoc tap xac dinh, tap gia tri, tinh chin 1¢, khoang dong bién, nghich
bién, tinh tudn hoan va chu ki ctia cac ham so luong giac kha don gia.

Vé Ki niing:

B Yéu ciu co ban

+ Biét xét tinh chén 1¢ ciia cac ham s6 lugng gidc co ban y=sinx, y=Ccosx,
y=tanx, y=Ccotx.

+ Biét tim khoang dong bién, nghich bién cta cac ham sd lugng gidc co ban
y=sinx, y=Cc0sx, y=tanx, y=cotx .

+ Biét cach lap bang bién thién va hinh dang do thi cua cac ham sb luong
giac co ban y=sinx, y=C0sX, y=tanx, y=cotx.

E Yéu cau nang cao:
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+ Biét cach tim tap gid tri, tAp xac dinh, tinh chin 18, tuan hoan véi chu ki, su
bién thién va v& db thi cta cac ham sb luong giac khac don gian.

+ Moi lién hé giita do thi ham s6 luong gidc qua phép bién hinh (Phép tinh
tién, doi xung truc, ... ).

+ Biét dugc mot sb bai toan lién quan t6i1 thuce tién, thuc té nhu “Bai doc
thém”, “Em c6 biét”, ...

Vé tw duy:

+ Phat trién tu duy 16gic, tu duy ham, tu duy sang tao.

+ Kha ning khai quat, twong tu, quy la vé quen, tri tudng tugng.

Vé thai d¢:

+ C6 tinh than hop tac, tich cuc tham gia vao cac hoat dong hoc tap, nghiém
tic va can cu chyu khé trong hoc tap.
1.4.3.2. Sur dung cdau hoi va bai tdp phdan hoa

Gi4o vién can chuin bj mot hé théng cau hoi va bai tap phan héa dugc chon
loc cong phu dé thuc hién muc tiéu dé ra khi thiét ké giao an.

Quy trinh str dung cau hoi va bai tdp phan hoa s& duoc trinh bay cu thé &
chuong II.

Dué6i day ta chi quan tim t&i mot sé diéu can chu y dbi v6i gido vién khi du
kién viéc st dung ciu hoi va bai tip phan hoa nhu sau:

+ Céc cau hoi thudng duge dit cho ca 16p nhung gido vién can phai c6 chu dinh
cho mot nhom hoc sinh hodc ca nhan hoc sinh cu thé. Viéc nay giap giao vién dat
nhiing cau hoi ding cho nhém hoc sinh hodc ca nhan hoc sinh ma minh chu dinh.

Nhiing hoc sinh yéu kém can dugc khuyén khich va can dit nhitng cau hoi
ma cac em co thé tra 161 duge. Co thé khong tra 161 dugc moi cau hoi, nhung it nhat
cac em ciing khong gip kho khan 1am véi nhimg cau hoi duoc chuan bi riéng cho
cac em. Poi voi nhitng hoc sinh théng minh hon, cu héi can phai & muc do kho
hon va chtra dung nhiéu thach thtc hon. Vi vay cau hoi cung véi du kién vé hoc
sinh tra 11 can dugc ghi vao trong gido an.

Vi du: Pé cing c6 dinh nghia ham s lugng giac y=sinx va y=cosx (Pai sb 11
nang cao),

Gido vién co thé str dung cau hoi va bai tdp phan hoa nhu sau:

Tim tap xac dinh, tap gia tri cac ham s6 lugng giac?

a) y = sin(2x)
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b) y= 3sinx -2
¢) y= ~/3-sinx
d) y=2005(x+%)+2

O day: a), b) danh cho hoc sinh yéu kém.
b), ¢) danh cho hoc sinh trung binh.
c), d) danh cho hoc sinh kha gidi.

+ Hé théng bai tap, dac bi¢t la bai tap giao vé nha phai dugc bién soan va can
nhic can than (bai tap vé nha 13 mot phan cua bai hoc gitp hoc sinh tu hoc dé hiéu ki
hon nhitng kién thirc da duoc hoc trén 16p). Bai tap c6 thé giao cho timg ca nhan hoc
sinh hodc ting nhom hoc sinh, tuy theo loai bai va thoi gian c6 thé dé cho hoc sinh
hoan thanh bai tap. Céac bai tap vé nha ciing phai co tinh phan hoa, dugc can nhic ki
vé mirc d6 va lidu lugng, phu hop véi céac dbi tuong hoc sinh trong 16p. Kha nang
phan hoa bai tip vé nha thé hién & nhimg diém sau:

- Phan hoa vé s luong bai tap cung loai phi hop véi timg loai dbi trong hoc
sinh dé cung dat mot yéu cau.

- Phan héa vé noi dung bai tip dé tranh doi hoi qua cao ddi véi hoc sinh yéu
kém va qua thip ddi v6i hoc sinh kha gioi. Déi v6i ddi twong hoc sinh trung binh, gido
vién c6 thé ra nhitng bai tip trong séch gido khoa hay sach bai tip, tuy nhién c6 thé
luoc bét mot sb bai tap kho.

- Phan hoéa yéu cau vé tinh doc 1ap: Bai tap cho dién hoc sinh yéu kém chtra
nhiéu yéu t6 dan dat hon 13 bai tap cho dién hoc sinh kha gioi.

- Ra riéng nhiing bai tdp nham dam béo trinh d6 xuét phat cho hoc sinh yéu
kém dé chuan bi cho bai hoc sau.

- Ra riéng nhitng bai tdp nang cao cho hoc sinh kha gioi.

Vi du: Sau khi hoc bai “Cac ham sb lugng giac” (Pai s6 va Giai tich 11 nang
cao), gido vién c6 thé phan hoa bai trong (sach gido khoa) nhu sau:

+Bai tap chung cho ca 16p: 8, 10, 11, 12(a), 13(b, c).

+Bai tap danh cho hoc sinh yéu: 7, 13(a)

+Bai tap danh cho hoc sinh trung binh: 5

+Bai tap danh cho hoc sinh kha gioi: vi du trang 15, 13(d), 9.
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Bai tdp ra thém

Bai 1: &) Tim xe (-7 7] dé sinx= % sin2x 13 déng thirc dang?

b) Tim x d& sinx = % Ia déing thirc dang?

¢) Tim x dé cosx =sin2x 1a dang thirc dung?

(phan a danh cho hoc sinh yéu kém; phan b danh cho hoc sinh trung binh;

phan ¢ danh cho hoc sinh kha giéi).
Bai 2: Tim tap gia tri ciia ham s6?

a) y=-t°- t+1 voi te [-1;1].

b) y=- cos’x - cosx+1.

€) y=sin®X - CosX.

(phan a danh cho hoc sinh yéu kém; phan b danh cho hoc sinh trung binh;
phan ¢ danh cho hoc sinh kha gici).
Bai 3: Cho ham sb f(x) =sin(z x) va g(x) =tan(zx)

a) Chimg t6 f(x+2) =f(x) va g(x+1) =g(x). Tir d6 suy ra ham f tuin hoan véi
chu ki T=2 va ham g tudn hoan chu ki T=1.

b) Ching minh rang:

+ V6i moi sb nguyén k, ta c6 g(x+k)=g(x). Tir d6 suy ra ham g tudn hoan
véi chu ki T=1.

+V6i moi s6 nguyén chin k, ta c6 f(x+k) =f(x). Tir d6 suy ra ham f tuan hoan
véi chu ki T=2.

¢) Chimg minh ham sé f va g 13 ham s tun hoan? tim chu ki?

(phan phan a danh cho hoc sinh yéu kém; phdn b danh cho hoc sinh trung
binh; phdn ¢ danh cho hoc sinh kha gidi).
Bai 4:

a)Tim tap xac dinh cua biéu thic sau?

_ J1+cosx ++/1-cosx

+ danh cho hoc sinh trung binh, yéu kém).
Y1 p—— (danh cho hoc sinh trung binh, yéeu kém)
+ y,=1+cot2x — Césgx (danh cho hoc sinh kha gioi).

SIN™X

b) Trén nira doan [0; 2 7 ], hdy xé4c dinh khoang ma ham s6 y=Sinx va y=cosx
lu6én dong bién? Ludn nghich bién? (danh cho hoc sink trung binh, yéu kém).
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¢) Hay xac dinh khoang ma ham s y=sinx va y=cosx luén déng bién? luén
nghich bién? (danh cho hoc sinh khd gidi).

Bai 5:(phdn a danh cho hoc sinh yéu kém; phan b danh cho hoc sinh trung
binh; phan ¢ danh cho hoc sinh kha gidi).

a) Chimg t6 /3 Sin2x +€0s2x =2sin(2x +%):Zcos(2x -%).

a) Bién ddi (2-/3) sin2x +cos2x vé dang A sin(2x +a ) véi A, a <l
b) Biét a’+b®#0. Ching minh rang: a sin2x + b cos2x =C cos(2x - B) voi

C=+va?+b%vaa b, Sl

1.4.3.3. Phdn phoi hop 1y thoi gian trong tiét 1én I6p

Cac ddi twong hoc sinh trong cing mot 16p thuong khac biét v6i nhau vé
nhan thirc. Pugc thé hién & hing thi va mac d6 nhdn thic nhiéu hay it, ¢ tbc do
nhan thuc va van dung nhanh hay cham. Do vay trong gido an ctua gido vién nén co
dur kién phan phdi thoi gian thich hop dé cac hoc sinh yéu kém c6 thé tiép thu va tap
van dung duoc kién thic, nhung ciing khong dé lang phi thoi gian cua cac hoc sinh
khé gioi khi cdc em da hoan thanh nhanh chéong nhi€ém vu hoc tdp. Nén viéc phan
phéi thoi gian cho ting hoat dong trén 16p can dugce gido vién tinh toan, dy kién
trude trong gido an. Luu ¥ ngoai nhitng du kién chinh thirc, can chudn bi phuong 4n
du phong dé tranh bi dong va doi khi day khong hét bai.

1.4.4. Swr dung phwong tién day hoc trong day hoc phédn hoa

Ngoai cac phuong tién truyén théng nhu sach gido khoa, sach bai tap, sach
tham khao, ..., phiéu hoc tap, mé hinh va céc phuong ti€n hi¢n dai nhu may chiéu
hat, may chiéu Projector, ..., can dic biét chii y dén viéc mg dung cong nghé thong
tin va truyén thong vao day hoc phan hoéa.

Viéc ung dung cong nghé thong tin va truyén thong gitip kha ning thyuc hién
phan hoa cao trong qua trinh hoc tap. Chung ta c6 thé tao cho hoc sinh méi trudng
hoc tap da phuong tién, gitp timg hoc sinh hoat dong phu hop voi dic diém tu duy
cua riéng minh, nhitng hoc sinh khac nhau duoc tdc dong su pham khac nhau, duoc
giao nhiém vu hoc tap véi cac mic do khac nhau, phu hop voi tirng ca nhan hoc
sinh. Néu co cac phﬁn mém day hoc tro gitp, gido vién co thé ndm bat duoc cac chi
tiét dién bién cua hoat dong hoc tap ctia mdi hoc sinh va xir 1y kip thoi, gitp ting

hoc sinh lam viéc theo ding kha nang, phu hop véi kién thirc, ki ning va nhip do
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1am viéc cua mdi ngudi. Nho st dung cac phén mém day hoc, mot hoc sinh trung
binh, thdm chi trung binh yéu ciing c6 thé hoat dong t6t trong méi truong hoc tap.
Gi4o vién s& co diéu kién giup duoc tat ca cac dbi tugng hoc sinh rén luyén ning
lyc sang tao, rén luyén phuong phap hoc tap, do dugce giai phong khéi viéc day hoc
ddng loat, thay co thé di sau gitp d& cac hoc sinh ca biét (hoc sinh yéu kém va hoc
sinh giéi) trong khoang thoi gian dai hon. Véi su tro gitip déc luc cia cong nghé thong
tin va truyén thong, cac yéu cau day hoc phan hoa co thé duoc thuc hién vi mot chét
luong cao hon.

Tuy nhién, viéc tng dung cong nghé théng tin va truyén thong ciing gip nhiéu
khé khin boi vi trén thuc t& rat nhiéu truong THPT chwa dugc trang bi day du cac
phuong tién cho day hoc da phuong tién, mét sd gido vién chwa dép tmg dugc viée sir
dung cong nghé thong tin va truyén thong trong day hoc.

1.4.5. Phin héa trong kiém tra, dinh gid

Trong qua trinh day hoc phan héa: Kiém tra, danh gia két qua hoc tap cua
hoc sinh 12 mot khau c6 vai tro quan trong. N6 dam béo moéi lién hé nguoc, cung
cip nhiing théng tin phan hoi, giup gido vién kip thoi diéu chinh viée day, gitp hoc
sinh diéu chinh kip thoi qué trinh hoc, hudéng vao viéc thuc hi¢n muc tiéu bd mén
va muc tiéu dao tao cua nha trudong.

Kiém tra, danh gia gop phan ciing b, dio sau, hé thong hoa kién thirc ph hop véi
murc d0, toc do va himg tha nhén thic cua cac ddi tuong hoc sinh khac nhau. N6 c6 tac
dung gido duc di v6i hoc sinh: Gido duc tinh than trach nhiém, y thure phén d4u vuon lén,
khéc phuc khé khan trong hoc tap dbi voi nhitng hoc sinh yéu kém; ¢6 ¥ thic dio sau suy
nghi, tu duy tich cuc, doc lap, sang tao, tinh can than, khong qua loa, dai khai dbi véi hoc
sinh kha, gioi.

C6 nhiéu hinh thirc kiém tra, ddnh gia. Thong thuong nhét 1a kiém tra miéng,
kiém tra viét, kiém tra bai 1am ¢ nha cta hoc sinh, danh gia két qua hoc tap cua hoc sinh
thong qua qua trinh hoc tap trén 16p, thong qua danh gia ctia hoc sinh cung 16p, tu danh
gia cua hoc sinh, ... Déi v6i kiém tra viét, thudng cé cac dé tric nghiém ty luan, dé tric
nghi¢ém khach quan hoac dé ca tric nghiém tu luan va tric nghiém khach quan. Tuy
nhién, khi sir dung hinh thirc ndo di ching nira thi cac dé kiém tra co tinh phan hoa, ngoai
nhiing yéu cau chung d6i véi mot dé kiém tra con can dap tmg mot sd yéu cau sau:

+ Cau héi va bai tap phu hoc phai phul hgp véi yéu cau ciia chuong trinh, chuan
kién thirc, ki nang, sat voi trinh do hoc sinh.
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+ Bén canh nhitng ciu hoi va bai tip hudng vao yéu ciu co ban, can ¢ nhiing
cau hoi va bai tap dao sau, doi hoi van dung kién thirc mot cach tong hop, khuyén
khich suy nghi tich cuc & cac muc do dé, kho khac nhau.

+ Khai thac, huy dong dugc nhiing kinh nghiém, von séng, hoan canh ca nhan
cua nguoi hoc.

1.5. Tiéu két chwong 1
O ddy chiing t6i lam sdng t6 mot sé vin dé sau:

> Hé théng héa mot sd van dé 1i luan vé day hoc phan hoéa: Khai ni¢m vé day
hoc phan hoa, cac cép dd va hinh thic day hoc phan hoéa, quan diém vé day hoc
phén hoa.

> Hé théng héa co s& 1i luan vé cau hoi va bai tap; cau hoéi va bai tap phan hoa.

> Thyc trang vé viéc day hoc phin hoa mén toan ¢ trudng THPT hién nay:
nhiing uu diém, van dé ton tai cta day hoc phan hoa.

> Dé xuit mot sb bién phap dé thuc hién day hoc phan hoa ménToan:

+ Phan loai d6i tuong hoc sinh.

+ Soan cau hdi phan hoa va bai tap phan hoa.

+ Soan giao an phan hoa.

+ Str dung céc phuong ti¢én day hoc khi day hoc phan hoa.

+ Phén hoéa trong kiém tra va danh gia
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Chuwong 11
XAY DUNG HE THONG CAU HOI VA BAI TAP
PHAN HOA KHI DAY HQC HAM SO LUQNG GIAC VA
PHUONG TRINH LUQNG GIAC O LOP 11 TRUONG THPT

(Chuwong trinh nang cao)

2.1. Yéu ciu day hoc ham sé lwong giac va phwong trinh lwong giac

Theo quyét dinh sé 16/2006/QD-BGDDT ngay 05/5/2006, khung phan phdi
chuong trinh (KPPCT) ciia BO GDDT va PPCT ciia S GDDT Bic Giang khi day
hoc ndi dung Ham s6 luong gidc va Phuong trinh lugng giac 16p 11 (chuong trinh

nang cao), can phai dam bao cac yéu cau sau:

. Mikc d can dat
Chu de

Vé kién thirc Vé ki niing

1.Cac ham s6 lwong
giac.
+ Pinh nghia cac ham + Hiéu duoc khai niém cac | +Biét cach phan biét cac

sd lwong giac: ham sé luong gidc v6i bién | ham sé luong giac, tap xdc
y =Sinx, y=cosx, s6 x 1a sd thuc va 1a sb do | dinh va tap gia tri.Biét doi
y=tanx, y=cotx. radian (khong theo d9). s6 do ciing mét goc (cung)

luong theo rad sang sb
thuc va nguoc lai.

+Tinh chén, 1& ctia caq +Hiéu duoc tinh chén, 1¢ |+ Biét cach xac dinh ham
ham s luong gidc trén. | ciia cac ham sd luong giac. | s6 chan, 1é (khong chan va
khong 1¢).

HTinh chit tudn hoan va +Hiéu dugc tinh chét tuan | +Biét cach xac dinh dugc
chu ki cac ham sb luong hoan ciia cac ham s6 lugng | ham sb lugng gidc co tinh
giac trén. giac, hiéu duogc tap xac dinh | tuan hoan va chu ki, tap
va tap gia tri cac ham s6 | xac dinh va tap gia tri cua

luong giac. no.

+Tinh  dong bién, | +Hiéu duoc khoing dong | +Biét xic dinh khoang
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nghich bién cua cac
ham s6 lugng giac

trén mot doan

bién, nghich bién cua cac
ham s6 lugng giac trén mot

doan (khoang) c6 d¢ dai

dong bién, nghich bién do.

(khoang) co6 do dai
bang chu ki ctia ham
s6 luong giac trén.
+Su bién thién va do
thi cac ham sb luong
giac
y=sinx, y =CO0SX,
y =tanx, y=cotx.

bang chu ki cua ham s6
lugng giac trén.

+Giap hoc sinh hiéu dugc
su bién thién ctia cic ham
s6 luong giac va gitp hoc
sinh hinh dung cach v€ cac
d6 thi ctia cac ham sd luong

giac.

+Biét cach 1ap bang bién
thién va thé hién trén dd
thi ciia cac ham sd lugng
giac. Biét nhan dang va
cach vé& d6 thi cua cac ham

sO lugng giac do.

2. Phwong trinh

lwgng giac co ban.
+Dinh

nghia  cac

phuong trinh luong
giac co ban.

+Phuong phép xay
thirc

dung  cong

nghiém cia  cdc

phuong trinh luong

giac co ban.
+Vé cong thirc
nghiém cla  céc

phuong trinh lugng

giac co ban.

+Hiéu duoc céac dinh nghia,

diéu kién xac dinh cua an.

+Hiéu dugc phuong phap

xay dung cong thirc nghiém.

+Can nam ving vé coOng

thc nghiém cua céc

phuong trinh lugng gidc co

ban.

+Biét cach bién ddi va dua

vé dang phuong trinh
lugng gidc co ban.
+Biét van dung thanh thao

cong thic nghiém.

+Biét cich biéu dién cac
nghiém cua ciac phuong
trinh lugng giac co ban

trén dudng tron luong gia

3. Mot sé6 phuong
trinh lwgng giac don
gian.

+Dang phuong trinh

bac nhat va bac hai

+Biét duoc dang phuong

trinh va nam viing cach giai.

+Nhan biét duoc dang va

giai thanh thao phuong
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d6i voi mot ham so trinh bac nhat va bac hai
lugng giéc. d6i véi mot ham sb lugng
giéc.

+Dang phuong trinh | +Biét dugc dang phuong | +Biét cach nhan biét dugc
bac nhat ddi véi sinx | trinh va ndm viing cach giai. | dang va giai thanh thao

VA COSX. phuong trinh bac nhét dbi

vG1 sinxX va CosX.

+ Dang phuong trinh | + Biét dugc dang phuong | +Biét cach nhan biét dugc
thun nhat bac hai dbi | trinh va ndm vimg cach giai | dang va giai thanh thao
V&1 sinxX va cosx. phuong trinh thuin nhét
bac hai dbi voi sinx va

COSX.

2.2. Nguyén tic xay dwng ciu héi va bai tip phan héa

Céc nguyén tic chung khi xdy dung cau hoi va bai tap phan hoa la:

+ Nguyén tdc dam bao thuc hién duoc muc tiéu day hoc: Khi thiét ké cac
hoat dong hoc tap cho hoc sinh, Gido vién can cu thé hoa bé“mg cac cau hoi va bai
tap hudng vao muc tiéu bai hoc. Qua trinh t6 chirc cho hoc sinh ting budc giai
quyét dugc cac ciu hoi va bai tip d6 ciing dong thoi 13 qua trinh thyc hién cac muc
tiéu day hoc da dé ra.

+ Nguyén tic dam bao tinh khoa hoc, chinh xac ctia ndi dung: Cau hoi va bai
tap dung dé ma hoa noi dung day hoc, cau héi va bai tap can dam bao tinh khoa hoc,
chinh xac.

+ Nguyén tic dam bao tinh viing triac va phat huy tinh tich cyc ctia hoc sinh:
Cau hoi va bai tap phai dam bao tinh vira stc, dugc xay dung sao cho co thé tao ra
dong luc tim toi cai mai (ttc 13 tao ra mau thudn cha quan giita biét va chua biét &
hoc sinh) nham phat huy tinh tu giac, tich cuc va sang tao ciia hoc sinh.

+ Nguyén tac dam bao tinh hé théng: Noi dung kién thic trong timg phén,
timg bai déu duoc trinh bay theo mot 16gic hé théng. Vi vay cau héi va bai tap voi
tu cach 1a cong cu hoat dong cua hoc sinh khi xay dung phai quan tri¢t tinh hé¢

thong. Cu thé, cau héi va bai tap phai duoc sip xép theo mét 16gic hé thdng cho
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tung ndi dung SGK: Cho mdt phén, cho mdt bai, cho mot chuong va ca chuong
trinh mon hoc.

Khi xay dung cau hoi va bai tdp phan héa can cha ¥ dén mdi quan hé c6 tinh
hé théng giira cai da biét va cai chua biét. Nhicu khi cau hoi va bai tap duogc st
dung dé t6 chuc day hoc, chung phai dugc td hop lai theo mdt hé théng nhét dinh c6
y nghia rit quan trong: Nhu cau hoi va bai tap ra trudc, nhiéu khi co tac dung lam
tién dé cho xay dung va tra 1o cau hoi tiép theo (lién ké hoidc khong lién ké). Trong
mot sb truong hop 101 giai dap cho cau hoi va bai tap trude co tac dung lam nay sinh
cau hoi va bai tap tiép.

+ Nguyén tic dam bao tinh thuc tién: Viéc thiét ké cau hoi va bai tap ciing
phai cd ging gin lién véi thuc tién cudc sdng

Vi du: Khi day hoc bai “Phép tinh tién va Phép doi hinh” (Hinh hoc 11 nang
cao), gido vién nén xay dung ciu hoi va bai tip gin véi thuc tién (tr7 SGK) nhu sau:

Hai thon & hai vi tri A va B cach nhau mot con song (xem rang hai bd séng
13 hai duong thing song song).

Minh hoa

\ dong sSnNng

b

Nguoi ta du dinh xdy dung mét chiéc cadu MN béc qua séng (cb nhién cau
phai vudng goc véi bd séng) va 1am hai doan dudng thang tir A dén M va tir B dén
N. Hay xac dinh vi tri chiéc cau MN sao cho AM +BN ngin nhat.

+ Nguyeén tic dam bao tinh kha thi: Viéc xay dung phai phu hop véi trinh do
nhan thire céc dbi tuong hoc sinh. Py 1a mot trong nhitng nguyén tic quan trong dé
xay dung cAu hoi va bai tap phan hoa trong day hoc ham sé luong giac va phuong
trinh lugng giac 16p 11 néng cao.

Néu cau hoi va bai tap khong phu hop véi trinh do va ddi twong hoc sinh dé
gy nén hién tuong chan nan, khong phan hoa s& khong phu hop véi timg dbi tuong

hoc sinh. C6 thé phit hop vai ddi twong v6i hoc sinh kha gioi, nhung s& 1am cho hoc
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sinh yéu kém khong nhan thirc dugc va chan nan. C6 thé phu hop v6i nhan thirc ctia
hoc sinh yéu kém thi d& 1am cho hoc sinh kha gi61 nham chan. Do d6 cau héi va bai
tap cang phan héa min cang phu hop véi viée sir dung cho cac ddi tuong khac nhau
va dat hi¢u qua day hoc cang cao.

Khi thiét ké cau hoi va bai tap phan hda ngoai nhitng nguyén tic chung néu
trén ciing con phai luu ¥ t6i cac dic diém cua cau hoi va bai tip phan hoa ( xem
muc 1.4.2 chuong I).

Tom lgi: Khi xay dung cau hoi va bai tdp phan hoa phai dua trén cac nguyén
tic co ban néu trén trén. Nhung khong phai cu hoi va bai tdp ndo cling phai day dua
cac nguyén tic d6. Tuy vao ting ndi dung kién thirc, tuy vao muc tiéu cia timg bai
hoc ma véan dung cac nguyén tic mot cach linh hoat.

2.3. Quy trinh xay dwng cau héi va bai tap phan hoa

Tir kinh nghiém cua ban than, tham khao ¥ kién cta cac gido vién, cac
chuyén gia, chung t6i xin giéi thiéu quy trinh xay dung hé théng ciu hoi va bai tap
phan héa trong day hoc bao gdm cac bude nhu sau:

2.3.1. Phén tich ngi dung day hoc

Noi dung day hoc phai dua trén ndi dung chuong trinh mén hoc do B§ giao duc
va dao tao ban hanh. Trén co s& do, phan tich ndi dung SGK dé xac dinh cac don vi
kién thirc dé dua vao bai hoc, dé xay dung hé thdng cau héi va bai tap cho phu hop.

Trong qua trinh phan tich ndi dung chuong trinh va SGK, gido vién nén luu y
dén trinh d6 va mirc do nhan thic cia hoc sinh, dé co thé giam bot cac ndi dung
khong can thiét trong SGK. Gido vién can nghién ctru ndi dung co ban, trong tam dé
xay dung cau hoi va bai tap phan hoa giup hoc sinh linh hoi dugc day di kién thirc
va chinh xac.

2.3.2. Xdc dinh muc tiéu

Gido vién x4c dinh muyc tiéu bai hoc vé kién thuc, ki ning, thai do tir viéc
phan tich ndi dung, chuong trinh SGK cua bai day, ...

2.3.3. Xdc dinh ngi dung kién thirc c6 thé ma héa thanh cdu héi va bai tip

Vi viéc phan tich noi dung co ban, trong tim ctua SGK. Giao vién c6 thé
phan ra timg phan kién thirc, chia nhé cic ndi dung. Trén co s& d6 tim nhiing noi

dung c6 thé dat dugc cau hoi hodc xay dung thanh bai tap.
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2.3.4. Dién dat cdc ndi dung kién thirc thanh cdu héi va bai tdp (day la mét budce
quan trong trong day hoc phdan héa).

Trong day hoc phan hoa, dé dam bao thiét ké tSt cau hoi va bai tap phan hoa
tuong g voi cac khau cua qua trinh day hoc, chung t61 xin dé xuat mot sd ki thuét
co ban khi dién dat cac kha ning ma héa ndi dung kién thirc thanh cu hoi va bai
tap dé td churc hoat dong tich cuc cta hoc sinh trong qua trinh day hoc.

Theo Tén Than (Tap chi Nghién ctru giao duc sb 9/1992), quy trinh soan

bai tap phan hoa tac dong dén 3 ddi twong hoc sinh theo so do sau:

Kién thtrc co ban
(hodc bai tap trong SGK)

- Vén dung truc tiép.
- Tuong tu.

o . Téc dong Hoc sinh yéu kém
Bai tap nguyén mau
- Qua 1, 2 budc trung gian.
- Pic biét hoa.
Téac dong .| Hoc sinh trung binh

Bai tap “quan hé gan”

- Qua nhiéu bude trung gian.
- Tong quat hoa.

Bai tap “quan hé xa” Ticdong )  Hocsinhkhd gioi

Ki thudt thiét ké cdu héi va bai tdp phin héa

+ Gi4o vién co thé sang tao duogc tir mot bai tdp (mdt ndi dung kién kién thirc
trong qua trinh day hoc) trong sach gido khoa, nham khic sau kién thirc, rén luyén
ki ning va nang luc tu duy cho cac d6i tugng hoc sinh thong qua nhiing dang bai
“nguyén mau”, nhitng bai c6 “quan hé gan”, nhitng bai c6 “quan hé xa”(quan hé vé
ndi dung, quan hé vé hinh thirc va quan hé vé phuong phéap), nham dap tng yéu cau
cu thé cua timg tiét hoc va dap tng nhu cu cac ddi tuong hoc sinh.

Vi du: Sau khi day hoc ndi dung cong thirc bién doi tich thanh tong (dé cung
¢ cong thire bién d6i tich thanh téng), gido vién co thé soan bdi tdp phdn héa nhu

sau (Bai 43 tr 213 SGK Dai s6 va Giai tich 10 nang cao):
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a. Tinh A= cos75°c0s15°, B= sin75%in15°.

2-3 2443
4

va cos15%in75° = A

b. Chirng minh ring: sin15°c0os75°=

¢. Chung minh rang:
cosasin(f—y)+cosfsin(y-a) +cosysin(a-L)=0,v6iVa,B,y <k

O day (ki thuat thiét ké bai tap)

Cau a) danh cho hoc sinh yéu kém, hoc sinh chi can ap dung truc tiép cong
thuc (Bai tap “nguyén mau”).

Cau b) danh cho hoc sinh trung binh, hoc sinh hiéu duoc rang day chinh 1a
bai tinh gia tri cua biéu thirc ma két qua ding nhu diéu can chimg minh (Bai tap
“quan hé gan” voi bai a).

Cau ¢) danh cho hoc sinh kha gioi, hoc sinh phai van dung dugc cong thirc
v6i cac cung luong gidc da duoc tong quat hoa (Bai tip “quan hé xa” voi a).

+ Viée xdy dung mot hé théng cdu hoi va bai tdp phan hoa phu hop véi cac
dbi tuong hoc sinh can phai duogc bién soan mot cach cong phu, khoa hoc. Cac cau
hoi va bai tap nén dién dat sao cho co thé kiém tra dugc nhiéu linh vuc va phu hop
v&1 muc d§ phan héa khac nhau ctia hoc sinh nhu: Nhg, hiéu, van dung, ...

Minh hoa (muc 2.3.5).

+ Gi4o vién ciling c6 thé tao ra nhiing tinh hudng khac nhau tir mot bai tap
(mot cau hoi) cu thé dé phu hop véi cac ddi twong hoc sinh.

Vi du: Khi day hoc bai tap (SGK Tr.11 16p 11 nang cao):

Biéu dién nghiém ctia phuong trinh sau trén dudng tron luong giac:

COS2X =COSX.

Bai tap nay ap dung cho ddi twong 1a hoc sinh trung binh. Vi hoc sinh yéu
kém(Gido vién goi ¥, truéc hét hiy giai phuong trinh d6). Pdi véi hoc sinh kha
gi6i(Gido vién co6 thé yéu cau thém: hiy tinh tong cic nghiém cua phuong trinh

thude doan [0: 197”] ).

2.3.5. Sip xép cdc cau héi va bai tdp thanh hé thong.
Sau khi thiét ké cau hoi va bai tap, gido vién nén sip xép theo mot hé thong

tuong ing ndi dung (theo chirc ning day hoc) dé sao cho khi hoc sinh tra 10i cau hoi
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va bai tap theo tht ty di sap xép thi hoc sinh s& linh hoi dugc toan bo kién thic theo
tién trinh cua bai hoc.

Nhu vy c6 thé tom tit quy trinh thiét ké cAu hoi va bai tap nhu sau:

Phdn tich ngi dung day

11
Xac dinh muc tiéu
JL
Xdc dinh ngi dung kién thivc ¢é thé ma hod thanh cdu héi va bai
11
Dién dat cdc néi dung kién thirc thanh cdu héi va bai tip
1l

Sdp Xép cdu héi va bai tdp thanh hé thong

Vi du: Xay dung hé thdng cau hoi va bai tdp phan hoa khi day hoc “Mot sb
cong thirc luong giac” Pai s6 10 ning cao.
» Phan tich ndi dung day hoc:

+ Noi dung day hoc: Cac cong thic cong dbi véi cosin, sin, tang, cotang, nhan
d6i, ha bac, tich thanh téng va tong thanh tich.

+Phan tich ndi dung day hoc: Cac cong thure trén dugce suy ra tir cong thic
cos(a — B) = cosax cosf +sina sing, Ve, 5 < (1). Nén chi can xiy dung
cong thue (1). Khi do ta xét goc (cung) luong gide a, f co cac diém cubi twong
ung 1a M, N trén dudn tron lugng giac, st dung tich vé hudng cia hai véc to an
m. Tt d6 ¢6 cong thire cos(a — ) =cosa cosp +sina sing (1)

» Muc tiéu:

+ Kién thtc va ki nang co ban: HS ghi nhd, van dung thé hién duoc cac cong
thirc cong, nhan doéi, ha bac, bién d6i tich thanh tonh va téng thanh tich trong cac
bai tap, trong thuc tién va trong mot s6 mon hoc c6 lién quan.

+ Kién thirc va ki nang nang cao: HS chtmng minh duoc cong thirc lugng giac
cua bai hoc. Tir d6 tim dwgc mét so cong thire lugng gide khéc, bién doi va ap dung
thanh thao cong thirc luong giac.

= Tu duy: Phat trién tu duy sang tao, tu duy 1dgic tir viéc bién doi va tim

cong thirc bién d6i luong giac.
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“ Thai d0: Tich cuc tham gia hoat dong, ren luyén tinh chinh xéc, tinh than
hop tac.
> Noi dung kién thirc ¢6 thé ma hoa thanh cau hoi va bai tap
+ Xay dung cong thirc cdng cos(a — ) = cosa cosp +Sina Sing.
+ Van dung cong thic bién d6i lugng gidc dé rat gon, tinh gia tri, chimg minh
dang thirc lugng giac, ...
> Dién dat ndi dung kién thirc c6 thé ma hoa thanh cau hoi va bai tap:
Tt hinh vé:
& Céu hoi va bai tap (Tao tién dé cho HS chiém linh kién thirc
moi):

- Hay xac dinh toa d6 M, N theo gia tri lugng giac cua goc «, 3 .

Twr d6 hay xéc dinh tich vo hudng theo toa d6 va theo dinh nghia.

- Hay tinhcosMON = ?, suy ra cong thirc(1), va nhitng cong thic con lai. Dbi

v6i HS yéu kém-trung binh, GV ¢6 thé goi mé cho HS nhu: Cach xé4c dinh toa do

diém M,N, cosMON = cos(f8 — &) = cos(a — 3), thay “—B 7 1a “+B” & (1), ...
& Cau hoi va bai tap (Cung cb kién thirc):
- Hay tinh (4p dung cong thirc trén) gia trj lvong gidc cua goc 15°, i—;r :
(d6i v6i HS yéu kém-trung binh c6 thé cho ap dung véi goc 45°, 30°).
& Cau hoi va bai tap (Phat trién tu duy cho hoc sinh kha gioi ):

3 3x—3cosx,...

- Hay chirng minh: sin3x =3sinx —4sin~x, cos3x = 4cos
> Hé thong cau hoi va bai tap phan hoa:
Khi day bai tdp vé mét s6 cong thire luong gidc (Pai sé va Gai tich 16p 10
nang cao), gido vién c6 thé soan hé thong hoa bai tap nhu sau:

(*)Trudce hét ta hé thong mot s cong thirc bién do6i theo so d6 sau:
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cos(a - B) = cosa cos g—sina sin g tan o — tan f3
cos(a + ) =cosa Cos g +sina sin g N tan(a + )= 1+ tana tan B
sin(a - ) =sina cos g +cosa sin g
) ) ) tan(a - )= tan o +tan B
sin(a + ) = sina cos g +cosa sin g3 1_tangtan B8 atan
- L
JI Il
c0s2 o =cos’ -sin‘a 1
sin2 o =2sina cos a cos a cos 3 :E [cos(a + B) + cos(a - )]
2y — 2tana 1
n2a = — 7 sina sin 3 :—E[cos(a +B) +cos(a - B)]
g8 : 1 o
sina cos f==[sin(a +f) +sin(a - F)]
cos?y — L1 C0s2a 2
a-—z I
sin2a=# COS X +COS Y :Zcosx+ycos%
cosx —cosy =—2sin>Ygin XY
sinx +siny =2sin>—Y cos XY
2 2
SinX —siny =2cos > ysin%
(O day ta c6 tanx, cotx ¢6 nghia).
(*) Sau day gido vién co6 thé soan hé théng cau hoi va bai tap:
Bai 1. Mdi khing dinh sau c¢6 dung khong?
a) cos(a+b)=cosa+cosb b) sin(a +b) =sinacosb +cosasinb

c) sin(a—b)=sina—sinb  d) cos(a—b)=cosacosb +sinasinb

e) sina=sin2a  f)sina=2sina g) sin2a=2sina

sinda

h)
cos2a

=tan 2a (khi biéu thirc c6 nghia).

Bai 2. Pon gian cac biéu thic

a) Tinhsin15°, cos15°, tan15° (va thir lai két qua bang may tinh bo tai).

sin Z cos . +sin " cos - , ‘
b) 125 10 120 15 (hay thir lai két qua bing may tinh b ).
cos <% cosZ —sin <% sin %
15 5 155
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207 _ o) —cos2 (F -
C) cos (Z o) —CO0S (4 a).

d) sin(%—a)—sin(%—a).

e) A=(cosa+ cosh)?+ (sina+sinb)®. Tir d6 tinh A khi a—b = %
Bai 3. Tinh gi4 tri luong giac (biéu thic luong giac)

4

a) Tinh sin%a —cos?a , biét cos2 o :g.

. . . 37 . 57 . Ix
b) Tinh S=sin-Zsin>Zsin>Zsin-—
) Ti 5|n16sm 16 sin 16 sin 16

¢) Tinh tan10°an50°an110°.
d) Tinh sin20%in40%in80°.
e) Tinh cos20°cos40°cos100°.
f) Tinh sin6%in42%in66°sin78°.
g) Tinh cac gia tri lugng giac ctia goc 2 ¢ va goc % .
Biét sina _1 va o € (E'ﬂ')
3 27

h) Biét cosr +cos B =a va sina +sin f=b(vaia, be lva a’ +b* =0).
Hay tinh sin(a + £) theo a va b.

Bai 4. Chimg minh rang (khi cac biéu thic c¢6 nghia)

a) sin3x=3sinx—4sin*x=4sin asin(%—a)sin(%+a).

b) tan3x=tan (% — X) tanx tan(% + X).

c) sin(a+ﬂ)sin(a—ﬂ):sin2 a —sin? p= COSZ,B—COSZa .

d) 25in(%+a)sin(%—a):0052a.

1 V3

sin10° cos10°
f) Néu a+pB+y=kz(kel) vacosacos ScosA =0 thi

€)
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tan +tan f+tan y =tana tan ftan y.

l,tanﬂz

g) Néu O<a<,8<7/<%véltana:8

thi a+ﬂ+7/:%.

h) Véi Ve, B,y cftaco

7/:

N~

cos(a + B)sin(a— B)+cos(f+y)sin(f-y)+cos(y+a)sin(y-a)=0.

: 2 Ar 6r_ 1
) cosT+cos7+0037— >

(hay kiém chimg bang may tinh bo tai).
j) Biéu thirc sau khong phu thudc vao x:
A= sin4x sin10x-sin11x sin3x-sin7x sinx

B =c0s%(a+X) + C0S°X — 2c0sa COSX €0S(a+ X).

m)asinx +bcosx =+va? +b? sin(x + )

. a
véi a% +b? #0, cosq =——u", a e[0;7).

2 .2
a +b

n) Tinh gia tri lugng giac cia % (bang ca phwong phéap hinh hoc va kiém

chung két qua bang may tinh b tai).

Bai 5. Cho |Gl

a) Néu sinA=cosB+ cosC thi || JJl] vuong.
b) Néu sinA=2sinB cosC thi ||l can.

) cos?A +cos’B+cos’C=1-2cosA cosB cosC.

d) cosA-+cosB+cosC=1+ 4sin§sin%sin%
e) Tim gia tri nho nhat cta biéu thic:
1 1 1

F = rcos2A T 27 cos2B T 2-cos2C

Bai 6. Chon phuong an dung trong cac phuong an sau:
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0 0
a) Biéu thirc sin % coS 270

bang:

1. N2 12 1 V2
(A) 5(1—7)1 (B) 5(7—1)1 ©) E(1+7)’ (D) V2 -1.

» 003800 —cosZOO .
b) Biéu thirc bang:

sin400coslo0 +sin 100 cos400

WL ®L; ©-1 ©-L
¢) Gia trj 16n nhét cua biéu thire sin* o +cos'a 1a:
. 3. 3.

d) Gia tri nho nhat cua biéu thuc sin* o —cos'a 1a:
(A1, (B)-3 (©)-1, (D)2
O vi du nay:

= Kiém tra mirc 46 nhan biét, thong hiéu va van dung cong thirc luong giac.

= Vi bai 2, danh cho hoc sinh yéu kém: Hoc sinh chi can nhé cong
thirc, bién d6i va ap dung truc tiép hodc c6 thé qua mot budce bién dbi don gian nhu
ap dung hang dang thuc, ...

= V6i bai 3, danh cho hoc sinh trung binh: i ¢6 sy phirc tap hon vé
mirc d6. Do vay hoc sinh phai bién ddi twong dwong mét-hai budc trung gian
dé dua vé dang cong thuc da gap.

= V&i bai 4, danh cho hoc sinh kha gioi, yéu cau cao hon vé kién thuc:
Hoc sinh phai biét linh hoat cac cong bién d6i lugng gidc dé dua vé cong thic bién
ddi lugng giac da hoc.

= Véi bai 5, nham phat trién tu duy cho hoc sinh khé giéi (Iwong giac hoa
bai toan hinh hoc).

= V&i bai 6, gido vién c6 thé sir dung cAu hoi va bai tap phan hoa (cau hoi
trac nghiém khach quan) trong khoang thoi gian it dé cling c6 cong thuc bién doi

tich thanh tong.
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2.4. H¢ thong cau héi va bai tap phan héa khi day hoc ham sé lwgng gidc va
phwong trinh lweng giac ¢ 16p 11(nang cao).

Noi dung gdm 3 bai:

§1. Cac ham sb luong giac

§2. Phuong trinh lugng giac co ban

§3. Mot s6 phuong trinh luong giac don gian

Can ¢t vao lap luan & trén, ching t6i xdy dung hé théng cau hoi va bai tp
phan hoa noi dung ham sé lwong gidc va phuong trinh lwong giac 16p 11
nang cao.

Can ¢t vao dic diém cuy thé ting 16p hoc, hoan canh cu thé tung bai day va ting
tiét day, gido vién co thé dua ra nhimg sy diéu chinh hop 1i dé tac dong duoc dén sat
dbi tuong hoc sinh, nhim nang cao hiéu qua day hoc theo dinh hudng phan hoa.

2.4.1. Xdy dung cdu héi va bai tdp phéin héa khi day hoc cdc ham sé lwong gidc
» Phan tich ndi dung day hoc:

+ Cac ham s6 y =sinx, y = cosx: Thdy duoc mbi lién hé giita mdi sb thue x
v6i diém cudi cua cung (goc) luong gidc ¢ sd bang x(rad), mdi diém cudi d6 xéac
dinh toa d¢ theo thir tu theo Sinx va cosx = dinh nghia.

Véi hai s thyc dbi nhau thi cdsin cua chung bang nhau, sin cia ching d6i nhau
= tinh chan-1¢ ciia ham s6.

Céc s6 thuc co dang x+k27z,k e[cho cing mot diém cudi trén duong tron
luong gidc = dinh nghia ham s6 tuan hoan va chu ki.

Su bién thién va db thi cua ham sb y =sinx : Do ham s6 tuan hoan véi chu
Ki 277 nén bang bién thién va do thi tuong tmg duoc 1ap lai sau 27 . Do vay ta xét

bang bién thién trén doan 27 (chon [—7z;z]). Tir d6 v& do thi ham sd y =sinx trén
Ao - T . X . - . |
doan [ —7z; ], r0i tinh tién lién ti€p sang trai (theo —27z.1 )va sang phai (theo 27z.1').

Su bién thién va dd thi cua ham sd y=cosx: Lam tuong tu nhu ham )

. < . T PO I A L2
y =sinx hodc do cosx =sin(X + E) nén do thi ham s6 y =cosx duogc suy ra tir do

c s X . M , . - X A 1c s X . . T
thi ham s0 y =sInxX bang céch tinh tién do thi ham s6 y =sinx theo véc to —E.I .
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+Ham s6 y=tanx vd y=Cotx:

x. £ 4 N £ sinx .
Moi so thuc X # E+ kz,k €], luoén xac dinh duge so thyc tanx =—— (minh

COS X
hoa bang hinh v&). Pit D, = #: ham sd y = tanx.

x. X n , . £ COS X .
Moi s6 thuc X # kz,k €}, ludén xac dinh duoc so thuc cotx = —— (minh hoa
sin x

bang hinh v&). Dat D, = [ = ham s6 y =cotx.
Véi moi X # % +kz,k ] ta cé tan(—x) =—tanx nén ham sé 1a 1é.

V&imoi x =k, k e[ tacd cot(—x) =—cotx nén ham s 1 1é.

Do tan(x+z)=tanx voi Vxe Dy, cot(X+ )= cotx voi Vx e D, nén ta cé cac
ham s y =tanx va y =cotx 1a nhitng ham s tudn hoan véi chu ki 7.

Su bién thién va d6 thi ham sd y =tanx: Do tinh chit tuan hoan véi chu ki
7 ctia ham sd y =tanx, nén ta chi khdo sat su bién thién va v& dd thi cua no trén

, /i s - X A A © s ~ , - ae g
khoang (—E,Ej c Dy, ro1 tinh tién phan do6 thi vira vé sang trai, sang phai cac

doan c6 d6 dai 1a 7,27,37,... khi d6 ta duge do thi ham s y = tanx.

Su bién thién va d6 thi ham sb y =cotx: Do ham ) y =cotx xac dinh trén
D, = I 2 him tuan hoan v6i chu ki 7 nén ta khao sat sy bién thién va
vé& do thi ctia né twong ty nhu ham s6 y = tanx.

+ Khai niém vé ham s6 tuan hoan: Tir cac ham s6 y =sinx,y =cosx la
nhitng ham so tuan hoan v&i chu ki 27 va cac ham y =tanx, y =cotx tuan hoan
v6i chu ki 7 . Khi d6 ta c¢6 dinh nghia mot cach tong quat ham s tudn hoan va chu
ki cua ham s6 do.

» Muc tiéu:
& Kién thirc va ki ning co ban:
+ Hiéu duoc cac dinh nghia han s6 lugng giac Yy =Sinx, y=C0sX, y=tanx,

Y = COtX vdi x 1a s6 thyc va 14 radian (khong phai s6 do d9) ctia goc (cung) lwong giéc.
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Hiéu dugc tinh chin - 1¢; tinh tudn hoan va chu ki cta cac ham sb lugng giac

y=sinx, y=Cosx, y=tanx, y=cotx; biét TXD va TGTcua cic ham s do.

Biét dwa vao truc sin, truc cdsin, truc tang va truc cotang gén v6i1 duong tron
luong giac dé khao sat sy bién thién ctia ham sé twong tmg roi thé hién sy bién thién
d6 trén do thi.

+ Xac dinh duoc tinh chin, 1é cia ham s y=sinx, y=cosx, y =tanx, y =cotx;
biét tim gia tri 16n nhat va nho nhat; giao diém d6 thi voi truc hoanh. Gitp hoc sinh
nhan biét hinh dang dd thi va cach v& do thi ham s lugng giac.

& Kién thirc va ki ning nang cao:

+ Nam duoc mdi lién hé gitra s6 thuc x (trén truc s6) v6i diém cudi cua (goc)
cung luong giac (don vi trén tryc sd bing ban kinh dudng tron luong giac).

Nim dugc cach tim chu ki ciia ham s6 tudn hoan. Biét cach xac dinh khoang
ddng bién, nghich bién ctia ham sd trén.

+ Chig t6 dugc ham sd tudn hoan vé6i chu ki T>0. So sanh duogc giita cac ham
sO y=sinx, y=cosx, Yy =tanx va y=cotX vdi cac ham sb da hoc (nhu ham sb bac
hai,...). Tir d thi ta biét duoc nhu: Tap xac dinh, Tap gia tri (gia tri 16n nhat, gia tri
nho nhat), tinh tuin hoan, tinh tuan hoan va chu ki, khoang don diéu (khoang dong
bién, nghich bién). Pic biét tir d6 thi ham sb co dang duong hinh sin cé thé xac
dinh duoc ham sb lugng gidc, xac dinh diém cao nhét va diém thép nhét,...

& Tu duy: Phat huy tri tuong tuong, phat trién tu duy sang tao, tu duy khai
quat hoa.

& Thai dg: Tich cuc tham gia vao cac hoat dong hoc tap, c6 thai do nghiém
tic va tinh than hop tac trong cac hoat dong hoc tap.

> Noi dung kién thirc ¢6 thé ma héa thanh cau hoi va bai tap:

+ Sy tuong tmg giita mdi s6 thuc x véi diem cudi caa cung luong gidc M cé sd
la x; véi sinx va cosx tuong ung 1 toa do cia diém M.

+Dinh nghia, TXD, TGT, tinh chin-1¢, tudn hoan va chu ki cua ham sb
y =Sinx,y =CosX.

+ Su dong bién, nghich trén [—z; 7] va cach vé do thi ciia ham y =sinx . Xac

dinh anh qua phép tinh tién.
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+ Su dong bién, nghich bién trén [0; 7] va cach vé db thi cia ham y = cosx
(hoic duoc suy ra tir 6 thi ham sé y =sinx, tir @ minh hoa duoc bang bién thién).
+ TXD, TGT, tinh chan l¢, tinh tudn hoan va chu ki cia ham s6 y =tanx,

y =COtx.
+ Tinh dong bién, nghich bién trén (—%%) va cach vé do thi cia ham s

y =tanx.

+ Tinh ddng bién, nghich bién trén (0;z)va cach v& do thi cua ham sé
y =COtx.

+ Pinh nghia ham s6 tuan hoan va chu ki caa mot ham sé y = f(x).

> Dién dat cac ndi dung kién thirc thanh cau hoi va bai tap:

+ M1 gid tri thuc x cho duy nhat mét gié tri thuc sinx dang hay sai?

+ Hay cho biét TXD, TGT cta ham sé y =sinx, y=cosx?

+ Thé nao 1a ham chin, ham 1¢? Ham s6 y =sinx vay=cosx la ham s6 chin
hay 1&? tai sao?

+Ham s6 y =sinx vay =cos X 1a ham s6 tuan hoan véi chu ki 27 dung hay sai?

+ Trén [—z; 7] ham s6 y =sinx ting hay giam?

+ Hay cho biét sy ting, giam caa ham sé y =sinx trén [—% + kzﬂ;%+ k2712

+ Piém cao nhat trén d6 thi ham sé y =sinx 1a nhiing diém (%+ k27;1)?

+ Cac khang dinh sau: ham s6 y =cosx dong bién trén (0; ), con nghich bién
trén (7; 27 ) dang hay sai ?

+ Trén cing mot khoang (a;b) ma ham sé y=sinx dbng bién thi ham s
y =cosx nghich bién dung hay sai?

+ Trén cung mot khoang (a;b) ma ham sé y =sinx va y=cosx cing dau thi
ching ciing dong bién hoic ciing nghich bién dang hay sai?

> Hé thong cau hoi va bai tap phan hoa:
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Bai 1. Khang dinh ndo sau la ding? Gidi thich?
a. Mbi s6 thuc x xac dinh dung mot diém cubi trén dudng tron luong giac c6 sb
do bang x rad (HS yéu kém).
b. C6 thé ¢ 2 s6 thyc x trén truc sb cho cung mat diém cudi M trén duodng tron
lwong giac(HS trung binh).
¢. Moi diém cudi trén duong tron luong giac ta xac dinh dugc vo $6 gia tri thuc
trén truc sO(HS khd gioi).
d. Mbi diém cudi M vé6i sd AM = x trén duong tron luong gidc ludn xac dinh
dugc duy nhat hoanh d6 1 cosx va tung do 1a sinx (HS khd gidi).
Bai 2. Trong cac khang dinh sau, khing dinh nao dung?
a. Him s6 y =—sinx c6 TXD 1a [, TGT 1a [-1:1] (HS trung binh, yéu).
b. Him s6 y = x+sinx khong 1a ham sé luong giac(HS khd gidi).
. Trong cac ham s6 sau, ham nao 13 ham sd sin, ham nao 1a ham sb cosin. Néu
12 ham s6 ham sé sin, ham sb cosin hiy cho biét tap xac dinh.
1)y=C(c la hing sé) 2) y=x2 3) y=—sinx 4) y=sin2x 5) y=cosx
Chui dinh HS yéu kém, trung binh: 1);2);5), khd giéi: 3):4);5).
d. Biéu thuc y=c0s’x—sin’x 1a mot ham sé luong giac, co6 TXD M va TGT[-2; 2]
(HS trung binh).

e. Ham s6 y:25in(x+%)+3 co TXD: M va TGT: [-1; 5] (HS khd gioi).
f. Ham s6 y= Asin(owx+a)+B (v6i Aw=0Vva A wla nhiing hing sd khac
khong) c6 TXD:Il va gid tri 16n nhat 1a |A|+B; con gia tri nho nhat Ia

—|Al+B (HS khé gioi).

g Himsé D: N ]
X_ {OHGUXVOU

1 néuxhitu

12 ham s6 tuan hoan nhung khong c6 chu ki (HS kha gidi).
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h. Ham s6 y= Asinox+B(Aw#0; A ®,Bla nhitng hing s6) 13 ham s tuin

hoan v6i chuki T =2~ .
@

Bai 3. Thé nio 12 ham s6 chin, 16? Tir d6 hiy cho biét tinh chin, 1¢ di véi ham sd
y =sinxva y =cosx (HS kha gioi).
Dbi véi hoc sinh trung binh va yéu yéu cau thém so sanh sin(—x) véi sinx,
cos(-X) v&i CosX .

Bai 4. Cac khang dinh sau ding hay sai? Tai sao?
a. Voi vk e ludn co sin(x+k27) =sinx va cos(x +k27x) = cosx .
b. Cac ham s6 y =sinx, y = cosx 1a nhimg ham sb tuan hoan v6i chuki T =27.
c. Cac ham sb y =—sinx, y = —cosx 1a nhirng ham sb tuan hoan vé6i chu ki 27 .
d. Him s6 y =sin2x 12 ham sb tuan hoan viri chu ki T = 7.
e. Him s6 Y =C (v6i ¢ 1a hang s6) 12 ham tuan hoan véi chu ki T =07
f. Him s6 Y =C (v6i ¢ 1a hing s6) 12 ham tuan hoan, nhung khéng c6 chu ki?

Hamsé y=x%—x-1 khong phai 13 ham s6 tudn hoan.
g y

\ A X 131y A A \ r .
h. Him s6 y = COSE 1a ham s0 tuan hoan véichu ki T =2x.

P A ) ST A A \ r .
1. Ham s6 y =co0s— 1la ham s0 tuan hoan véichu ki T =4r.

k. Him s6 y =|sinx|1a ham s6 tudn hoan véi chu ki T =27.

m. Ham s6 y =|sinx|1a ham s6 tuan hoan véi chuki T =7.
\ A 1 H \ \ A A \ e 1
n. Himso y = ESInX la ham s0 tuan hoan véichu ki T =7.

p. Him s6 y =2cosx 1a ham s6 tuan hoan voi chu ki T =27.
Chu dinh HS kha gioi: c,d,i,k,m,n. HS trung binh: b,c,h,. HSyéu kem: a,b,e,g.
Bai 5. Dung bang phu hoc sinh hoan thién (sir dung may vi tinh dé trinh chiéu, roi
cho hoc sinh tra 15i) hay dién nhimg tir , cum tir thich hop vao “...” sau:
1) Him s6 y =sinx c6 biénsdx 1a ...

2)Ham sy =SiNX €0 ...covvvevvneeinnn.. [}
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3) Ham s& y=C0SX ¢o tap ...... B, gia tri 16n nhat 13 ..., gia tri nho nhat 1a ...
4) Ham sé y =sinx 1a hamsb ... .Nén d6 thinhan ............ lam tAm d6i xtmg.

5) Ham s6 y =cosx 1a ham chan. Nén ...........................

6) Ham s6 y =sinx la ham ... v&ichuki ................

7) Him s6 y = cos(x+%) 1a ham sb tuan ....... VoI oo,

8) Ham s6 y=cosx va hamsb v :sin(x+%) deucd..cooveenn, By |

9) Ham s6 Yy =SiN3X 1& .....ooovvniiiniiieeiin v6ichuki.......

10) Him s6 Y=C (cla hang sd) [aham sd .............. , nhung khong ¢6 ....

Bai 6. Tim tap xac dinh ctia cac ham so sau:

1- .
y:ﬂ b. y=+/3-sinx

sin X

C. /ﬂ d. y=tan(2x + f)
1+ cos X 3

HS yéu kém lam ¥ a), trung binh y b); khd giéi y ¢,d).
Bai 7. Xét tinh chin - 1é cia mdi ham s sau:
a. y=-2sinx b. y=3sinx -2 C. y:4sin\/§
HS yéu kém lam ¥ a. HS trung binh y b. HS kha giéi y c.

Bai 8. Tim TXD cua cac ham sd sau:

a. y Lot b. y:\/cosx—1+1—coszx

" sinx cosX

c.yz% d. y=+/1-sinx e. y=4sin/x
sinx

HS yéu kém lam y c.  HS trung binh y a,b. HS khd giéi y a,c, e.

Bai 9. Hay tra 161 nhitng cau hoi sau:
a. Hay cho biét chu ki tudn hoan ctia ham s6 Y =SinX. Tir d6 co thuan loi gi khi
xét chiéu bién thién cta ham sb do?.

b.Khi xét chiéu bién thién ctia ham sd dé, ta nén chon doan c6 do dai 1a bao nhiéu?.

S6 héa béi Trung tam Hoc lieu — Pai hoc Thai Nguyén http://www.Lrc-tnu.edu.vn



www.VNMATH.com

52

c.Hay ké tén mot vai doan d6. Theo em chon doan nao? dé xét bang bién thién

thuan tién nhét (phu hop nhat).

Chu dinh HS yéu kém trd 161 y a, HS trung binh y b, HS khd gidi y c.

Bai 10. Tra 101 nhirng cau hoi sau

1. Em hiy cho biét gi4 tri cta sinx ting hay giam (thay d6i ntn?) tir dau dén dau?

Khi x thudc moi doan sau:

a) XE[-E;-%]. b) XE[-%;O]. C) XE[O;%]. d) XE[%;n].

Y, y y, y
B(0;1) B(O:1) BO BO:D

N LAY, (]

‘(13

, )
) ,j/w) VH:K 2 A‘HK,/A(I:M m&ju;)
X

B'(0;-1) B'(0:-1) B(0:-1) B(0:-1)

2. Khi thay di trén doan x €[0;2] thi y=sinx thay doi ntn?

3. Tai sao khi v& @6 thi ham s y =sinx ta chi can v& d6 thi trén doan [0;27]?
4. Trén doan [0;27] 46 thi ham sé y =sinx di qua nhiing diém dic biét nao?
5. Hay néu céach vé db thi ham sé y =sinx trén [-z; 7 ]?

Chui dinh HS trung binh yéu y 1,3,5. HS khd gidi ¥ 2,3,5.

Bai 11. Tra loi dung-sai?

a.bd thi ham sb y =sinx 12 mot dudng Parabol, c6 diém cao nhat v6i tung do 1al
b.Dd thi ham s y=sinx 1a mot duong hinh sin, d6i xtmg véi nhau qua gde toa
dd, c6 diém cao nhat c6 tungdola 1, diém thép nhét c6 tung do6 1a -1.

c. Puong thang y =me[-1;1] ludn cat do thi ham s6 y =sinx tai vo s6 diém.
A 372'_ \ /4 . . 4
d.Trén [7,27r] ham s0 y =sinx nghich bién.
e.Ham s6 y=sinx ludén dong bién trén mdi khoang [ 2k7z;%+ k2] voi k e}
f.Hai diém cao nhat ctia d6 thi Ham s6 y =sinx c6 khoang cach nhé nhat 13 27 .

0.Tir d6 thi ham s6 y =sinx, suy ra do thi ham sb y =sin(x+%) bang cach tinh

£ \ T :
tién theo truc hoanh sang trai 5 don vi.
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Bai 12. Hay tra 101 nhiing cau hoi sau:

, . ~ , - T
a. Vi Vx e | hdy so sanh cosx va sm(x+§) ?

~ e Le 10 A N A C1a 4 . \ . T
b. Hay cho biét moi lién h¢ gitra do thi ham so y =sinxva y =sin(x +E) ?

Tir d6 néu cach vé do thi ham sd y = cosx ?
c. Tir d6 thi hay xac dinh bang bién thién ctia ham s y = cosx trén [—z; 7 ]?
d. Khi x thay d6i thi y = cosx thay d6i nhu thé nao?
e.Trén mdi khoang [ -7z + k27, k27 ] v6i k e[ thi ham sdy = cosx ludn dong bién?
HS trung binh yéu kém a,b, c¢. HS kha gioi b,d.e.
Bai 13. Trong cac khing dinh sau, khang dinh nao dang? khang dinh nao sai?
1) Him s& y=sinx va y=cosx ludn co tap xac dinh 1a [ll, tap gia tri 1a [-1;1].
2) Him s y=sinx va y=cosx la nhitng ham 1é.
3) Ham s6 y=sinx va y=cosx la nhitng ham tuan hoan véi chu ki 2 7 .
4) Ham s6 y=sinx va y=cosx la nhitng ham sé dong bién trén mdi doan
[-r+k2m;k27] voi k |}

5) Ham s6 y=sinx va y=cosx la nhitng ham sé nghich bién trén mdi doan

[—%+k27z;k27z] véi k e[}

6) Trén doan [%;72’] cac ham s6 y =sinx va y=cosx la nghich bién.

7) P thi ham sd y=sinx va y=cosx la nhiing dudng hinh sin.

8) P thi ham s6 y=cosx ludn di qua diém c6 toa do 1a (k27;1) véi k <[}
9) Trén mdi doan [%+k27r;%+ k271 v6i k €[] thi ham ham s6 y =sinx dong
bién, con ham sd y =c0sx nghich bién.

10) D6 thi ham s6 y= COS(X-%) duoc suy ra tir do thi ham s6 y=cosx bang

, . e , T . ,. B c A \
cach tinh tién theo véc to ZI (voi 1 1a véc to don vi trén truc hoanh).
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11) Ham s6 y =|sinX| 1a ham s6 tudn hoan véi chuki T =7

12) Cac ham s6 y=sinXx—cosx va y = sin~/x 1a nhitng ham s6 khong 1¢, ciing
khong chan.

Bai 14. Khang dinh ndo sau la ding? Gidi thich?
a. Ham s6 Yy =sinx ddng bién trén timg khoang ( 2k7; 7 + k27 ) véi k €[}

3 , _ L ,
b.Trén khoang (7[;77[) thi ham s& y=sinx nghich bién, ham sé y=cosx

dong bién.
¢. d. Ham sb y=sin®x nghich bién trén (a; b) thi ham sé y =cos’x ddng bién trén
khoang do.

2 e ) A <1y £ . . N T \ Y4
e. Biém cao nhat ctia d6 thi ham s6 y=sinx c6 toa do (E+k27r ;1) va hai diém

lién tiép trén cac nhau mot khoang bang chu ki ctia ham s do.
f. Trén mdi khoang ma ham sé y=sinx nghich bién thi ham s§ y=cosx
dong bién.
Ham s y =cos2x nghich bién trén timg doan [72'(% +K); 72'(% +Kk)]véi keZ.
g. Trén mdi khoang ma ham sd Y =sinXxva ham sé Yy =cosXx ma cung am thi
chung cung dong bién.
HS yéu -kém a,b; HS trung binh b, e, f; HS khd giéi d,e,fg.
Bai 15. Khing dinh sau dung hay sai? (HS khd gidi)

a. Tinh tién @6 thi ham sb y =sinx theo véc to u Z; ta dugc dd thi ham sé
. Vs
y:1+sm(x-z) :

. e )Y ¢ 13 J4 . , . e 7[. ,. .
b.Tinh ti€n do thi ham s6 y=sinx theo véc to tinh tién —§I (voi 11a véc to don

vi trén truc ox) ta dugc dd thi ham s6 y =COSX.
Bai 16. Hay chon ménh dé dung? Trong cac ménh dé sau.
Goi db thi ham s6 y=f(x)1a (C). Véc to 1] 1an lugt 13 véc to don vi trén hé

truc toa d§ OXY .

a. PO thi ham sé y= f (X)+a c¢6 duoc khi tinh tién (C) theo véc to a' .
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b. Db thi ham s§ y = f(x)—a c6 duogc khi tinh tién (C) theo véc to a].

c. Db thi ham s6 y = f(x+a) co duoc khi tinh tién (C) theo véc to a.

d. P4 thi ham s y = f(x—a) c6 duoc khi tinh tién (C) theo véc to a .

e. D6 thi ham s6 y=kf (x) (k#0) 1a anh cta (C) qua phép din theo phuong
tryc tung voi hé s6 dan k khi k| >1.

f. D6 thi ham sé Yy =kf (X) (k #0) 1a anh cua (C) qua phép co theo phuong truc
tung v6i hé s6 co k khi [k|<1.

g D6 thi ham sé y = f (kx) (K #0) 14 anh ctia (C) qua phép co theo phuong truc
hoanh véi hé s6 co % khi |k| >1.

h. D6 thi ham sb y= f(kx) (k#0) 1a anh caa (C) qua phép co theo phuong
truc hoanh véi hé sb dan % khi |k| <1.

i. Do thi ham s6 y = kf (X) d6i xtmg véi (C) qua truc hoanh khi k =-1.
k. D6 thi ham s6 y = f (kx) ddi xtng véi (C) qua truc tung khi K=-1.

Bai 17. Cho cac ham s6 f(X)=sinx va g(X)=c0SX cic khoang 312(72';37”),
Jz=(—%;%), Js=(%;337”), J4=(—%;¥). Hoi ham sé nao

trong ba ham s d6 dong bién trén khoang J;? Trén khoang J,? Trén khoang
J3? Trén khoang J4? (Tré loi bang cac 1ap bang).
Bai 18. Cho cac ham s sau:

a. y=—sin2x b. y:3tan2x+1

B3

C. Y =sinXcosx d. y:sinxcosx+70052x

Chtng minh rang mdi ham s6 Y = f (X) d6 déu co tinh chét:
f (x+krz)= f(x) véi k e}, x thudc tap xac dinh ciia ham s6 f .

- HS yéu kém lam y b); trung binh y a, ¢; khd gidi y d).
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Bai 19. Tir d6 thi ham s6 Yy =sinX, hay suy ra do thi cic ham sb sau va v& do thi
cac ham sb do:
a. y =—sinx b. y =lsin] c. y=sin|x
- Hoc sinh yéu kém lam ¥ a); trung binh y b); khd giéi y c).
Bai 20. Tur d6 thi ham s6 Yy =C0SX, hay suy ra do thi cAc ham s sau va vé do thi

cac ham s do:
T
a. y=CosX+2 b. y=cos(x—z)
Bai 21. Xét ham s y = f (x) = cosg .
a. Chirng minh rang véi mdi sé nguyén k ta c6 f (x+k4z) = f(x), vx |}

b. Lap bang bién thién ctia ham sd y = COS% trén doan [ —27;27].

~ 3N 11N £ \ X, A \ At 1A ~
c. V€ do6 thi ham s6 y=cosxva y = COSE trén cung mdt hé truc toa do.

d. Trong mit phing toa d6 Oxy, xét phép bién hinh F bién mdi diém(x;y) thanh
diém (x’;y’) sao cho X’ =2X; y’ =Y. Chirng minh ring F bién dd thi ctia ham sb
y =cosx thanh d6 thi ham sb y = cosg.

Bai 22.

.7 . 9 A \ r A 9 \ A H A . 72'
a. Tim gia tri nh6 nhat va 16n nhat cua ham s6 y =SinX trén doan [0;—].

. . X N
b. Ching minh rang moi duong thang xac dinh bdi phuong trinh y = § va do

thi ham s6 Y =Sinx déu cach goc toa d6 mot khoang nho hon hoic bang /10 .
Ja 5 A 1N A H Y \ N l J A A 3R

c. Ching t6 d6 thi ham s6 Y =SINX va duong thang Yy = > c6 vO sO diém chung.

d. Piém c6 toa do (K7;0) véi k € Z 1a tam dbi xtmg ctia d6 thi ham sé y=sinx.

e. f. Tap gi4 tri ham s6 y=cos*x—sinx 1a [-1; %].
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g. D6 thi ham s6 y=1+cosx ddi ximg qua duong thang y=1 1a d6 thi ham s6

y=1-COSX.
h. D6 thi ham sb y= sing dbi xtmg qua diém 1(%;0) 1a d thi ham s

X
=—C0S—.
y 2

Bai 24. Cho cac ham s y = f (X) = 2sin 2x
a. Chirng minh rang véi sb nguyén k tiy y, ludn c6 f (x+kz) = f (X)
b. Lap bang bién thién ctia ham sé Y = 2sin2X trén doan [—7; 7]
c. V& d0 thi ham sé y = 2sin 2x.

Bai 23. Biét d6 thi ctia ham sb y= ASin@X (v6i A @ la nhiing hang sb) c6 dang

hinh vé:
 as . . T
yA +Khiddotacd A=-b,oo=—.
b 2a
\ A s T \ \ A
4a 32 -2 L2 g + Ham s0 y_—bSIn(Z—aX)la ham tuan

/' a F /2a'3a 44
hoan véi chu ki 4a(a>0).

Bai 25. Tra 101 nhitng cau hoi sau?
Cho hinh v& (H.3.1)

weomg e a. Hay xac dinh tanx, cotx theo sinx va cosx.
/H XM% b. Tinh tanx theo AT va cotx theo BS .
A\O‘P/KAW T Hay cho biét TXD ctia ham s6 y = tanx, y = COtx .
0 d. Cho biét y nghia hinh hoc cta ham sd y = tanx, y = cotx .
H.3.1

e. Hay cho biét TXD giita cac ham s y = tanx, y = cotx .
f. Hay so sanh TXD, TGT gitta c4c ham sé sinx, cosx, tanx, cotx .
HS trung binh ¢, b, e. HS khd gioi ¢, d, |- HSyéu kem a,c,e.
Bai 26. Tra 101 nhiing cau hoi sau:

a. Hay cho biét tinh chin, 1é cta cac ham s y = tanx, y = cotx ?
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b. Hay so sanh tan(-x) vai tanx, cot(-x) vdi cotx.
c. So sanh TXD, TGT ctia cac ham sb y =tanx, y = cotx, y =Sinx, y = cosx ?
d. So sénh tan(x + z) voi tanx, tan(x+kxz) véi tanx ?
e. So sanh cot(x + ) véi cotx, cot(X+kmz) vdi cotx?
f. Hiy so sanh tinh tuan hoan va chu ki cua cic ham sb y=tanx,y=cotx,
Yy =SinX, y= COSX.
Bai 27. Chon ménh dé dung-sai trong cac ménh dé sau:

2y+tanx 13 ham sé 1&.

1) Ham s y=sinxcos
2) Ham s6 y = [tanx|la ham s6 1&.
3) Ham s y=|tanx|la ham s chin.

4) Ham s6 y=tan|x| la ham s6 1&.

5) Ham s6 y=tan|x| 1a ham s chin

, 1 .
6) Ham so y=—— co tap xac dinh la | | | A ANEEIN
) Y=gimy S0 18P .

P S
co tap xac dinh la ﬁ
COSX

8) Ham s6 y=tanx va y=cotx co cung tap xac dinh.

7) Hamsd y=

9) Ham sb y=tanx va y=cotx c6 cling tip gia tri.
10) Ham s6 y=cos’x + sin’x 14 ham s chin, tuin hoan va khéng c6 chu ki.

11) Ham s6 Ham s6 y=cos®x + sin’x 14 ham sb chén, tudn hoan va c¢6 chu ki.

12) Ham sd y:tang c6 chu Ki tuan hoan 1a 27 .

13) Ham s6 Ham s y:tang ¢6 chu ki tuan hoan 1a

NN NN

\ A T £ X T A NIRRT
14) Ham s6 Ham so y:COtE €0 chu ki tuan hoan Ia

15) Ham s6 Ham s yzcotg c¢6 chu ki tuan hoan 1a 27 .
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Bai 28. Cdc khang dinh sau ¢é ding khéng?

. X C s , ‘ 7
a. Ham so y =tan > la ham s0 tuan hoan véi chu ki T = 5

b. Ham s y =|cotx|+sinx 1a ham s6 khong chin va khong 1é.

c. Himsé y =

cot>
2

v 1s AL X . L. \ T
1a ham so tuan hoan véichu ki T :E'

d. Ham sé y =[tan x| 1a ham s tun hoan véi chuki T =7
e. Hims6 y = \cot X‘ 1a ham s6 tuan hoan véichuki T =7 .

Bai 29. . Xét tinh chin - 1 ciia mdi ham sb sau:
. T
a.y =tanx —sin 2x b. y =|tanx| C. y:cos(x—z)

HS yéu kém lam ¥ b); trung binh ¥ a); khd gidi ¥ c).

Bai 30. Tim tap x4c dinh cua cac ham sd sau:
T
a. y=tan(Ecosx) b.y=—

3sin2x + cos x

¢ Y= 2 V4
cos(4x + ?) + c0s(3x — Z)

Bai 31. Tim tap xac dinh cua moi ham so sau:

1—-cosx sin(x—2)
a y=_——"""7= b, y=——"—
25|nx+\/§ COS2X — COS X
y= tan x d y= 1
1+ tan X ' \/§cot2x+1

Bai 32. Hay tra 101 cac cau hoi sau:
a. Hay cho biét TXD, TGT, tinh tuan hoan va chu ki ctia ham s6 y = tanx?
b. Hay cho biét TXD, TGT, tinh tuan hoan va chu ki ctia ham s y = cotx?
c. Pé khao sat sy bién thién va v& d6 thi ham sé y = tanx duoc thuan loi ta nén

x€ét trén khoang nao? Tai sao?
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d. Pé khao sat sy bién thién va vé& d6 thi ham sé y=tanx (y=cotx) duoc
thuan loi ta nén xét trén khoang nao? Tai sa0?

e. Chohinhvé H4.1vaH.4.2

oA AA Hay cho biét sy tang, giam cia ham s
. N . ’ . y=tanx trén khoang(nira doan) sau?
B " T . 72- 72-
- " a) (——=:0 b)[0;,—
( ) ( 5 ] ) 2)
H.4.1 H.4.2

f. Hay cho biét sy tang, giam cta ham sé y = cotx trén khoang (0; 77 )?
g. Hay cho biét sy ting, giam cua ham sb y=cotx trén ting khoang
(k2m;m+k2r) véi k |2

h. Hay cho biét sy ting, giam cta ham s6 y=tanx trén timg khoang
(—%+k2ﬂ';%+k2ﬂ)Véi kell?

HS kha gioi c,d g, h . HS trung binh e,f, g,h . HSyéu kem a,b,e

Bai 33. Dién nhimng tir con thiéu vao chd “...” sao cho phu hop:

1) Ham s6 y =cotx ¢ tAp X4¢ dinh 13 ....o.veveeeeeeeeeeeeeenn. ,tap gidtrila .....
2) Him s6 y =tanx c6 tap X4¢ dinh & ...oo.oveeeeeeeeeeeeeeeeeenn ,tap gidtrila ...
3) Him s6 y =tanx 1a ham s6......, nhan .......coevueueeeeenee... lam tam ddi xtng.

4) Him s6 y=cotx la ........... 1¢, nhan gbc toa do 1am .........ccovevcueene.

5) Ham sd y =cotx vay = tanx 13 ham so ...... véi chu ki ....

6) Ham s6 y =cotx dong bién trén moi KhOAng ........cocvvveeeeeeeeeeereeane..

7) Ham s6 y =tanx dong bién trén moi KhOAng ........cocvvveeeeeeeeeeeeeann.

8) Do thi ham s6 y = tanx nhan mdi duong thang ......... lam mdt dudng tiém can.
9) Po thi ham sd y = cotx mdi duong thang x=kz véi k <[ lam ....................

31r . 33x

10) Trén khoang (T,T) ham s6 y=tanxla .......... bién, trén khoing
(97”:%) ham s y=cotx Ia ............... bién.
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Bai 34. Khang dinh nao sau la dung? Giai thich?
a. Him s6 Y =tanx luon dong bién trén timg khoang xac dinh.
b. P6 thi ham s6 Y =cotX c6 hudng di xudng trén mdi khoang xac dinh.
c. Him s6 y =tanx luon dong bién trén tap xac dinh.
d. Ham s6 Yy = cotxX ludn dong bién trén tap xac dinh.
e. Him s6 Y =cotx ludn nghich bién trén timg khoang xac dinh.

f. D6 thi ham sd Y =tanx c6 hudng di 1én trong mdi khoang xéc dinh.
g. Cac duong thang c6 phuong trinh x = %+ k7z,k € Z 1a nhitng dudng tiém can

ctia @6 thi ham s6 y =tanx.
h. Cac duong thang c6 phuong trinh x = kz,k € Z 1a nhiing dudng tiém cin cta
d6 thi ham s y =cotx.
Bai 35. Cho cac ham sé f(x)=sinx, g(x)=cosx, h(x)=tanx va cac khoang
4527 601r
e

31r 337

T,T), J4:(— ) Hél

J = (7;;37”), Jp= (—%;%), J3=(
ham sb nao trong ba ham sé d6 ddng bién trén khoang J1? Trén khoang Jo?
Trén khodng J3? Trén khoang J4? (Tra 161 bang céc lap bang).

Bai 36. Tra 101 nhitng ménh dé dung-sai trong cac ménh dé sau:

a. Ham s6 y =~/cosx-1+1—cos?x xac dinh khi x=k27z,k <[l

b. Ham s6 y=sinx trén [—%;0] c6 gia tri 16n nhat 12 0 khi x =k, k < [JJva gia

tri nhé nhét 1a -1 khi x = —%+ A |

c. Him s6 y=tanx ddng bién trén [a;b] thi ham sé y=cotxnghich bién

trén do.

2 2

d. Him sd y =C0s“X—sin“ x 1a ham sb 1é.

e. Ham s6 y=2sin 2x 1a ham s tuan hoan véi chu Ki 7.

f. Himsby = 2+2,5$in[27r(x-%)] gia tri 16n nhét 13 4,5. Gia tri nho nhat 1 —%
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g. Lay ddi xang d6 thi ham sb y =sinx qua truc hoanh ta dugc dd thi ham s
y=-sinx.

h. D thi ham s6 y =[sinx| gdm 2phan:

+ Phan 1: Dé nguyén phan do thi ham s6 y =sinx trén tryc hoanh.
+ Phan 2: Ly ddi xtmg phan dudi truc hoanh cta d6 thi ham s6 y=sinx Ién
trén truc hoanh.

i. D thi ham s6 y =sin|x| gdm 2phan:

+ Phan 1: Bé nguyén phan do thi ham s6 y =sinx trén truc hoanh.
+ Phan 2: Lay ddi xang phan 1 qua truc tung.
K. D6 thi ham sb y=cosx tinh tién theo phuong truc tung 1én trén 2 don vi ta
dugc do thi ham s6 y =cosx+2.
2.4.2. Xdy dung cdu hoi va bai tap phdn hoa khi day hoc phwong trinh luong gidac
co ban
» Phan tich ndi dung day hoc:

Xuét phat tir bai toan trong thuc té (SGK tr 19), dé giai quyét nhitng bai toan dé
d3 din dén viéc giai quyét phuong trinh c¢6 dang sinx =m, cosx=m, tanx=m,
cotx =m v&i m 1a s6 cho trude va x € | Do 1a cac phuong trinh lugng gic.

¢ Phuong trinh sinx =m (I)

+ Trudc hét ta di tim mot nghiém ciia phuong trinh trong trudng hop cu thé, tir
d6 tim dugc nghiém ctia phuong trinh d6 véi me[-1;1] (v nghiém khi mg[—-11])

+ Stur dung duong tron lugng giac, truc sin ta xac dinh duoc diém cudi cua cung
luong giac thong qua xac dinh doan c6 d6 dai dai sé bang m. Mdi diém cubi d6 luon
cé dang a+ k27 voi sina=m.

+ Xay dung dugc cong thirc nghiém cua (I), khai niém ho nghiém cua (I).

+ Cling cb cong thire nghiém (I) qua nhan dang va thé hién.

+ Minh hoa giai phuong trinh bang d6 thi, tong quat sinQ(x) =sin P(x).

+ Mot s6 cht y: Céc truong hop dac biét cua cong thirc nghiém, gia tri ngugc,

quy ude viét cong thirc nghiém theo do.
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¢ Phuong trinh cosx =m (1)

+ Tim mot nghiém ciia phuong trinh trong trudng hop cu thé, tir d6 tim duoc
nghiém cua phuong trinh d6 véi me[-1;1] (v6 nghiém khi me[—-11])

+ St dung duong tron luong giac, truc cdsin ta xac dinh dugc diém cudi cua
cung luong gidc thong qua xac dinh doan co do dai dai s6 bang m. Mdi diém cudi
d6 ludn c6 dang o + k27 voi cosx =m.

+ Xay dung dugc cong thirc nghiém cua (II), khai niém ho nghiém cua (II).

+ Cuing cb cong thire nghiém (IT) qua nhan dang va thé hién.

+ Minh hoa giai phuong trinh bang d6 thi, cosQ(x) = cosP(x)

+ Mot s6 cha y: Céc truong hop dac biét ciia cong thure nghiém, gia tri nguogc,
quy ude viét cong thirc nghiém theo do.

¢ Phuong trinh tanx =m (lI)

+ Trudc hét ta di tim mot nghiém cua phuong trinh trong truong hop cu thé, tir
d6 tim dugc nghiém cua phuong trinh do.

+ Str dung duong tron luong giac, truc tang ta xac dinh dugce diém cudi cia cung
luong giac thong qua xac dinh doan c6 d6 dai dai sb bang m. Mbi diém cubi d6 luon
c6 dang o +kz voi tanx =m.

+ Xay dung dugc cong thirc nghiém cua (III), khai niém ho nghiém cua (III).

+ Cuing cb cong thire nghiém (IIT) qua nhan dang va thé hién.

+ Minh hoa giai phuong trinh bang d6 thi, tanQ(x) = tan P(x)

+ Mot s6 chu y: Céc truong hop dic biét cia cong thic nghiém, gia tri nguoc,
quy udc viét cong thirc nghiém theo do.

¢ Phuong trinh cotx =m (V)

+ Tim mot nghiém cua phuong trinh trong trudng hop cu thé, tir d6 tim dugc
nghiém cua phuong trinh do.

+ St dung dudng tron lugng giac, truc sin ta xac dinh dugce diém cudi cua cung
luong giac thong qua xac dinh doan c6 d6 dai dai sé bang m. Mdi diém cubi d6 luon
cd dang a +kz véi cotx=m.

+ Xay dung dugc cong thirc nghiém cua (IV), khai niém ho nghiém cua (IV).

+ Cling ¢b cong thire nghiém (IV) qua nhan dang va thé hién.
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+ Minh hoa giai phuong trinh bang do thi.

+ Mot s6 cht y: Céc truong hop dac biét cua cong thirc nghiém, gia tri nguoc,
quy udc viét cong thirc nghiém theo do, cotQ(x) = cot P(x)

» Muc tiéu:
& Kién thirc va ki nang co ban:

+ Hiéu dugc phuong phap xy dung cong thirc nghiém cua phuong trinh lugng
giac co ban sinx =m, COSX=m, tanx=m va cotx =m(stt dung duong tron
luong giac, cac truc sin, cosin, tang, cotang va tinh tudn hoan cua nd). Nam ving
dugc cong thirc nghiém ctia phuong luong giac co ban.

+ Biét van dung thanh thao cong thirc nghiém cua phwong trinh luong giac co
ban. Biét cach biéu dién nghiém cua phuong trinh lugng gidc trén dudng tron
luong giac.

& Kién thirc va ki ning nang cao:

+ Mbi quan hé giita s6 nghiém phuong trinh va dd thi véi sb giao diém do thi
cua chung.

+Van dung cong thirc nghiém dé giai phwong trinh dang, dwa vé dang
sin P(x) =sinQ(x), cosP(x)=cosQ(x), tan P(x) =tanQ(x),

cot P(x) = cot Q(x) . Tim nghiém thoa mén diéu kién cho trude.

& Tu duy: Phat huy tri tuong tuong, phat trién tu duy sang tao, tu duy khai
quat hod, tu duy logic. Biét quy la vé& quen.

& Thai do: Ty gidc, tich cuc tham gia vao cac hoat dong nhom, cé y thirc
xay dung bai.

> Noi dung kién thirc ¢6 thé ma héa thanh cau hoi va bai tap:

+Céc phuong trinh lugng giac co ban sinx =m, COSX =m, tanXx =m va cotx =m .

> Dién dat cac noi dung kién thtrc thanh cau hoi va bai tap:

+ Phuong trinh sinx =m, cosXx=m, tanx=m, cotX=m cé nghi¢m khi nao?

Vo6 nghi¢m khi nao?
C e b2 o . L 1 A , .
+ Céc gia tri X=E,X=?+k7r voi k €] c6 1a nghiém cua phuong trinh

sinx =m khéng?
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 ep. T T, o A .
+ Cac gia tri 3 va 3 c6 la nghiém cua phuong trinh cCOSX=m?

+ Puong thang y =m ludn cit do thi ham sd y =sinx (y =cosx ) diing hay sai?
+ Puong thang y =m ludn cit do thi ham s6 y =tanx va y =cotx ?
> Heé thng cau hoi va bai tip phan hoa:
Bai 37. Trong cac gia tri cla x sau:

T s 51 0 T 57
a)g b)g C)? d) 30" e) 6+k277’k€l f)F—FkZﬂ,keI

gia tri nao cta x thoa min dang thirc sinx:% 1)?
Bai 38. Cac khing dinh sau, khing dinh nao dung khang dinh nao sai?
a. Phuong trinh sinx =m ludn v6 nghié¢m khi |m| >1.
b. Phuong trinh sinx =m ludn v nghiém khi |m|<1.
c. Voi mdi me[-1;1], cac phuong trinh Sinx=m, cosx=m, tanx=m,
Cotx =m ludn cd nghiém.
k. Véi Vm e}, cac phuong trinh sinx=m, cosx=m, tanx=m, cotx=m
luén c6 nghi€ém.

Bai 39. Gidi cac phuong trinh

7 L B3 2
a)smx_T. b) sinx = > C)Smx_§
d.sin4x:sinZ e.sinXMT:—1

5 2

X T 2
f. COS—=C0S+/2 . Ccos(x+—)==

> J2 g cos( T

- HSyéu kém va trung binh lam y a,b, d); kha gioi b,c,d,ef).

Bai 40. Trong cdc ménh dé sau, ménh dé nao duang? ménh dé nao sai?

T P
a. Phuong rinh sinx = > luén c¢6 nghiém x.

b. Phuong rinh Sinx =% vO nghiém.
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c. Phuong trinh sinx =cosx cé nghiém X = % +k2r,kel}
d. Phuong trinh sin(90° —x) =1 c¢6 nghiém x=k180° k < ||}
J2

g. Tong cac nghiém x € (0;57) cua phuong trinh Sinx = > la 157 .

X:—%+ k27z
h. Phuong trinh 2sinx =—1 c¢6 nghiém 5
x=—"21k2r
6
X:%Z+k27r
hodc (k.
x:%+ k2z

i. Phuong trinh 3sin[18l2(t—180)]=o véi te[] va 0<t<365 c6 nghiém
t=1.

k. Phuong trinh Sinx =cosx c6 nghiém X = % +kz, kell}

Bai 41. V& d6 thi ham sd Y =SinX rdi chi ra trén db thi d6 cac diém c6 hoanh d6

m. Phuong trinh

thudc khoang (—r;47 ) 1a nghiém cua phuong trinh sau:

B3

a. Sin2x=—— b. sinx =1
2
Bai 42. Cac khang dinh sau, khang dinh nao dung khang dinh nao sai ?
a. D6 thi ham s6 y=sinx luon cat duong thing yz—% tai hai diém co

hoanh o x=—7 va x:—%” voi kel

b. D6 thi ham s6 y=sinx luén cat duong thing yz—% tai hai diém co

hoanh o x=—7 +k27,k <l va x:-%”+k2n,kel
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c. DO thi ham s6 y =sinx ludn c6 diém cao nhét la (—%+ k27 ;1)

d. Po thi ham s6 y =sinx luon c6 tam d6i xtng.

Bai 43. Cac khang dinh sau, khing dinh nao dung khang dinh nao sai ?

n. Himsb y = gsin[Zﬂ(x—%)] +2 ¢6 gia tri 16n nhét 1a % khi x =

p. Ham s6 y—§sm[27r(x——)] +2 ¢6 gia tri nho nhat % khi x=K.

q. Him s6 y = §sm[27z(x——)] +2 ¢6 gia tri 1a 2 khi X —%
Bai 44. Giai cac phuong trinh sau
a. COSX = —g b.cos(2x+1) = cos(2x-1)
C. c:os-x——g d.c:osx:1 véi xe(0;4r).
50 3 2

HS trung binh b,c. HS kha gioi c,d. HS trung binh a,b.

Bai 45. Ménh dé nao dung trong cic ménh dé sau:

r\JI;\—

1
=4k
5+

vsi kellp.

a. Phuong trinh cOSX =m vo nghiém hay c6 nghiém khi |m|>1? (FS yéu kém)

b. Néu «la mot nghiém cuia phuong trinh cosx=m (|m|<1) thi -« ¢0 13

nghiém cta phuong trinh d6 hay khong? (HS trung binh)

c. Mdi me[-1;1] thi phuong trinh cosx =m ludn c6 nghiém dung hay sai?

(HS khd gidi).
Bai 46.

S6 nghiém ctia phuong trinh cos(2x + 1) =cos(2x— 1) 1a s6 giao diém cua hai d6

thi y=cos(2x+1) va y=cos(2x-1).

Bai 47. V& db thi ham s6 Y =CO0SX 1di chi ra trén d6 thi d6 cac diém c6 hoanh do

thudc khoang (—r;4 ) 1a nghiém ctia phuong trinh sau:

1
a. cosx:E b. cosx=-1
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Bai 48. Tim nghiém cua cac phuong trinh sau trong khoang da cho:

a. sin2x:—% voi 0<X<7m b. cos(x—5):§ VO —T<X<7

Bai 49. Bai toan trong thuc té (tr 19 SGK Dai sé va Giai tich 11 nang cao) dan dén

viéc giai phuong trinh 550 +450 coss—’gt=25o hay coss%t:—g. Néu dat

/4 A
X = —1 thi phuong trinh trén c6 dang CoOSX = 3

Bai 50. Biéu dién nghiém ctia mdi phuong trinh sau trén dudng tron luong giac

. T . T
a. COS2X = COS X b. sin(x+ =) =sin(2x—=)
4 4
Bai 51. Tinh gi4 tri gan dung (chinh xac tdi hang phan trim) nghiém cua mdi

phuong trinh sau trong khoang da cho:

a. sin(2x + %) =§ trong khoang (—%;%).

X 2
b. COSE = g trong khoang (27;4r).
Bai 52. Sb gid ¢6 anh sang mat troi ciia mot thanh phd A & vi do 40° béc trong ngay
thir t cuia mdt nam khong nhuan dugc cho bdi ham )
d(t) =3sin[18l2(t ~80)]+12 voi t e[ va 0 <t <365.

a. Thanh phd A c6 ding 12 gio ¢6 anh sang mit trdi vao ngdy nio trong nim?
b. Vao ngdy nao trong nam thi thanh phd A c6 it gid c6 anh sang mat troi nhat?

¢. Vao ngay nio trong nam thi thanh phd A c6 nhiéu gio' c6 anh sang mét troi nhat?
Bai 53. Giai cac phuong trinh sau

a sin(SX—%) :? b. sin(3x—2) =1

C. \/Ecos(ZX - %) =1 d. cos(3x —150) = cos150°
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Bai 54. (danh cho hoc sinh kha gioi)

a. Tim tap gia tri ctia ham s6 y =2+ 2,5sin[27(X — %)]
b. Tim s6 nghiém X €[0;3] cta phuong trinh sin[27(x — %)] =-1
c. Tim nghiém duong nhé nhat cia phuong trinh sin[27z(x — %)] =0

d. Chimg t6 phuong trinh cos% — —1 ¢6 dang 5 nghiém thuoe doan [—47; 47 ].
Bai 55. Giai cac phuong trinh sau:
i 1 )
a. 2c0sX—~/3=0 b. sin3x +5=0c. (sinx +1)(2c0s2x —+/2) =0

HS trung binh va yéu kém lam ¥ a,b; khd giéi lam ¥ c,.
Bai 56. Tinh cac goc cua -, biét AB = \/E cm, AC = \/§cm va duong cao
AH =1cm.
Bai 57. Trong cac khing dinh sau, khing dinh nao 1 dung?
a. S6 giao diém cua dd thi ham sé y =tanx va duong thing y =m 1a vo sd.
b. C6 duy nhit mot giao diém giita duong thing y=m va dd thi ham sb
y =tanx trén mot chu ki voi.
Bai 58. Chon phuong an ding- sai trong cdc phuong an sau:
Cho phuong trinh tanx=m
a.CoTXbla b. C6 nghiém khi |m|<1.

eTGT 12 d. TXD I ﬁ

Danh cho HS yéu kém, trung binh.
Bai 59. Céc khing dinh sau c6 dung khong?

a. Nghiém ctia phuong trinh tanx=+/3 13 x =%+ k27, k |}

b. Nghiém cua phuong trinh tanx=+3 1a x= % +kz,k e}
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c. Nghiém cua phuong trinh tanx =tan2x la x=kr,k ||}
d. x=-609+ k.1800, k €[] 12 nghiém ctia phuong trinh tanx =—/3.

e. Phuong trinh tanx = _ L c6 nghi€ém X =arctan(— ig) +kz, k el}

7 7
HS kha gidi d.e. HS trung binh c,d. HS yéu kém a,b.
Bai 60. Giai cac phuong trinh sau:

a. tanx=-1 b. tan2x =tanx C. tan2x= Z .

3

Bai 61. Giai cac phuong trinh sau:

a. tan3x:tan3?” b. tan(x—150):5 C. tan(2x—1)=\/§

d. tan(2x+3):tan% e. //3tan3x—3=0

- HS yéu kém, trung binh y a,c; khd gidi y b.
Bai 62. Trong cac ménh dé sau, Ménh dé nao dtng? Ménh dé nao sai?

a. Phuong trinh tan2x = tan(x+%) c6 nghiém la X =%+ kz véi k e}

b. Phuong trinh tan 2x =tan(X+ %) la v6 nghiém.

c.Phuong trinh tan(x — 300) =0 c6 nghiém X = 30° + kz (k el
d. Phuong trinh tan X —tan2x =0 c6 tong cac nghiém X € (0;27) 1a 47 .
Bai 63. Tinh gia tri gan ding (chinh x4c t§i hang phan trim) nghiém cua phuong

3X—7m T 1
=-3 Vvl ——<X<—
2 6

Bai 64. V& d6 thi ham s6 Yy =tanX rdi chi ra trén d6 thi d6 cac diém c6 hoanh do

trinh tan

thudc khoang (—r; ) 1a nghi€ém cia phuong trinh sau:
a. tanx =-1 b. tanx =0
Bai 65.
a. Biéu dién nghiém ctia mdi phuong trinh sau trén duong tron luong gic

tan2x +tanx =0 (HS trung binh, yéu)
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b. Xac dinh s6 giao diém cua d6 thi ham s Yy =Cotx va duong thang y =m
(m 13 hang s6) (Poi véi hoc sinh trung binh yéu chi xét trén mot chu ki).
Bai 66. Giai cac phuong trinh sau va xac dinh diém cudi trén duong tron luong giac

2X+1

a. cot3x=1 b. cotx= % c. cot = tan%

Goi ¥ HS trung binh, yéu kém truéc hét di tim nghiém.

Bai 67. Trong cac khing dinh sau, khing dinh nao 1a dung? khang dinh nao 13 sai?

a. x=300+ k27,k e[} 1a nghiém cuta phuong trinh sinx = % :
b. Phuong trinh 3tanx =+/3 c6 nghiém la x = % +k180% k €|}
. 1 A s 1 0
c. Phuong trinh cosx = 3 cé nghiém la x = iarccosé +k360%,k e}

d. Phuong trinh cotx =—1 c6 nghi¢m la x = —% +kr,k e}

Bai 68. Cac khing dinh sau dung hay sai?

a) Ham s6 y=cotx ¢6 TXD la D = .

b) Ham s6 y =cotx c6 TXD 1a [-1;1].
¢) Db thi ham s6 y = cotx ludn di qua diém (% +kz:0)véi k e[}
d) Do thi ham sd y = cotx luon di qua diém (k7z;0) véi k e[|}

¢) Phuong trinh cotx = ? c6 nghiém la x= —2?7[+ kz,kel}

f) Phuong trinh cotx = ? c6 dang 2 nghi¢m thudc (—7; 7).

g) Phuong trinh cot(x + %) =Cot2X c6 nghiém X = % +kz, kel}
A

h) Phuong trinh cot(x + %) =Cot2X ¢O nghiém X = ~Z _krke B

i) Phuong trinh cot(X + %) =Ccot2x vo nghi¢m.
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K) x =409 —k %” (v6ik <[l)la nghiém ctia phuong trinh sin(3x—150) = —iz .
1) x =100 + k.1209 (v6i k < [l)la nghiém ctia phuong trinh sin(3x—159) = —iz

Bai 69. Giai cac phuong trinh sau

a. cot2x = cot(—%) b. cot(g + 200) =3
c. cot3x =tan °r d. cot(450 —X)= g

Bai 70. Tim nghiém ctia cac phuong trinh sau trong khoang da cho

a. tan(2x —15°) =1 véi —180° < x <90°

b. cot3x=—i vOi —%< x<0

J3

Bai 71. V& d6 thi ham sé Y = COtX rdi chi ra trén d6 thi d6 cac diém c6 hoanh do
thudc khoang (—r; ) 1a nghiém cia phuong trinh sau

B3

a. CotX = — b. cotx =1

Bai 72. Chon phuong an dung sai, trong cdc phuong an sau
a. Phuong trinh 2+2,5sin [27z(x—%)] =m ludén c6 nghiém an x v&i moi
me[-11].

b. Phuong trinh COt2X = cotx cé nghiem X =k (k € ||).

c. Phuong trinh 2+ 2,5sin [27Z'(X—%)] =m ludn c6 nghiémvdi moime [—%;g] :

x =—900 + k.3600

d. Phuong trinh sin2x = cos3x c¢6 nghiém la voi kel}
x =180 1 k.720
. : rL A , A A T, 7Tq T
e. Phuong trinh Sin2x =co0s3X co6 tong cac nghiém thudc [_E;E] la T

£ Phuong trinh tan2x =tan(x+ %) 6 TXP Ia “
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g. Phuong trinh tan2x = tan(x+%) co TXD la %

h. Phuong trinh tan(x+%) = tan 2x 6 nghiém 1a x =%— kz,k el

i. Phuong trinh tan 2x = tan(x + %) la vo nghi¢m.

k. Phuong trinh tan3x = cotx c6 ding 8 nghiém thudc khoang (0;27).

m. Phuong trinh tan3x = cotx c6 ding 7 nghiém thudc khoang (0;27).
2.4.3. Xdy dung cdu héi va bai tdp phén héa khi day hoc mét sé dang phwong
trinh lugng gidc don gidn

» Phan tich ndi dung day hoc:

+ Phuong trinh bac nhat d6i v6i mot ham sé luong giac

+ Dang phuong trinh at = bvéi t 1a mot ham sé luong giac a=0 va a,b e}

+ Cach giai la ta di tim t sau do di giai phuong trinh lugng giac co ban.

+ Phuong trinh bac hai d6i v6i mot ham sb luong giac

+ Dang phuong trinh at?+bt+c=0véi t 1a mot ham sé luong giac a=0 va

a,b e[] (Pt diéu kién cho t).

+ Cach giai la ta di tim t sau do6 di giai phuong trinh lugng gidc co ban.

* Phuong trinh bac nhat d6i v6i sinx vacos x

+ Dang phuong trinh asinx + bcosx = ¢ trong d6 a,b,c [fva a®> +b? =0

\ . C
+ Cach giai 1a dua vé phuong trinh luong giac co ban SIn(X + ) = ——— voi
g phuong ong g ( ) N

a i b
cosa =m,sma :W :

+ Phuong trinh thuan nhét bac hai d6i voi sinx vacos x

+ Dang phuong trinh asin® x+bsinxcos x+ccos? x=0 *

Trong d6 a,b,c <[ va a>+b?+c? #0.

+ Phuong phap giai 1a dua vé phuong trinh bac nhat doi véi sinx vacos x hodc

dua vé phuong trinh bac hai d6i véi mot ham sé luong giac (tanx hodc cotx).
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* Mot s6 vi du khéc
+ D6 1a nhitng phuong trinh luong gidc ma khi giai can phai thuc hién cac phép
bién ddi luong giac thich hop dé dwa vé phuong trinh lwong gidc quen thudc.

» Muc tiéu:

&5 Kién thirc va ki ning co ban:
+ Dang phuong trinh bac nhat, bac hai ddi v&i mot ham sd luong giac, phuong
trinh bac nhat ddi véi sinx va cosx, phuong trinh thuan nhat bac hai ddi véi sinx
va cosx., phuong trinh d6i xtmg voi sinx va cosx, mot s6 phuong trinh o thé dé
dang quy vé dang trén (co thé thém mot vai diéu kién don gian).
Giai duoc cac dang phuong trinh néi trén. Bién ddi dugc mot sé dang phuong
trinh don gian vé da hoc.
& Kién thirc va ki ning nang cao:
+ Str dung cong thirc bién ddi lwong giac, thé hién duoc mot sé dang phuong
trinh bién doi vé phuong trinh néi trén.
Str dung cong thirc bién d6i luong giac, thé hién duge mot s dang phuong trinh
bién ddi vé phuong trinh luong gidc co ban.
& Tu duy: Kha nang tu duy dac biét hoa, khai quat héa. Phat huy dugc tu duy
mot cach 16gic, co hé thong. Phat trién tu duy sing tao, tuong tw, phén tich,
téng hop.
& Thai do: Tich cuc tham gia vao cac hoat dong hoc tap, c6 thai do nghiém tuc
va tinh than hop tac trong cac hoat dong hoc tap. Co y thirc xay dung bai hoc.

> Noi dung kién thirc ¢6 thé ma hoa thanh cau hoi va bai tap:
+ Phuong trinh bac nhat d6i véi mot ham sb luong giac
+ Phuong trinh bac hai d6i voi mot ham so luong gidc
+ Phuong trinh bac nhat d6i voi sinx va cos X
+ Phuong trinh thuan nhat bac hai d6i véi sinx vacos x
+ Phuong trinh d6i xtmg d6i véi sinx va cosx.
+ Phuong trinh da cho ¢ dang tich.
+ Phuong trinh d4 cho ¢ dang tong cac binh phuong bang khong, ...

> Dién dat cac noi dung kién thirc thanh cu hoi va bai tap
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+ Dang dang tong quat va cach giai ctia phwong trinh bac nhat, bac hai dbi véi
mot ham sé luong giac.
+ Dang dang tong quat va cach giai ciia phuong trinh: bac nhat ddi véi sinx va
cos X, thudn nhét bac hai dbi voi sinx vacos x, ddi xtmg dbi voi sinx va cosx.
+ Bién d6i (don gian) phuong trinh vé dang tich, tong cac binh phuong cua cac
biéu thtrc (lvong giac) bang khong, ...
> Hé théng cau hoi va bai tap phan hoa
Bai 74. Giai cac phuong trinh sau

a. J/3tan2x+3=0 b. cos(x+302)+ 2cos?150 =1
c. 2€0SX—~/3=0 d. V3tan3x—3=0
i 1 i
e. sm3x+§=0 f. (sinx +1)(20052x—\/§)=0
Bai 75. Phuong trinh a.cosXx+b=0 luon c6 nghiém khi
a) va,b<li b) a,beva a=b
c) abeva a<b d) a,bcllva [a|>|b|

Bai 76. Phuong trinh a.cotx+b=0
a) luén c6 nghiém véimoi a,b  b) Vo nghiém khi a=0va b=0
¢) Conghiém khia#0 vamoib d) Co nghiém khi a=b =0 hoic ¢)
Bai 77. Giai cac phuong trinh sau trén khoang da cho, sau d6 str dung may tinh bo

tai (bang tinh) dé tinh gan dung nghiém (chinh x4c dén hang phan tram):

a. 400s2x +3=0 trén (o;%). b. 5—3tan3x =0 trén (—%;%).

Bai 78. Giai cac phuong trinh sau
a. 2sin® x+5sinx—3=0 b. tan3x—cot3x =0
C. cost+sin2x+cosx+1:0 d. 20032x+sinx+1:0
e. \/gtanzx—(1+ \/§)tanx +1=0 f. cos2x+cosx+1=0
g. Zcoszx—sinzx—4cosx+2=0 h. Zcoszx—3005x+1:0
i. 95in°Xx — 50082 X — 5sinx+4 =0 k. 68in23x + cos12x =14
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m. 3cos2X + 2(1+\/§+sinx)sin x—3-2=0
HS yéu kém lam y a,b,c; HS binh lam y b,d,f; HS kha gioi lam y e, g, h,i,k,m.
Bai 79. Phuong trinh 4cos2x — 2(1++/2)cos x++/2 =0 c6 dung
a) 4 ho nghi¢ém b) 1 ho nghiém c¢) 2 ho nghiém d) 3 ho nghiém
Bai 80. Phuong trinh 5tanx-3cotx-2=0 c6 ding
a) 1 ho nghiém b) 2 ho nghiém ¢) 3 ho nghiém d) 4 ho nghiém
Bai 81. Cho phuong trinh c0s2X —(2m+1)cosx+m+1=0 (1)
a. Giai phuong trinh (1) khi m=0.

b. Tim m dé (1) ¢6 nghiém X € (%;37”) .

c. Xac dinh m dé (1) co nghiém X =kz véi k ||}
HS yéu kém lam ¥ a; trung binh c; khd giéi b,c.
Bai 82. Giai cac phuong trinh sau trén khoang da cho, sau d6 sir dung may tinh bo
tai (bang tinh) dé tinh gin dung nghiém (chinh xac dén hang phan trim):
a. tanx+2cotx =3 voi 1800 < x <360°.

2

b. 2sin“x—-3cosx =2 vébi OOSXS3600.

c. 3cos2x+10sinx +1=0 trén (—%;%).

2

d. cot®x —3cotx —10=0trén (0; 7).

Bai 83. Chung minh: SinX+CcosX=+/2sin (x+%) .
Tur @6 Tim x thoa man Sinx + cosx =17
Bai 84. Giai cac phuong trinh sau
a. \/3sinx—cosx=1 b.2sin3x++B0s3x=-3 c.3cosx+4sinx=-5
HS trung binh c. HS khé gici b. HS yéu kém a.
Bai 85. Céc khang dinh sau dung hay sai? Tai sao?
a. Phuong trinh asinx+bcosx=c c6 nghiém khi va chi khi 2 <a?+b?

b. Phuong trinh 2sin3x++/5c083x =4 13 v6 nghiém.
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Bai 86. Hay chon phuong an dang trong cac phuong an sau
1. Phuong trinh sin2x + cos2x = 0c06 nghiém la:

a. X=—%+k7r,ke. b. X=—%+k7ﬂ,ke..

2. Ham s6 y =asinx+bcosx voi a?+b*>0 c6

a. Gia trj lon nhat Ia: a2 +b2 b, Giatri nhé nhat Ia: —aZ +b? .
3. Phuong trinh 2sin3x ++/5c0s3x =m ¢é nghiém khi me[-3;3].
4. Phuong trinhasinx+bcos x = ¢ véia? +b? > 06 nghiém an x khi va chi khi:
a. c2>a’+b?> b.c?<a’+b? c. c?=2a’+b? d. c?<a’+b’.
5. Phuong trinh 2sinx—cos x =3 co:
a.1 ho nghiém b. 2 ho nghiém c¢. 4 ho nghiém d. V6 nghiém.
Bai 87. Chung t6 rang

. sinx+cosx—1 ) o 1
a. Himsoy=— co tap xac dinhjva tap gia tri [ -1 = 1.
¥~ Sinx—cosx+3 P ' P giatri| 7]

b. Ham sé y=asinx+bcosx+c(voi a?+b%>0) cb gia tri 16n nhat 1a

Ja? +b? +¢ va gid tri nho nhét 13 —va® +b? +c.

Bai 88. Giai cac phuong trinh sau:

a. 3c0SX +4sinx=-5 b. 2sin2x — 2c0s2X =+/2

c. 5sin2x —6c0s° x =13 d. sinx —2cosx =3

e. sinx+sinzg=0,5 f. cos? x—sin’x =0

g. SiNX +Cos X = /2 sin3x h. 2sin 2x + 3c0s2X = +/13sin14x
i. 3sin®x —sin2x —cos® x =0 k. sin2x +sin®x :%

HS yéu kém lam ¥ a,b,d. HS trung binh lam ¥ c,d,e. HS khad giéi lam y d, f.g,i.k.
Bai 89. Cho hamsb y=(2— \/§)sin 2X +C0S2X
a. Tim tap gia tri ciia ham s, tir d6 suy ra gia tri 16n nhat va gia tri nho nhét cua

ham so.
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b. Giai phuong trinh (2 — \/§)sin 2X+C0S2x =2

Bai 90. Pua cic biéu thuc sau vé dang Csin(X+a):
: T T .
a. SlnX+tan7COSX b. tan7S|nX+cosx

Bai 91. Ha béc cua biéu thue f (X) :sin2 X —+/35iN X COS X + Zcoszx—l.
T do timx dé f(x)=0.
Bai 92. Giai cac phuong trinh sau

2

a. —\/§sinxcosx+coszx=0 b. sinzx—\/ﬁsinxcosx+2cos x=1

2

C. 3sin x—sin2x—c052x=0 d. 4sin2x—53inxcosx—6c052x=0

Bai 93. Giai cac phuong trinh sau (bang 2 céch)

a. 33in2x—sin2x—coszx=0 b. 23in2x+3\/§sin XCOS X — COS2 X = 4
) . 92X ) X 1
C. 3C0$2X—Sln2X:O d. sm2—+smx—200525=E

e. 4sin xcos(x — %) +4sin(X + 7)CoS X + Zsin(%r —Xx)cos(x+ ) =1

2 x+5sinxcosx—sin2x =2

f. cos
Bai 94. Tim gia tri 16n nhat va nho nhit ciia mdi biéu thirc sau:

2

a. sin“x+sin xcosx+3cos2 X

2 p2, A2

b. Asin® x + Bsinxcos X +C cos2 X voi ABCecjjva A“+B“+C“>0
HS yéu kém, trung binh lam ¥ b; HS kha gici lam ¥ c.
Bai 95. Cho ham sb y = (sinx — cos x)2 + C0S2X + 3SIN X COS X
a. Tim tap gia tri cia ham s6. Tir d6 suy ra gia tri 16n nhat va gia tri nho nhat cia
ham sb.
b. Giai phuong trinh (SinX —cos x)2 +€0s2X + 3sin xcosx =1

COSX + 2Sinx+3
2C0sX—sinx+4

Bai 96. Tim gia tri 16n nhat va nho nhat cia ham s y =
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Bai 97. Giai cac phuong trinh sau
a. Giai phuong trinh sinx + tan %COS x=1
b. Giai phuong trinh 2sinx — 2cosx =1—+/3
(bang cach dua vé dang Csin(x + )).
c. Giai phuong trinh 2sinx —2cosx =1— J3
(bang cach binh phuong hai vé).
. . <2 X
d. Giai phuong trinh 2sinx —2cosx=1— \/§ (bang cach dua ve€ an t = tan 5 ).

Bai 98. Giai phwong trinh (c6 sir dung cong thire bién doi tich thanh tong)
a. COSBXCOSX = COS3XC0S4X b. sin2xsin5x =sin3xsin4x
C. cosbxsin4x =sin5xcos4x  d. cos2xsin5x = cos5Xcos8x

e.SiN5Xc0s3x = Sin 9Xcos7 X . Sin 7xsinx = sin3xsin5x
g. coszcost+% =0

Bai 99. Giai cac phuong trinh sau (Sir dung cong thirc bién ddi téng thanh tich hoic

tich thanh tong):
a. COS XCOS5X = COS 2XCOS4X b. sin2x +sin4x =sin6x
C. Sin4xcos5x = cos3x sin 2x d. Sinx +Sin2X = Cc0S X + C0S2X

€. SinX +Sin2X 4 sin 3X = COS X + COS2X + COS3X
HS trung binh va yéu kém lam ¥ a, b, c. HS kha giéi lam y d,e.
Bai 101. Dung cong thirc bién doi tich thanh tong dé giai cac phuong trinh sau:
a. COSXC0S3Xx —Sin2xsin6x —sin4xsin6x =0.
b. sin4xsin5x +sin4xsin3x —sin3xsinx=0.

Bai 102. Dung cong thirc bién ddi tong thanh tich, giai cac phuong trinh sau:

a. Cos3x =sin2x b. sin(x—lZOo)—c052x =0
. . 2
C. sin3x —co0s2x =0 d. sm(x+?) = C0S3X
3 . S X 0
e. cos(3x+7) +sm(3x—?) =0 f. cos§=—003(2x—30 )

S6 héa béi Trung tam Hoc lieu — Pai hoc Thai Nguyén http://www.Lrc-tnu.edu.vn



www.VNMATH.com

80

HS yéu kém va trung binh lam ¥ a,c; kha gidi lam y b,d,e,f.
Bai 103. Giai phwong trinh (cé sir dung cong thirc bién doi tong thanh tich)

sin3x
COS X

a. SIN X+SIiN2X = C0S X+ COS2X b. tanx +tan2x =

C. tanx +tan 2x =sin3xcos x d. cosx —cos5x = sin 3x
e. sinx +sin2x +sin3x =0 f. cosx+ cos3x + cos5x =0
g. sinx + cos2x-sin3x =0 h. cos2x + cos4x + cosbx =—1
I. SinX +sin3x =sin4x
Bai 104. Dung cong thirc bién ddi tong thanh tich dé giai cac phuong trinh sau:
a. C0S22x + 3c0s18x + 3cosl4x +coslOx =0.
b. tanx + tan3x =sin 2x
Bai 105. Giai phuong trinh (c6 sir dung cong thirc ha bac, phuong trinh tich)

2 2 2 2 2

a. sin x+sin23x=23in22x b. sin“ 4x+sin“3x=sin“ 2x+sin“x

b.3sin? x+5cos*x—3=0 d. 6(Sinx —cos x)—sinXcosx =6
Bai 106. Chimg t6 ring: 2(sin#x +cos® x) = 2—sin22x.

Tur d6 giai phuong trinh: 1+sin2x = 2(sin4x+cos,4 X)

Bai 107. Dung cong thirc ha bac dé giai cac phuong trinh sau

a. sm2 x+s,|n2 2x+sm23x =E b. S|n24x+sm23x:sln22x+sm2 X
C. 30032X —SSin2 X+ Cos2 x=0 d. coszx + c0322x + 00323x + 00824X =2
HS kha gici lam y b,d; HS trung binh va yéu kém lam y a,b,c.
Bai 108. . Giai cac phuong trinh sau
a. sin23x+sin24x =sin25x+sin26x.
b. 2cos2 2X =2cos4x —1.
Bai 109. Giai cac phuong trinh sau
a. sin4x+cos4x:cos4x b. 3sin4x+5cos4x:3
Bai 110. Giai cac phuong trinh sau:
a. 8cos4x:1+ Ccos4x b. sin6x+35in2xcosx+cos6x:1
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2 2 3 3

. . 3 . . 2
C. SIN” X +SINXcos4x + cos 4X:Z d. sin~ xcos x — cos XSIHXZ?

Bai 111. Hay cho biét méi quan hé giita SinX+CcoSX va Sinx.cosx ?
Tur @6 giai cac phuong trinh sau
a. 5sin2x+ sinx+cosx=-1  b. 2(cosx —sinx) + 3sinxcosx—2=0
C. 5sin2x+ sinx +cos X =—6
Bai 112. Giai cac phuong trinh sau
a. COSX +SinxX + 2sin xcosx =0 b. 5sin2Xx+sinx+cosx+6=0

C. COSX —SiInX + 2sinxcosx—1=0 d. sin3 X+ cos3x = C0S2X

- HS yéu kém lam ¥ a,b; HS trung binh lam y b,c; HS khd giéi lam ¥ ¢,d.
Bai 113. Giai cac phuong trinh sau

a. (2+\/§)(sinx+cosx) —2sinXCcosX = 24/2 +1

sin? x

b. +sinxcos4x+c0524x:0

: 1 1 10
C. COSX +SINX + —— +——=—

sinx cosx 3
Bai 114. Cho ham s6 y = (sinx —2c0s x)(2sin X +cos x) —1
a. Tim tap gid tri ctia ham sb, tir 6 suy ra gia tri 16n nhat va gia tri nho nhit cia
ham sd.

b. Giai phuong trinh (Sinx —2cos x)(2sin x+cosx) —1=0
A \ , ‘A N , 7 57 oy cr e A o, ,
Bai 115. Tim céc nghi¢m trén khoang (Z;T ), sau do6 tinh gia tri gan dung (chinh

x4c dén hang phan nghin) cta phuong trinh
1 10

) 1
COSX + SINX + —— + —— = —
sinx cosx 3

Bai 116. Giai cac phuong trinh sau:
1 1 2

a. — + =—
SIN2X C0S2X Sin4dx

T X
b. tan(2x + —).tan(r ——) =1
( 3) ( 2)

C. (2sinx —cosx)(L+cosx) = sin2 X
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Bai 117. Giai cac phuong trinh sau:
a. (tanx + cotx)2 —(tanx+cotx)=2.

2 2 2§+sin2(§+z)cosi.
2 2 2

2

b. 3sin Zcos(3—7r+§)+3sin 5cosizsinicos
2 2 2 2 2 2

3 3

C. 2sin” X +4co0s™ X =Ssinx
Bai 118. Sé do d6 ctia mot trong cac goc cua tam giac vudng ABC 1a nghiém cua
phuong trinh

3 3

x=0.
Chung minh rang ABC la tam giac vuéng can.

sin™ X +sin xsin 2x —3cos

Bai 119. Giai cac phuong trinh sau:

) COS2X
a. SinX + CoOS X = —— b. tanx =1-cos2x
1-sin2x
C. 2cotx +sin2x=3 d. 1+sinXCcoS2X =SinX + c0oS2X

: . 1
e. Sin2x + 2cos2x =1+sinx —cos4x f. tan(2x—150)cot(x+150)=§

2 2

g. sin“ x.tanx + cos“ x.cotx —sin2x =1+ tanx + cotx

Bai 120. Biét sb do radian mot goc trong tam gidc ABC 1a nghiém ciia phuong trinh
23
3

X
tanx—tanE——:O.

Chiimg minh tam gidc ABC c6 mdt goc 1a %

Bai tap thém danh cho hoc sinh kha giéi
Bai 121.

J3-1

. . T
a. Chirng minh rang Sin— = ——.
8 RN

3

b. Chimg minh rang Sin 3a =3sina —4sin®a va cos3a = 4cos®a —3cosa .

51

¢. Chirng minh rang sin z_
10 4
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1+ cos2x B sin 2x
cosX  1-cos2x

sin3 X+ cos3 X

Bai 123. Cho phuong trinh —— = C0S2X
2C0S X —sInX

Bai 122. Giai phuong trinh

a. Chuing minh ring X = % +kz (v6i k € ) nghiém dung phuong trinh.

b. Giai phuong trinh bing cch dit t =tanx (v6i x = % +kz, kel

c. Giai phuong trinh bang bién d6i vé dang tich.
Bai 124.

a. Giai phuong trinh (2sinx —1)(2sin2x+1) =3 - 40052 X

b. Tim m dé phuong trinh cos4x = cos2 3Xx+ms in2x.

Bai 125. Tim c4c nghiém ctia mdi phuong trinh sau trong khoang (0;27)

\sinx\ 1 sin3x —sinx _
a. —— =COSX —— b. —— =C0S2X +Sin 2X

sin X 2 J1-cosx

. J1+cosX +/1—cos X

=4sinx
COS X

Bai 126. Giai cac phuong trinh sau:
1-cos2x

sin2x

a. 2sinx+cotx =2sin2x+1 b. 1+ cot2x =

3 3. 5sin4xcosx

C. tan2x(1—sin3x)+cos Xx-1=0 d. 6sinx—2cos” x =
2C0S2X

Bai 127. Giai cac phuong trinh sau:
a. tan® X + cos4x =0
b. \/EsinB(x + %) = 2Sinx

: 1
C. sm4(x+%) :Z+COSZ x—cos4x

d. 9sinx+6c0sX —3sin2xX +cos2x =8
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2

e. (2sinx +1)(3cos4x + 2sinx — 4) + 4cos“x = 3

f. sin(2x + %) cot3x +sin(2x + x) — \/50055x =0

. : m
Bai 128. Cho phuong trinh msinx + (m+1)cosx = ——
COS X

) 1
a. Giai phuong trinh khi m= E

b. Tim céc gia tri m dé phuong trinh d cho c¢6 nghiém.

Bai 129. Tim cac nghiém thudc doan [ 0; 277 ] ciia phuong trinh
: 9 15 :
sin(2x + ?ﬁ) —3cos(x — Tﬂ) =1+ 2sinx

Tinh gi4 tri gan dung, chinh x4c dén hang phan cia cac nghiém do.

) ) m
Bai 130. Cho phuong trinh 12c0s X +5sinx + - +8=0
12cosx +5sinx +14

a. Giai phuong trinh khi m=5.
b. Tim m dé phuong trinh v6 nghiém.
Bai 131. Tim « dé:
a. Phuong trinh
(cosa +3sina — \/§)x2 + (\/§c05a —3sina —2)x+sina —cosa + J3=0 co
nghiém x=1.
b. Phuong trinh

(Zsina — cosza +1) x2 — (\/§sina)x+20052a -(3- \/§)sina =0

c6 nghiém X = \/5 )
Bai 132. Tim tong cac nghiém X €[0;27] thoa min phuong trinh sau v6i vVm € ||

mzsinx—msinzx—mzcosx+mc052x=cosx—sinx

2.5. Sir dung cau héi va bai tap phan hoa day hoc trén lép
Day hoc cho nhiéu ddi tuong khac nhau theo dinh huéng phan hda thé hién rd
nhét & quy trinh 1én 16p. Quy trinh 1én 16p 14 qua trinh hién thyc hoa kich ban ma nguoi
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gi4do vién da hinh dung ra trong gido an. Gido an, hé théng cau hoi va bai tap du duoc
bién soan nhung khong thuc hién duoc trong tiét 1én 16p, khong thé hién duoc ¥ dd su
pham cta ngudi soan thi ciing chang c6 tac dung gi. Chinh vi vy, qué trinh day hoc
trén 10p c6 mot vai trd vo cung quan trong va duoc thé hién rd nhét tai ning su pham,
nghé thuat day hoc ctia mdi gido vién.

Trong qua trinh day hoc phan hda, c6 hai cau hoi dat ra va phai duoc giai
quyét thoa dang. Do 1a:

+ Thay gido diéu hanh, quan 1y 16p hoc nhu thé nao khi cac hoc sinh trong
16p lam viée véi toc do, mire do va himg thii khac nhau?

+ Lam thé nao thay gido c6 thé dam bao raing moi hoc sinh trong 16p déu
tham gia vao cac hoat dong hoc tap mdt cach tich cyc va ty giac?

Dé gidi quyét dwoc hai van dé néu trén, gido vién can chii ¥

- Hiéu ro doi tuong hoc sinh ciia minh nhu: Nhiing khac biét vé nang luc,
kién thirc, ki ning.

- Xac dinh 10 cac ndi dung co ban cua bai hoc.

- Chuan bi hoat dong su pham twong tng (vai trd hét sirc quan trong) nhu: Viéc
lwa chon cac phuong phap day hoc, phuong tién day hoc, hé théng cau hoi va bai tap
phan hoa,...

Vi su chudn bi nhu trén: Gido vién giao nhiém vy, t6 chure, diéu khién hoat
dong hoc tap cua hoc sinh (hoc sinh ty giac chiém linh tri thtrc). Gio hoc duoc dién
bién theo tién trinh:

Hoat déng 1: Gido vién giao nhiém vu cho hoc sinh bang cach giao cho mdi
dbi tuong mot cau hoi hodc bai tip dam bao trinh d xuat phat, dé tao htmg tha hoat
dong hoc tap cua hoc sinh(han ché thoi gian).

Hoat déng 2: Gio vién theo ddi hoat dong hoc tap ctia hoc sinh, ¢6 thé giai dap
nhitng thic mic hoic nhu dua ra nhitg hudéng dan hay goi ¥ cho mdi dbi tuong (néu
can thiét). Hoc sinh doc 1ap hoat dong hoc mot cach tich cuc, tu giac hodc hop tac voi
nhau trong nhom dé giai quyét nhiém vu ciia nhom.

Hoat dgng 3: Kiém tra, danh gia két qua cong viéc sau khoang thoi gian cho

phép. Co vil, khuyén khich nhitng hoc sinh lam dtng, nhanh (cho diém tot, moi
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chira bai tap cho ca 16p). Con voi nhitng hoc sinh chua hoan thanh nhiém vu thi can
hoc tap 101 giai ciia ban va tu diéu chinh. Gido vién can cha y gitip hoc sinh lap
dugc chd hong trong kién thirc cta ho.

Hoat dgng 4: Gido vién két luan, chuan hoa kién thirc. Thong qua hoat dong
nay gitp hoc sinh ndm dugc tri thie va tri thirc phuong phap.

Céc hoat dong duogc dién ra va 1ap lai cho dén khi hoat dong nhan thtc da
duoc thuc hién.

Nhu véy, viéc str dung cau hoi va bai tap phan hda trén 16p hoc c6 thé tom tit

nhu sau:

Cac budc L
Giao vién Hoc sinh
thuc hién

Neéu cau hoi hodc giao bai tdp phu L
Bude 1 L _ Tim hiéu dé bai
hop vo1 do1 tugng hoc sinh

Budc 2 Huéng dan, goi y va giai dap thic mic | Ty nghién ctru tim 101 giai

) Kiém tra, danh gia két qua lam viéc " S
Budc 3 ) Tu ki€ém tra, tu diéu chinh
cua hoc sinh

, : g Ghi nhén kién thtc va
Budce 4 Keét luan, chuan hoa kién thuirc _
tri thirc phuong phép

Gido vién phai cin ct vao dién bién thuc té cua tiét hoc ma c6 nhitng xur 1y
linh hoat vé cac mat sau day:

+ Piéu chinh “budc di” cho phu hop.

+ Sur dung cac phuong tién day hoc khac nhau (két hop nhiing hinh anh tir
phim dén chiéu, bang video, camera,... voi am thanh, vin ban, biéu d6,...) tac dong
dén qué trinh nhan thic khac nhau ¢ hoc sinh.

Chang han, khi day ndi dung ham sb luong giac va phuong trinh luong giac:
Pbi v4i hoc sinh kha gioi, gido vién co thé néu cau hoi hodc giao bai tap ma khong
nhat thiét can phai minh hoa bang hinh vé&. Nhung d6i véi hoc sinh yéu kém thi viéc
lam nay lai c6 luc 1a can thiét hay gido vién c6 thé giao cac dé bai tip kém theo hinh
vé& dé minh hoa (nhiing cau hoi va bai tdp mang tinh dan dat).

+ Giao cac nhiém vu hoc tap & cac mic do kho khan, phic tap khac nhau.
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+ Thay d6i s6 luong cac budc trong khi thyc hanh.

+ Tao nhiéu co hoi dé hoc sinh duge luyén tap, thuc hanh, dugc "thé hién"
minh ¢ nhiéu khia canh, nhiéu géc do khac nhau.

Vi du:

Khuyén khich, dong vién nhiing hoc sinh yéu kém: Khi cac em t6 ¥ mudn tra
101 cau hoi, tham gia phat biéu y kién xay dung bai.

Tao diéu kién dé cho hoc sinh gioi ¢ thé phat huy ning luc ctia minh thong
qua viéc giao bai tdp nang cao.

Tao sy giao luu gifta hoc sinh vé1 hoc sinh, hoc sinh véi gido vién. Léy diém
manh cua hoc sinh nay dé diéu chinh nhan thic hoc sinh khéc.

T chtrc cac hoat dong c6 nhiéu cip do, t chirc giao luu thay véi tro, trd voi
tro than thién va vui vé.

Chéng han, khi chia nhém dé hoat dong tuy theo muc dich cua ting bai,
timg phén, gido vién c6 thé chia theo céc cach: Chia 16p thanh cic nhom hdn hop
(g6m ca hoc sinh kha gidi, trung binh, yéu kém va c4 nam va nit) hodc chia theo ning
lwc nhédn thire (nhém hoc sinh: kha gioi, trung binh, yéu kém)... Piéu d6 nham tao ra
mot moi trudng hoc tap co su giao luu, hop tac gitra cac thanh vién cua 16p hoc.

Khéng nén qua phu thudc vao gido an dd chuan bi sin, nhung ciing khong
nén ngiu himg mot cach tuy tién. Chuin bi nhitng phuong an dé khic phuc voi
nhimg dién bién cua 16p hoc ma van dat duge muc tiéu cua gio hoc, dong thoi dap
ung dugc nang lyc va nhu cau hoc tap cua cac ddi tuong hoc sinh khéac nhau. b6 1a
ca mot nghé thuat day hoc ma ngudi thay phai ddy cong rén luyén méi cé duoc.
2.6. Tiéu két chwong 2

Trong dé tai da néu duoc mot sd yéu cau vé day hoc, trén co s& nhiing
nguyén tac, quy trinh xay dung cdu hoi va bai tdp “ham sé luong giac va phuong
trinh luong giac” ¢ 16p 11 néng cao.

Hé théng duoc 132 ciu hoi va bai tap theo dinh hudng phan hoa noi dung
ham s6 luong giac va phuong trinh luong giac ¢ 16p 11 trudng THPT (Chuong trinh

nang cao).
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CHUONG 111 THUC NGHIEM SU PHAM
3.1. Muc dich thuc nghiém

Thuc nghiém su pham nham buéc dau danh gia tinh kha thi, hiéu qua cia h¢
thdng cac cau hoi va bai tp phan hoa da xay dung dugc & chuong II. Thong qua hé
thong bai soan theo dinh huéng phan héa khi day hoc ndi dung “Ham s luong gidc
va phuong trinh lugng giac”.
3.2. N¢i dung thwe nghiém

Day hoc cac bai noi dung ham sé luong gic va phuong trinh luong giac theo
gi4o an c6 str dung cau hoi va bai tip phan hoa trong hé thdng bai soan

Soan 17 gido an vdi ndi dung cu thé nhu sau

§ 1. Cac ham s lugng giac 4 tiét.
Luyén tap 1 tiét.
§ 2. Phuong trinh lugng giac co ban 4 tiét.
Luyén tap 1 tiét.
§ 3. Mot s6 dang phuong trinh lugng giac don gian 6 tiét
Luyén tap Tiét 1

Hé théng bai soan c6 sit dung cau hoi va bai tap phan hoa khi day hoc noi
dung ham sb lugng giac va Phuong trinh luong giac (xem phan phu luc)
3.3. Mo ta thuc nghiém
3.3.1. Chon truwong, lop va hoc sinh thuwc nghiém

Pbi tuong thyc nghiém 1a hoc sinh 16p 11A;, truong THPT Phuong Son
(Luc Nam-Bic Giang) 1a mot trudng c6 nhiéu thanh tich vé day va hoc trong nhiing
nam gan day. Lop gom 42 hoc sinh, 14 16p cho s6 1 vé nang lyc nhan thic ban ty
nhién, c6 kién thirc va ki ning tuong ddi tot trong hoc tdp moén toan va hanh kiém
tét, tic phong nhanh nhen (dua vao danh gia két qua cia GV mén toan ciing 1a GV
cht nhiém, dua vao két qua khao sat va phan bac hoc sinh dau nam ). Két qua phan

loai trinh d6 hoc sinh trong 1an kiém tra trudc thyc nghiém & bang 3-1.

ST 56 S6 bai Yéu - kém Trung binh Khé - Gioi
150 ) kiém tra SL % SL % SL %
42 42 4 9,5 % 16 38,1 % 22 52,4

Bang 3-1
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3.3.2. Chon gido vién thuc nghiém

Trong qué trinh thyc nghiém ching tdi chon thiy gido: Hoang Vin Ning-la
t6 truong to toan, da cé nhiéu kinh nghiém trong giang day va bdi dudng hoc sinh
kha gioi. D3 trao d6i va thao luan va thdng nhit ndi dung, phuong phap giang day.
3.3.3. Cach thirc thuc nghiém

Trong khi thuc nghiém, ching t6i da thir nghiém qua ting bai giang bang
cach: Quan sat sy himg thi, mirc d6 va cap d6 cua hoc sinh khi tham gia cac hoat
dong hoc tap. Pong thoi trao ddi truc tiép voi gido vién, iy y kién cua hoc sinh
(Bang 3-3, 3-4) vé hiéu qua hoc tap cia hoc sinh. Panh gia két qua dat duoc cua
hoc sinh theo phiéu hoc tap (c6 su phan hda) trong va ngay sau gio hoc. Tir do, c6
nhitng budc diéu chinh hop Ii vé cau hoi va bai tap phan hda phi hop véi trinh do
nhan thirc cia hoc sinh nham nang cao hiéu qua day hoc.
3.3.4. Phuong phap danh gia thuc nghiém

Trude khi thuc nghiém ching t6i kiém tra 1 bai 15° v6i hinh thirc gdm phan
tur ludn va phan tric nghiém khach quan.

Ngay sau khi thuc nghiém kiém tra 1 bai 45’ va tién hanh chidm diém véi
thang diém 10, dé danh gia két qua kha ning nhan thic caa hoc sinh.

Pé kiém tra (45 phut)

Phan A. Tric nghiém khach quan (4diém)
Cau 1. Trong cic ham sb sau, ham nao 13 ham tudn hoan va khong c6 chu ki:

A. y=C(clahingsé) B.y=sinx C.y=cosx D.y=tanx
Cau 2. Trong cac ham sb sau, ham nao 1a ham khong chén va khong 1¢:

A.y=sinx B.y=cosx C.y=tanx D.y=|cotx|+sinx

A .1 A . A . A " , w7
Cau 3. Trong cac ham so sau, ham s0 nao nghich bién trén khoang (——;—)

4 4
A. y=sinx B.y=cosx C.y=tanx D.Yy=sinx+cosx

CAu 4. Tap gia tri ctia ham s Y = 4sin2X +3c0s2X + 6 1a
A. [3;10] B. [6;10] C. [-1;13] D. [1;11]
Cau 5. Hay dién dung, sai vio 6 trong sau

A.Hamsd y =sin?x — 3sinX + 2 ¢6 gid tri 10n nhat 1 0 O

B. Him s Y =sin?x —3sinX + 2 ¢6 gi tri 16n nhat 13 6 O
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C. Ham sb Y =Sin°x —3sinX + 2 co gié tri nhé nhét 13 0 O
D. Ham s§ Yy =SinX —3sinX + 2 ¢ gié tri nho nhat 1a 6 O

CAu 6. Chon khing dinh dung, trong cic khang dinh sau:

i 2
A. Phuong trinh €0S2X +SIinX +2 =0 ¢6 ding mdt nghiémX €[ — ?ﬂ;—%]
. . \ a o 2T 7
B. Phuong trinh C0S2X +SInX +2 =0 c¢6 dang hai nghiém X € [—? ,—5]
. . s e o 2T T
C. Phuong trinh c0S2X +SinX +2 =0 ¢o6 ding ba nghiém X €[ _?’_5]
: : Y . 2r. &
D. Phuong trinh €0S2X +SinNX +2 =0 ¢6 ding bon nghiémX €[ — ?’_E]

Cau 7. Chon ménh dé dang trong cac ménh dé sau:
Nghiémt €[0;2] ctua phuong trinh COS[%(Zt -D]=11a

A.t=%vé1t=2 B.tZ% C.t=2 D. V6 nghiém
Céu 8. Hay chon cau tra 101 ding trong cac cau sau:

Téng cac nghiém X € (0;27) cua phuong trinh tanx = cotx a

A 1 B. 27 C.4rn D. Pép sb khac
Phin B. Ty ludn (6d)
Cau 9. Giai phuong trinh

a) tanx —tan2x =0

b) sinx —cosx +sin3x =0

Cau 10. Cho phuong trinh S in?X +cosX+m+1=0
a) Giai phuong trinh khi m=0.
b) Xac dinh m biét X =kz (k €[} 1am nghiém.
3.4. Két qua thwe nghiém
3.4. 1. Phan tich dinh luong
Qua bai kiém tra sau thuc nghiém chiing toi da thu dugc 42/42 bai va da to

chirc chdm bai, két qua thu duoc qua bang 3-2.

S6 héa béi Trung tam Hoc lieu — Pai hoc Thai Nguyén http://www.Lrc-tnu.edu.vn



www.VNMATH.com

91
Piém <5 5-6 7-8 9 10
Sb hoc sinh 0 5 29 6 2
Ti 18 % 0% 11,9 % 69 % 14,3 % 4,8 %
Bang 3-2

Tir bang s6 liéu & bang 3-1 va 3-2 cho ta thay:

- Pbi véi hoc sinh yéu kém sau thuc nghiém duoc hoc tip bang nhitng ciu
hoi va bai tap vira stuc s€ nam duoc kién thic co ban tot hon va c6 kha nang van
dung truc tiép hay twong ty dé 1am nhiing bai cau hoi va bai tap don gian so véi
trude thuc nghiém (0 % so vai 9,5% ).

- S6 hoc sinh kha gioi sau thuyc nghiém ting 1én rd dét so véi trude thuc
nghiém (88,1% so v&i 52,4 %). Hon nita s6 hoc sinh trung binh chi con 11,9 % so
v6i 38,1% trudce thuc nghiém.

Nhu vay, viéc st dung cau hoi va bai tap phan hoa trong day hoc ndi dung
“Ham s luong giac va phuong trinh lugng giac” mang lai hiéu qua cho hoc sinh
hi€u qua cao hon khi str dung cau hoi va bai tap déng loat cho moi hoc sinh.

3.4.2. Phan tich dinh tinh

Tt nhiing két qua thu dugc trong va sau khi thuc nghiém day hoc theo dinh
huéng phan hoa cé két qua cao hon khi day hoc su dung cau hoéi va bai tip dong
loat cho cac ddi tuong hoc sinh vé chat luong linh héi kién thirc va nang luc tu duy
va kha niang van dung kién thirc va ki ning giai toan.

Vé chat lwong linh hoi kién thirc

Trong khi cham bai kiém tra sau thy nghiém chung t6i thdy hoc sinh da nam
virng cac khai niém va cac ki ning co ban. P6 ciing 1 thanh qua cia viéc diéu tra,
quan sat, tham do y kién ciia timg hoc sinh bang phiéu (bang 3-3). Sau mdi tiét, mi
bai hoc trong qua trinh thuc nghiém. Dé tir d6 diéu chinh sao cho phu hop gitta noi

dung cau hoi va bai tap véi timg ddi twong nhan thirc cta hoc sinh.
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Mikc do dat dwge sau mdi bai hoc

Stt Noi dung bai Nhén biét Théng hiéu Van dung

Ham s6 lugng giac

Bai tap HSLG

PTLG co ban

Al W] N

Bai tip PTLG co ban

Mot s6 dang PTLG

don gian

Bai tap Mot ) dang
PTLG don gian

V& nang luc tw duy va kha ning vin dung kién thire

Ning luc tu duy dugc thé hién ¢ kha ning nhan biét van dé, kha ning phan
tich, so sanh, tong hop, khai quat hoa, dic biét hoa va van dung kién thirc dé giai
cac bai tap.

Nang luc tu duy, dac biét la tu duy sang tao ctia hoc sinh cua hoc sinh kha gioi

Vi du: C6 36 hoc sinh lam duoc ciu 5 chiém 88,1%, c¢6 10 hoc sinh lam
duogc cau 10(b) chiém 23,8 %.

Qua theo dai timg bai hoc trén 16p, chung toi thay khong khi hoc tap cua cac
em soi ndi, tich cuc va co tinh than hop tac. Hoc sinh phén khéi hon, tu tin hon
trong hoc tap (bang 3-4), trinh d6 cua hoc sinh dan duoc ting hon (dic biét 13 hoc
sinh yéu kém va kha gioi).

Phiéu tham do y kién hoc sinh (Lép 11A;-Trudng THPT Phuong Son)

(Em hdy dién ddu “+” vdo 6 trong twong iing ma em cho la ding)
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Murc @6 huing thu trong cac hoat dong hoc tap ¢ mdi bai hoc

Stt Noi dung bai Rit thich Binh thwong | Khong thich

1 | Ham sé luong giac

2 | PTLG co ban

Mot s6 dang PTLG

don gian

Bang 3-4

¢ Y Kkién cta hoc sinh

3.5. Tiéu két chwong 3

Két qua thuc dé tai cho thay gia thuyét khoa hoc néu ra di duoc kiém
nghiém theo nhiing ti€u tri sau day:

- Viéc xay dung cau héi va bai tap phan hoa l1a kha thi.

- Bai giang duoc thiét ké va giang day theo quan diém day hoc phan hoa trén
co s& su dung hé théng cau hoéi va bai tdp phan hoa that sy da tr¢ thanh cong cu
16gic hitu ich cho gido vién dé nang cao chit lugng day hoc ndi dung “Ham sb
lurong giac va phuong trinh lugng giac” noéi riéng va Toan hoc ndi chung.

- Bai giang duoc thiét ké trén co s& sir dung cdu hoi va bai tip phan hoa
khong chi mang lai cho moi d6i tugng hoc sinh nhiing tri thirc can thiét, ddy da hon
vé noi dung “Ham sé luong gidc va phuong trinh luong giidc” ma con giup rén
luyén cho hoc sinh cach tu hoc, phat trién nang luc tu duy cua céc dbi tuong hoc
sinh, quan diém nhin nhan cac su vat hién tuong thuc té, kha nang van dung cac tri

thirc dé giai quyét cac van dé cua khoa hoc va doi song.
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KET LUAN LUAN VAN

1. Luan van da hé théng héa mot van dé 1i luan vé day hoc phan héa, hé théng
héa co s& i ludn vé cau hoi, bai tap, cau hoi va bai tap phan hoa.

2. Luan van da néu 1én dugc thyc trang cia viéc day hoc phan héa moéon Toan
¢ truong THPT hi¢n nay, nhitng uu diém, nhuge diém cua viée day hoc phan hoa.

3. Luan vin dd dé xuét quy trinh x4y dung va st dung ciu hoi va bai tap phan
hoa hop 1i, co thé van dung dugc trong day hoc ndi dung “Ham sb lugng gidc va
phuong trinh lugng gidc” ndi rieng va day hoc Toan hoc noi chung, da xay dung
dugc 132 cau hoi va bai tdp phan hoa trong day hoc ndi dung “Ham sb luong giac
va phuong trinh luong giac” da thiét ké duoc cac bai giang ¢ st dung cau hoi va
bai tdp phan hoa nodi dung “Ham sé luong giac va phuong trinh luong giac”.

4. Bai giang duoc thiét ké va giang day theo dinh hudng day hoc phan héa trén
co s¢ sir dung hé théng cau héi va bai tap thyc su da trd thanh cong cu l6gic hitu ich
cho gido vién dé ning cao chit lugng day hoc ndi dung “Ham sd luong giac va
phuong trinh luong gidc” noi riéng va day hoc Toan hoc néi chung.

5. Két qua tuc nghiém su pham di ching t6 hiéu qua cta viée thiét bai giang
va day hoc theo dinh huéng phan hoa ndi dung “Ham sd luong giac va phuong trinh
luong giac” c6 nhitng vu diém sau:

- Mang lai cho moi ddi twong hoc sinh nhiing tri thirc can thiét, day du hon
vé ndi dung “Ham sd luong giac va phuong trinh luong giac™, phat huy t6i uvu ning
luc ca nhan ciia mdi hoc sinh, dam bao su cong bang trong gido duc.

- Rén luyén cho hoc sinh cach tu hoc, phat trién nang luc tu duy cua cac doi
tuong hoc sinh, quan diém nhin nhan cac su vat hién tuong trong thuc té, kha nang
van dung céc tri thitc dé giai quyét cac van dé cua khoa hoc va doi song.

Nhu vay, viéc xay dung va str dung hé théng cau hoéi va bai tap phan hoa
trong day hoc la hoan toan kha thi, dua trén co s¢ vé 1i luan vé day hoc phan hoa va
d61 moi phuong phap day hoc theo hudng tich cuc hoa hoat dong ngudi hoc, trén co

sO cau truc ndi tai cua chuong trinh Pai s6 va giai tich ¢ cap hoc THPT.
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T6i xin giri 10i cam on chan thanh, siu sic nhat téi PGS. TS Vuong Duong Minh,
nguoi thay di tan tm, hét long gitip d& t6i hoan thanh luan vin nay.

Trong qué trinh 1am luan van, t6i con nhan duogc sy giip d& nhiét tinh cua
cac thﬁy gido day Cao hoc Toan khoa 15, cia S¢ Gido dyc - Pao tao tinh Bic Giang
va Ban giam hi¢u truong THPT Luc Nam, truong THPT Phuong Son. T6i1 xin giri
101 cam on tdi cac thay, S Gido duc va Ban giam hiéu hai truong.

T6i cling xin gt 101 cam on t6i cac thdy co gido trong khoa Toan, khoa Sau
Pai hoc, cac cb gido ¢ thu vién truong di giup toi tu liéu va kién thic dé toi hoan
thanh luan van.

Sau cung toi xin giri 10i cam on t&i gia dinh, ngudi than, dong nghiép
va cac ban hoc d3 dong vién, giup d& toi rat nhiéu trong qua trinh hoc va lam

luadn van.

Bdc Giang, ngay 25 thang 9 nam 2009

Tac gia luan van
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DANH MUC VIET TAT
GV . Giao vién
HS . Hoc sinh

NXB : Nha xuétban

PPDH : Phuong phap day hoc
SGV : Séch giéo vién

SGK : Séch gido khoa
THPT : Trung hoc phé thong
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HE THONG BAI SOAN CO SU DUNG CAU HOI VA BAI TAP
PHAN HOA KHI DAY HQC NOI DUNG HAM SO LUOQNG GIAC
VA PHUONG TRINH LUQNG GIAC (gom 17 bai soan)

§1. CAC HAM SO LUOQNG GIAC (4tiét)

A. MUC TIEU

G1up hoc sinh
1. Kién thic:

= Co ban.
+ Hiéu: Dinh nghia c4c ham sd luong gidcy=Sinx,y=cosx,y =tanx,
y =CcotX voixla sd thue, x 1 sd cua goc (cung) luong giac.
+ Hiéu duoc tinh chén - 1é; tudn hoan va chu ki, TXD, TGT cua cac ham sb trén.
+ Biét dua vao truc sin; cosin; tang va truc cotang g'fm vo1 duong tron luong
giac dé khao sat su bién thién ctia ham s tuong ung, thé hién sy bién thién do
trén do thi.

< Nang cao.
+ Nim dugc mbi lién hé giira sb thue x (trén truc s6) véi diém cubi cua (goc) cung
luong giac (don vi trén tryc sd bang ban kinh dudng tron luong giac).
+ Nam duge cach tim chu ki ciia ham sd tudn hoan.
+ Biét cach xac dinh khoang dong bién, nghich bién cta ham sb trén.
2. Ki nang:

= Co ban.
+ Xéc dinh dugc tinh chin, 1¢ ciia ham s lwong giac, biét tim gid tri 16n nhat va
nhoé nhat; giao diém do thi véi truc hoanh.
+ Gitp hoc sinh nhan biét hinh dang db thi va cach v& db thi ham s luong giac.

< Nang cao.
+ Chung t6 duge ham s6 tuan hoan véi chu ki T>0.
+ So sanh dugc gita cac ham sd y =sinx, y=cosx, Yy =tanx va y =CotX véi cic
ham s6 d4 hoc (nhu ham s6 bac hai,...).
+ Tir d6 thi ta biét: TXD, TGT, tinh tuan hoan va chu ki, khoang don diéu (khoang
ddng bién, nghich bién). Pic biét tir ¢ thi ham sb c6 dang dudng hinh sin c6 thé
x4c dinh dugc ham sb luong giac, xac dinh diém cao nhét va diém thép nhat,...
3. Tw duy:
+ Phat huy tri tudng tuong, kha nang tai hién, kha nang phan tich, ...
+ Phat trién tu duy sang tao, tu duy khai quat hoa.
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4. Thai do:
+ Tich cuc tham gia vao cac hoat dong hoc tap.
+ Co6 thai d¢ nghiém thc va tinh than hop tac trong cac hoat dong hoc tap.
B. PHUONG TIEN DAY HOC

& V& gido vién:
+ Gido 4n; may vi tinh; may chiéu projecter; may hit(néu co); bang phu;
+ Phiéu hoc tap c6 chta cau hoi(bai tip) phan hoa cho cac ddi trong hoc sinh.
+ M6 hinh duong tron lugng giac véi cac truc sin cosin, sgi day, thude ké, compa,
may tinh CASIO-fx 500MS,...

& V& hoc sinh:
+ Bang phuy; may tinh CASIO-fx 500MS; thudc ké; compa, phén viét bang; ...
C. PHUONG PHAP DAY HOC

Van dap goi mé két hop véi t6 chirc hoat dong nhém, ca nhéan theo dinh
hudng phan hoa.
D. TIEN TRINH BAI HOC

Tiét 1

1. Cac ham sb y =sinx va Yy = cosX.
a) Pinh nghia
GV: Treo md hinh dudng tron luong gidc c6 gin toa do cac diém(hinh v& bén) va

truc s&(x’0x), c¢6 don vi trén truc s bang ban kinh dudng tron lugng giac.

GV: Goi mot HS (danh cho hoc sinh yéu won ¥
kém, hodc trung binh) nén xac dinh diém M“z“ X
cubi M coa sb do (goc Xx) cung MIU)AM :i?
AM =PQ =X véi: Hy
a) X= % ; b) x= 37”
HS con lai theo doi va du doan.
a) M=M2; b) M=M3.

GV: Phat phiéu hoc tap ) 01(thanh 4-6 nhém, mdi nhoém c6 cac doi tugng nhan
thirc kha giéi, trung binh va yéu kém).
GV: Chiéu phiéu hoc tap sb 01 1én phong (bang phu).

S6 héa béi Trung tam Hoc liéu — Bai hoc Thai Nguyén http://www.Lrc-tnu.edu.vn



www.VNMATH.com

Bai 1. Tra loi P-S

Cau 1. Mbi sb thuc x cho duy nhat mot sé do cung AM =X.

Cau 2. Mbi s6 thuc x cho duy nhat mot diém cudi M sao cho s6 do cung AM =X.

Cau 3. Co thé co hai sd thuc x trén truc sb cho cung mot diém cudi M trén duong
tron luong giac.

Cau 4. Mdi diém trén duong tron lugng giac ta xac dinh dugc vo s s thyuc x trén
truc $6

Cau 5. Toa do cua diém M(OH;OK ), OH =C0SX va OK =SinX.

T

Cau 6. a) sin
) 2

b)cos(—%) c) cos(2r) d)sin% e) sin(1,57)

HS tim hiéu dé bai, nghién ctru tim 101 giai, tw diéu chinh va ty kiém tra. Sau d6
nhom trudng téng hop cho két qua (bang phu hoic gidy trong).
Cdc nhom truong trinh bay va cac nhom con lai khac nhan xét.
GV: Cho nhan xét va chuan hoa kién thirc(néu can).
HS ghi nhan kién thitc:  Két qua: cauldén cau5(dap an ding).

2.
b) =~
GV: Nhu vay mdi s thuc x x4c dinh ... sinx? (danh cho hoc sinh trung binh).

Cau 6: a) 1. 01 d)%; o) I

HS Mai sb thuc X x4c dinh duy nhét mot gia tri sinx.
GV: DPay chinh 13 ndi dung dinh nghia ham s sin va ham s césin.
GV: HS phat biéu (danh cho HS kha gi6i)?
GV chuan hoé kién thic.
HS Ghi nhan dinh nghia (sach gido khoa).
GV: Hay cho biét tap xac dinh cia ham s6 sinx va ham sd cosx?
HS Ham s6 y =sinx c6 TXD: [, Him s6 y=cosx c6 TXD: Il
cv iR
x -

GV tuong tu nhu vay d6i véi ham cosin (Cho 1HS trung binh 1én bang xac dinh).
HS cos: | IIEGEIN

x I
GV: Hiy cho biét gia tri 16n nhat va gia tri nhé nhat cia ham sé (dank cho hoc
sinh yéu kém)? Tt &6 cho biét tip gi tri ctia cac ham sb d6?
HS: tra 101, sau d6 GV chuan hoéa kién thuc.
GV phat phiéu hoc tap s6 02
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Bai 2: Trong cac ham so sau, hdy cho biét ham s6 nao la ham so sin, ham so

cosin? Néu la ham so6 sin, cosin hdy cho biét tap xac dinh?

1) y =c(c 14 hing sb) 2) y=x2 3) y =—sinx

4) y:sin(x+%) 5) y=2sinXx.

Chu dinh danh cho HS yéu kém va trung binh: 1); 2). HS kha gidi: 4); 5).
GV c6 thé giai quyét nhimg van d& ma hoc sinh chua rd va goi ¥ cho hoc sinh khi
can thiét.
HS tim hiéu dé bai, nghién ctru tim 101 giai, ty diéu chinh va ty kiém tra.
GV cho dai dién hoc sinh thudc timg dbi tuong tra 10i? hoc sinh con lai theo doi
va nhan xét? Gido vién chuan hoa kién thic bai 1am cta hoc sinh (néu can).
HS ghi nhén kién thic va tri thirc phuong phap.
GV: HS hdy so sanh sin(—x) vé&i sin X ? va So sanh cos(—X) vai cosx ?
Hay cho biét tinh chin 1¢ ctia ham s6 Yy =sinX va y =Cosx ?

HS tra 10, sau d6 GV nhén xét, dong vién(khi tra 101 dung) va chuan hoa kién thirc.
b) Tinh chit tudn hoan ciia cac ham s6 lwong gidc Y =SiNX va y = COSX
GV yéu cau HS phat biéu dinh nghia ham sb tuan hoan va chu ki (SGK).
GV: Hay so sanh sin(x+k2x)véi sinx ? véi k [ (danh cho HS trung binh).
HS: sin(x+k27z) =sinx véi moi x (k ).
GV: Néu sin(x+T) =sinx véi xe[jthi T =2
HS: T=2kx
GV: tuong ty v&i cos(x+T)=cosx vai moi x (K e[}, c6 T=2kx
GV giai thich “tudn hoan” tirc 14 khi ta cong thém boi cua chu ki(T=k27,k e[
vao bién s6 thi gia tri cia ham s6 khong thay d6i.
GV: Nhu vdy Ham Yy =sinX, y=C0SX c6 la nhitng ham s6 tuan hoan ? chu ki ?
HS: ham sd Yy =sinx, y=c0sX la nhitng ham s6 tuan hoan v&i chu ki T=27x
GV: Muén chimg t6 ham ham s6 Y= f(X) tuin hoan vdi chu ki T ta lam nhu
thé nao?(danh cho HS kha gioi).

+ Chirng t6 duge f(X+T)= f(X) véi Vxe D (danh cho hoc sinh trung,

yéu kém).
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+ Phai ching t6 T 1a s6 duong nho nhat thoa man f (X+T) = f(X).
GV: Hiy ching t6 ham s Yy =sin2x 1a ham s tuan hoan véichuki T =7
(1 HS kha gioi 1én bang lam)?.
(GV c6 thé goi y dbi voi HS yéu kém, qua sat hoc sinh 1am bai, ggi mé HS trinh bay).
Loi giai:
bat f(x)=sin2x,tacoé: f(X+x)=sin2(x+x)=sin(2x+2x) =sin2x= f(x)
Bay gio ta gia sir ton tai s6 O0<T, <7 va thoa min dau bai, ta chimg minh

T:Tl.

That vay taco f(x+T,)=sin(2(x+T,) =sin(2x+2T,)=sin2x,vx <l
Tacho X :% nén co sin(§+2T1) :sin(g) =1 Suyra %+2T1 :%+2k7z, kel

Twdo Ty =kr ke | W T, duong nho nhat, nén T =T

Vay: ham s6 Y =Sin2x1a ham sb tuan hoan véichuki T =7 .
GV chuén hoa kién thirc(néu can).

HS nghién ctru tim 101 giai, ty didu chinh va ty kiém tra, ghi chép
GV Phat phiéu hoc tap sb 03.

C6 thé trinh chiéu bang may tinh(bang phu).

(chia 1am 4-6 nhom, c6 céac loai di twong nhan thirc)

Bai 3. (tra 161 B-S)
A) Ham s6 Y =C (vdi ¢ 1a hang s) 14 ham tuan hoan véi chu ki T =07
B) Ham s6 Y =C (v6i ¢ 1a hang s6) 12 ham tuan hoan, nhung khong ¢ chu ki?

C)Hamsb y= x2 - x—1 khong phai 13 ham s6 tuan hoan.

\ £ X iy A A N X
D)Hamso y= COSE la ham s6 tuan hoan véichu ki T =2r7.

\ £ X iy A A g X
E) Hamso y= COSE la ham s6 tuan hoan véi chu ki T =4r.

F) Hims6 Yy = [sinx|1a ham s6 tudn hoan véi chuki T =27.
G) Ham s6 y =[sinx|la ham s6 tudn hoan v&ichuki T =7.
HS nhom tw nghién citu, thao ludn. Sau do hoc sinh nhom truong tra loi.

GV danh gia gita cac nhom, nhdn xét va chuan hoa kién thirc(néu can).

S6 héa béi Trung tam Hoc liéu — Bai hoc Thai Nguyén http://www.Lrc-tnu.edu.vn




www.VNMATH.com

% Cung co:

GV st dung bang phu da ghi ndi dung bai 4
Bai4: Ding bang phu dé hoc sinh hodan thién(sir dung mdy vi tinh dé trih chiéu, roi
cho hoc sinh tra loi).

Hay dién nhiing tr, cum tur thich hop nhét vao “...” sau:

1) Him s6 y =sinX co6 bién so x la.....

2) Him sb Y =SinX €6 ................ ]
3) Ham s6 Y =C0SX c0 tap........... B, gia tri 16n nhat ....... , gia tri nho nhit 1a.....
4) Ham s6 y=sinx laham s ....... nén do thi nhan .....1am tam d6i xtmg.

5) Ham s6 Y =C0OSX 132 ham chin N80 ...........cooooueveeeeeeeeeeeeeeeeeeeeeeeeen.

6) Ham s6 y=SinX 1a ham ............ v6i chuki ...

S < 1, s b A -
7) Ham so y = COS(X+E) |4 ham s6 tuan........ VOI ...

8) Ham sé Y =cosX va Ham s6 y =sin(x +%) déuco ... 1a [, tap gia trila..... .

9) Him s6 Y =SiN3X 13 cooovveveeeeieea vGi chu ki ...........

10) Ham s6 Y =c(c la hing s6) 1a ham s6 ............. , nhung khong ¢6 ........

+¢ Bai tap phan hoa vé nha:

Ra bai tip phan héa vé nha:

Phén chung cho ca 16p : 1b; 2b; 2c; 3a; 3b; 6a.
Phan danh cho hoc sinh yéu kém va trung binh : 1a; 2a; 7a; 8a.
Phan danh cho hoc sinh kha gioi : 1c; 2d; 3c; 8c; 8d.

Bai tap ra thém
Phéan danh cho hoc sinh yéu kém  : Bai 1.7 ¢ (SBT-1r7)
Phéan danh cho hoc sinh trung binh : Bai 1.10a,b (SBT-tr7)
Phéan danh cho hoc sinh kha gioi  : Bai 1.6 a,b (SBT-tr7)

Phan chung: On gia tri luong giac ctia nhimg cung (goc) dic biét.
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§1. CAC HAM SO LUQNG GIAC
Tiét 2

¢) Su bién thién va vé dd thi ham sé y =sinx
GV: Phat phiéu hoc tap sb 02
(Chu dinh chia thanh 4-6 nhom c6 cung ddi trgng nhan thirc).

Noi dung
2A) Em hiy cho biét gia tri cua sinx ting hay

giam (thay do6i ntn?) tir ddu dén dau? Khi x thudc

mo1 doan sau:

a) Xe[-ﬂ';-%]. C) XE[O;%].
T . T,
b) XE['z,O]. d) XE[i,ﬂ-] B'(0:-1)
2B) Khi thay d6i trén doan x[0;2 7] H.2.1la H.2.1.b

thi y =sinx thay d6i ntn?
Chu dinh

24) danh cho hoc sinh yéu kém va trung binh
(co hinh vé minh hoaq).

2B) Danh cho hoc sinh kha gioi.

H.2.1.c H.2.1.d

+ Sau khoang 5°. Gido vién goi 2 | X

hoc sinh trong nhém 2A; 2B, roi

cho cac nhém nhan xét. Cudi ciing /' 1\
gido Vién chuan hoa kién thuc va | Y=SINX 0\ /9 0
dong thoi cho hoc sinh 1én bang dé )

dién vao bang bién thién cua gia tri
ham so

(V& san).

GV: Hay cho biét tai sao ta chi can xét trén doan [0; 7 ]?
Trén doan [0; 77 ] d6 thi ham sb di qua nhimng diém dic biét nao?
Sau d6 GV treo bang phu (cho hoc sinh dién gia tri ciia ham s6 vao bang).

(Cau hoi danh cho ca lop, xong chu dinh danh cho hoc sinh trung binh,).
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s T T T 2 3z 57
. X 0| = — — — — — — |\
GV chuin 6 4 3 2 3 4 6
ho4 kié .
oa xien y=sinx [0 1 ﬁ ﬁ 1 ﬁ ﬁ 1 0
thuc. 2 2 2 2 2 2
~0,71 | =0,87 ~0,87 | =0,71

GV: Yéu cau hoc sinh hoat dong

theo nhoém (co dir cac dbi tuong

yéu kém, trung binh, kha gioi) va

chu dinh m¢t em khé gidi 1én bang o

Tl

a

7T
6

trinh xac dinh cac diém dac biét
do.

GV: Tiép theo, khoang 3’ cho cidc nhom nhéan xét, yéu cau hoc sinh xac dinh
nhiéu
diém thudc do thi bang cach cho nhiing gia tri x thudc doan dé, gido vién chuan
hda nhu hinh 2.2.
GV: Hiy néu cach v& d6 thi ham s6 y =SinX trén doan [-7 ;7 ]?

(Cau hoi cho ca 16p, xong chi dinh cho hoc sinh trung binh).
HS: D6 thi ham s y =sinx trén doan [-77 ;77 ] gdm phan d6 thi ham sé y =sinx
trén doan [0; 77 ] ciing véi hinh ddi ximg v6i nd qua gdc toa do 0(0;0).
GV: Hiy cho biét cach v& do thi ham s y =sinx?
+ Cdu hoi cho ca lop, xong chu dinh cho hoc sinh kha gioi
+ C6 thé sir dung m6 hinh dong (phan mén GeometrSketchpad).
GV: Tinh tién d6 thi y=sinX trén doan [-7 ;7] theo truc hoanh sang trai, sang
phai nhiing doan c6 d6 dai 2, 4 , 6z , ...thi ta dugc toan bd dd thi ham
s Yy =sinx. Po thi d6 duoc goi 1a duong hinh sin. (H.2.3)

H.2.3

S6 héa béi Trung tam Hoc liéu — Pai hoc Thdi Nguyén http://www.Lrc-tnu.edu.vn




www.VNMATH.com

Phiéu hoc tip s6 03  (4-6nhém, mdi nhém cac ddi twong nhan thirc).

Tra loi dung-sai?
Cau 3.1) P6 thi ham s6 Y =sinx 1a mot duong Parabol, c6 diém cao nhit voi tung
dolal.
Cau 3.2) P thi ham s Yy =sinx 1a mot dudng hinh sin, ddi xtmg véi nhau qua
géc toa do, co diém cao nhat c6 tung dola 1, diém thép nhét ¢ tung d¢ la -1.
Cau 3.3) Puong thang y=me[-1;1] ludn cit d6 thi ham s y =SinX tai vo sd
diém.

Cau 3.4) Trén [37”;2#] ham sd Y =Ssinx nghich bién.

Cau 3.5) Ham s y=sinx luén ddng bién trén mdi khodng [2k;;;%+k27z] véi

kel}

Cau 3.6) Hai diém cao nhat cua db thi Ham s Y =SinX c6 khoang cach nho nhat

la2r.

Cau 3.7) T dd thi ham s& Y =sinX, suy ra dd thi ham s§ y=sin(x+Z) bing
y 2

Y \ o T )
cach tinh tién theo truc hoanh sang trai — don vi.

Danh cho hoc sinh kha gioi: 3.6, 3.5; 3.3, 3.7
Danh cho hoc sinh trung binh va yéu kem: 3.1; 3.2; 3.3; 3.4;

+ Sau 3’°, cac nhom truong cho két qua va nhan xét, giao vién chuan hoa (néu
can).

d) Su bién thién va vé do thi ham sé Yy = cosx
GV: V61 moi x hdy so sdnh cosx va sin(x+%)? HS cosx = Sin(x+%), vxell}

GV: Hay cho biét cach v& d6 thi ham s6 Y =cosx tir d6 thi ham s6 y=sinx?
(danh cho ca l6p, chu dinh danh cho hoc sinh kha gioi).

. e A . . L. ~ , an qae T . 4 A
HS Tinh tién do thi Yy =SInX sang trai mot doan c¢6 do dai 5 Khi d6 ta duogc do

thi ham s6 Y =C0SX va ciing dugc goi 1a d6 thi dudng hinh sin.(H.2.4)

L2
y
T y=sinx
/><\ o) /><t
7 X . \g
j X+ > . y=cos

H.2.4
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+ Tir d6 thi ham s6 Y =C0SX, | +

hiy xac dinh bang bién thién | X ~7 0 7

trén doan [ —7; 7 ]? 1
(danh cho hoc sinh kha) y=SInx / \
-1

GV: c6 thé str dung may vi tinh va mdy chiéu dé mo ta su bién thién cua ham sd
Yy =COSX .

GV: Khi x thay doi thi y=c0sX thay d6i ntn? Do thi ham sé Yy =C0sX cé dic
diém gi? Trén doan [—7;7 ] ham sb Yy =C0sX ddng bién hay nghich bién? Ham sb
y =C0sX ddng bién trén mdi khoang [ -7 +k27; k27 ] véi k e

s Cung co:

Phiéu hoc tap s6 04
Trong cac khing dinh sau, cho biét khang dinh nao ding? khang dinh nao sai?
1) Him s6 y=sinXx va y=C0SX la nhiing dong bién trén mdi khoang
[-r+k2mk27] voi k |}
2) Ham s6 y=sinXx va y=cosX la nhimg nghich bién trén mdi doan

[—%+k2ﬂ;k2ﬂ] véi k e[}

3) Trén doan [%;7[] cac ham s6 Y =sinx va y =cosx la nghich bién.

4) B6 thi ham s6 Y =SinX va y =cosX la nhimg dudng hinh sin.
5) D6 thi ham s& Yy =c0SX 1udn di qua diém c6 toa d6 1a (k27;1) véi k e[|}

z
2
bién, con ham sd Y = C0SX nghich bién.

6) Trén mdi doan [%+k27z; +k277] voi k e[ thi ham ham s6 y =sinx dong

7) P6 thi ham s y=COS(X-%) duoc suy ra tir d6 thi ham s6 Yy =CO0SX bang

, . e , T . ,. B c A \
cach tinh tién theo véc to ZI (voi 1 1a véc to don vi trén truc hoanh).

Chu dinh
Danh cho hoc sinh kha goi: 5); 6); 7).
Danh cho hoc trung binh: 3); 4).
Danh cho hoc trung binh: 1); 2); 3).
+ Sau khoang 3°-5°, gido vién goi mdt s6 hoc sinh tra 101 cho nhan xét, gido vién

chuan hoa kién thuec.
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% Ra bai tdp phan hoa vé nha:

+ Bai tap ra chung cho ca 16p

+ Bai tdp danh cho hoc sinh kha gi61

Bai tap ra thém

: HDS; bang nghi nhg; bai 116
+ Bai tap danh cho hoc sinh yéu kém : Bail2b; 11b.
+ Bai tap danh cho hoc sinh trung binh : Bai 5a; 12a.

: Bai 5b; 10; 11c; 13.

(SGK

Khao sat su bién thién va v& dd thi ham sd:
a. y=-sinx, y=-cosX (hoc sinh yéu kém)

b. y=[sinx|, y=|cosX| (hoc sinh trung binh)

c. y=sin|x|, y=cos|x (hoc sinh kh4 giéi)

tr 14-17)

§ 1. CAC HAM SO LUOQNG GIAC
Tiét 3

Hoat dong cua giao vién

Hoat dong ciia hoc sinh

Phat phiéu hoc tap sdl(chiéu phiéu
hoc tap s611én phong ).

Cho hinh vé& (H.3.1)
YA TN

truc cotang B

S
/ DI
A 0 3 LS
\<P/KA(I;O) ’

B

H.3.1

Hay xéc dinh:
a) Tinh tanx theo sinx va cosx.
b) Tinh tanx theo AT .
¢) Tinh cotx theo sinx va cosx.
d) Tinh cotx theo BS .

Danh cho ca l6p song chu dinh danh
cho hoc sinh trung binh.

Sau 3’-4” goi hoc sinh tra 161 va cho

hoc sinh nhan xét, gido vién chuéan hoa

kién thire (néu can).

truc cotang

y A tAtruC tang

B

yd

Ve

H

Ma

0

>

nx
a) tanx = >

b) tanx = AT .

d) cotx=BS .

>/KrA(1;O)

voi cosx = 0.
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2. Cac ham sb y = tanx va y = cotx
a) Pinh nghia
HS phat biéu dinh nghia (SGK)
GV: tim x dé sinx =0
(dua vao H.3.1) va cho hoc sinh phat biéu dinh nghia ham s6 cotang (SGK).
GV hiy cho biét tap xac dinh cta ham s6 y=Cotx? cho biét y nghia hinh hoc cia
ham sé y=tanx, y=cotx?
(danh cho ca lop, xong chu dinh cho hoc sinh trung binh).
HS theo (hinh v& H.3.1) ¢6: tanx= AT ; cotx=BH .
ham s6 y=tanx 1a ham s6 1¢é vi néu x € D, thi -xe D, va tan(-x) =-tanx.

Va ham s y=cotx 1a ham s 1¢ vi néu xe D2 thi -xe D2 va tan(-x) =-tanx.

GV hay cho biét tap gia tri cia ham sb y=tanx, y=cotx?
(danh cho ca 16p, xong chii dinh cho hoc sinh yéu kém).
GV hiy so sanh tip xac dinh va tip gid tri cia cac ham sb sau:
y=tanx, y=cotx, y=Sinx, y=Cosx ?
(danh cho ca 16p, xong chii dinh cho hoc sinh yéu kém).
HS tra 161, nhan xét, gido vién chudn hoa lai kién thtrc(néu can).
b) Tinh tuin hoan
GV hay so sanh: tan(x+ 77 ) véi tanx, cot(x+Kr ) véi cotx? (voi k )
(Chii dinh goi hoc sinh yéu tra 10i)
HS tra 161, GV chuan hoa kién thirc(néu can).
% Cung cd
Phiéu hoc tap s6 2 (Hoat dong theo nhom c6 cac dbi tugng hoc tap)
Chon dung-sai trong cac ménh dé sau:

2

1) Ham sd y=Sinxcos“x+tanx 1a ham sd 1é.

2) Ham sd y=|[tanx|1a ham sb 1¢.
3) Ham sb y=|tanx|la ham s6 chén.
4) Ham s6 y=tan|x| 1 ham s 1é.

5) Ham s y=tan|X| 1a ham sb chin
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6) Hamsd y=

1 6 tap xac dinh 1 N
SINX

, 1 .
7) HimsOoy= co tap xac dinh 1a
) Y= osx ap i “

8) Ham s y=tanx va y=Cotx c6 clng tap xac dinh.

9) Ham s y=tanx va y=Ccotx c6 ciung tap gia tri.
10) Ham s6 y =cos’x+sin’x 14 ham s6 chin, tuin hoan va khéng c6 chu ki.

11) Ham s6 Ham s6 y=c0s*X + sin’x 12 ham sb chin, tudn hoan va c¢6 chu ki.

12) Ham s6 y:tang ¢6 chu ki tudn hoan 13 27 .

13) Ham s6 Ham s y:tang c¢6 chu ki tuan hoan 1a %
\ A 173 £ X A s T
14) Ham s6 Ham so y:COtE c6 chu ki tuan hoan la 5

15) Ham s6 Ham sd yzcotg ¢6 chu ki tudn hoan 1a 27 .

Sau khoang 5°. GV yéu cdu nhém trudng tra 101 va chuan hoéa kién thirc.
% Ra bai tap phan hoa vé nha:
+ Bai tap ra chung cho ca l6p : Bai 1b; 1d; Hoc thudc bang ghi nh&
+ Bai tip danh cho hoc sinh yéu kém : 7b; 7c..
+ Bai tdp danh cho hoc sinh trung binh : Bai 2d; 3d.
+ Bai tdp danh cho hoc sinh kha gioi : Bai Ic; . (SGK tr 14-16)
Bai tap ra thém :
Phéan danh cho hoc sinh yéu kém  : Lam phiéu hoc tap s6 2
Phéan danh cho hoc sinh trung binh : Bai 1.10 (SBT tr 8)
Phéan danh cho hoc sinh kha gioi  : Bai 1.9 (SBT tr 8)
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§1. CAC HAM SO LUOQNG GIAC
Tiét 4
GV: Phat Phiéu hoc tap s6 01 (sir dung bang phu hodc may chiéu hoic phat phiéu)
1. Hay cho biét chu ki, TXD, TGT ctia ham sé Y =tanx (y = cotx)?
2. bé khao sat va vé dd thi ham sb y =tanx dugc thudn lgi ta xét trén khoang

nao? tai sao?

3. Cho hinh v&

Hiy cho biét sy ting, giam cua

ham sé Yy =tanx trén:

a) (—%;0] b) [O;%)

H.4.2 H.4.1

Sau 3’, yéu cau HS tra 101 va GV chuén hoéa kién thuc.

¢) Su bién thién va d6 thi ciia ham s6 y = tanx

GV trén (—g ; %) ham sé y=tanx thay doi ntn? Ham s6 dong bién trén timg

V4 V4 . .
khoing (——+kz;—+kz ) v6i k e[| Tai sao?
2

HS tra 16, GV chuéan hoéa kién thirc.

GV: Pé vé dugc d6 thi ham sb y=tanx trén tdp xac dinh ta thyc hién nhiing
budc nao? (Cdu hoi cho ca lop, xong chu dinh danh cho hoc sinh kha gio).

HS Ta vé trén ntra doan [O;%) sau d6 1ay thém phan dbi xting vdi nd qua gbc toa
d6. Tiép theo ta tinh tién sang trai, sang phai nhitng doan c6 d¢ dai ;27;37;...

GV: Giao vién chuan hoa kién thirc(néu can).

GV: Xéc dinh bang bien thién trén | 0 i
[0.2)? :
15 .
+00
(Chu dinh danh cho hoc sinh trung binh | Y =1anx /
tra loi) 0
HS tra 101 bang bén.
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GV: Xac dinh bang bién thién trén bang

giétritrén[O;%) X 0 % % % %
(chii dinh danh cho hoc sinh yéu kém) +00
3
y = tanx 1
1
Na
0

gx) =tan(x) X

Xac dinh cac diém dic biét trén hé truc /

toa do(luu y duong théng X= % )

GV: HS nhan xét:

(chu dinh danh cho hoc sinh yéu kém, trung binh, kha gi6i theo ther ty y 1, 2, 3),
sau d6 gido vién chudn hod (néu can).
HS khi x thay ddi, ham s6 y=tanx co tap gia tri 1a [l Do thi nhan gé)c toa do
1am tAm ddi xtmg.
GV giai thich tir “tiém can”?

z
2
d) Sw bién thién va a6 thi ciia ham s6 y = cotx

Db thi nhén cac duong théng x==+kz voi k e . lam cac duong ti¢m can.

GV: Hay néu tap xac dinh, chu ki tuan hoan cua ham sé y =cotx?
(Cdu héi cho cd 16p, xong chii dinh danh cho hoc sinh yéu kém)
HS tap xac dinh D, = _, ham sb tuan hoan véi chu ki 7.

GV: Khao sat sy bién thién va v& do thi

clia n6 tuong ty nhu ham s6 y =tanx .

(bang bén)

GV: Cho hoc sinh nhan xét vé d6 thi ctia ham s6 Y = COtX ?(Cdu héi cho ca I6p

xong chu dinh danh cho hoc sinh trung binh)
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HS khi x thay d6i, ham s6 Y =CotX c6 tap gia tri 1a[ll. P thi nhan gdc toa do lam
tam d6i xtng. D6 thi nhan cac duong thang x =Kz v6i k € | 1am cac duong tiém
can.

% Cung co:

Phat phiéu hoc tap sb 02

bién nhiing tir con thiéu vao cho “...” sao cho phu hop:

1) Him s6 Yy =COtX ¢6 tAp x4c dinh 12 .....covveveeeeeeeeee. ,tap giatrila ...
2) Him s6 Yy =tanX co tap xac dinh 13 ..........ocoovvvvevereeeeeenn , tap gia tri la ...
3) Him s6 Yy =tanX 1a ham sd......, nhan .........ccccocovenne... 1am tAm dbi xtmg.

4) Ham $6 y=cotX la........... 1é, nhan géc toadolam .......ccccoevvvveennnnnn

5) Ham s6 y=cotxva y=tanxX 1a hamsb ...... véi chu ki ....

6) Ham s6 Y =CotX dong bién trén mdi KhoAng ...........coccovvvevevveeeeenne.

7) Ham s6 Y =tanx dong bién trén mdi Khoang ............cccovvvevevveveveeeenn,

8) D6 thi ham s6 Y =tanX nhan mdi dudng thang ...........ccccoveveevererneenan.. lam mat
duodng tiém can.

9) B thi ham sé Y = cotx mdi duong thang x=kz voi K e1am ........c..c..........

10) Trén khoang (BTlﬂi—Si”) him s6 Y=tanx1a ... bién, trén khodng
(977[?%) ham s§ y =COtX Ia .............. bién.

% Ra bai tap phan hoa vé nha:
+ Bai tap ra chung cho ca 16p:
Hay lap bang dé so sanh gitta cac ham sd
y =Sinx,y = Cosx, y = tanx, y =cotx .
+ Bai tap danh cho hoc sinh yéu kém va trung binh: Bai 4(Tr.14 SGK ).
+ Bai tdp danh cho hoc sinh kha giéi: Vi du (Trl5 SGK),
Bai tap ra thém
Phén chung cho ca 16p): On phan phép bién d6i do thi ¢ 16p 10.
Phan danh cho hoc sinh yéu kém) : V& d6 thi cac ham s
y =Sinx,y =Cosx, y =tanx, y =cotx .
Phéan danh cho hoc sinh trung binh) : Bai 1.10 (Tr 8 SBT).
Phéan danh cho hoc sinh kha gioi)  : Bai 1.12(Tr8 SBT),
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LUYEN TAP (1 tiét)
A. MUC TIEU
1. Kién thirc:
= Co ban.
+ Gitp hoc sinh cung cb kién thic vé cac tinh chat chin-1é, tinh chat tudn hoan
va tip gia tri cia ham sb.
+ Cuing cb cho hoc sinh bai tap vé do thi ctia ham sb lugng giac.
< Nang cao.
+ Xac dinh gia tri 16n nhat, nho nhit(néu c6) ctia ham sé luong giac.
+ V& d6 thi ctia ham sb dugc suy ra tu dd thi ham sd ¢6 lién quan.
+ Tir do thi doc duoc cac tinh chat, xac dinh dugc biéu thic ctia ham sb, ...
2. Ki nang:
= Co ban.
+ Giai duogc cac bai vé su bién thién cua cac ham sb luong gic.
+ Mdi lién hé giira do thi va tinh chit cia ham sb lugng giac.
< Nang cao.
+ Giai duge mot s6 bai toan lién quan téi thuc tién vé tinh tudn hoan va chu ki.
3. Tw duy:
+ Phat huy tri twong tuong, kha nang tai hién, kha nang tu duy phan tich, ...
+ Phat trién tu duy sang tao, tu duy khai quat hoa.
+ Phan biét duogc cac khai niém va van dung trong tirng trudng hop cu thé.
4. Thai d¢:
+ Tich cuc tham gia vao cac hoat dong hoc tap.
+ Co6 thai do nghiém thc va tinh than hop tac trong cac hoat dong hoc tap.
B. PHUONG TIEN DAY HQC
= Ve gido vién:
+ Gido 4n; mdy vi tinh; may chiéu projecter; may hat(néu co); bang phu, ...
+ Phiéu hoc tap c6 chta cau hoi(bai tp) phan hoa cho cac doi tugng hoc sinh.
+ M6 hinh dudng tron luong gidc voi cac truc sin cosin, thudc ké, compa, may
tinh CASIO-fx 500MS, ...
& Vé hoc sinh:
+ Bang phu(nho); may tinh CASIO-fx 500MS; thudc ké; compa, phan viét bang;
sach giao khoa,...
+ On lai nhitng kién thtrc c6 lién quan nhu cong thirc bién doi lugng giac, tinh

chin 1é, tinh tién do thi, ....
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C. PHUONG PHAP DAY HQC
Van dap goi mo két hop véi td chtrc hoat dong nhoém, cé nhan theo dinh
hudng phéan hoa.
D. TIEN TRINH DAY HQOC
% On dinh 16p: 1’
% Tién trinh bai hoc:

Phén dang bai tip va té chirc hoat ddng giai bai tip cho hoc sinh.

Dangl: Tim tdp xdc dinh va gid tri I6n nhdt, gid tri nhé nhat ciia ham so.

Kiém tra bai cu:

Cho cac ham s6 Yy =sinX, y=cosX, y=tanx, y=cotx Hay néu tip xdic dinh,
tdp gia tri, tinh tuan hoan, chu ki?

Cau hoi chung cho ca 16p, xong chu dinh danh cho hoc sinh yéu kém, trung binh.

GV chuin hoa lai kién thiec.

Bai tap s6 1
a)Tim tdp xdc dinh ciia méi ham sé sau (phdt phiéu hoc tép sé 01):

. y=Ll-cosx 3 y—_t 1
sinx sinx  cosx
2. y=+/sinx-1 4, y:tan(2x+%)

GV c6 thé st dung bang phu, may chiéu, phiéu hoc tap. Sau khoang 3°-5°, cho hoc

sinh nhan xét, gido vién chuan hoa kién thirc (néu can).

b)Tim gid tri [6m nhat, nho nhat(néu co) cua ham so.

Phiéu hoc tap 5602 1) hinh v&
GV: St dung bang phu (chiéu dé bai
Ién phéng).

Tim gid tri I6m nhat, nhé nhat(néu co)
ciia moi ham sé6 sau:
1) y=sinx trén [0; 7]
- + Gi4 tri 16n nhat 1 0 khi x ==,
2) y= Zcos(x+§) +3. , 2
+ Gia tri nhd nhat 1a 0 khi x=0.
V4

3) y=sIinX trén doan[—%;—g]. 2) Do —1<cosx <1, Vx <] nén:
+Gia tri 16n nhat 1a 5 khi x=k27,k ||

4) y=4sin/x ,
) y v L a | tGié tri nho nhat 1a 1 khi
-Danh cho hoc sinh yéu kém, trung binh x=r+k2z.k <l
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y 1),2) 3) hinh v&
-Danh cho hoc sinh kha gioi 3),4)
+ C6 thé st dung mo hinh dong dé kiém

ching.

+ Gido vién ghi nhd cho hoc sinh: Co
thé sir dung do thi dé xét, danh gia truc

tiep. Tu ta gid tri cling c6 thé suy ra gia ﬁ i 7

+ Gi4 tri 16n nhit 1a —

tri 1on nhat, gia tri nho nhat, ...
+ Gi4 tri nh6 nhét 1a -1 khi x:—%.

4)

+ Gia tri 16n nhat 1a 4 khi
x:(%+2k7r)2,k=0,],2,....

+ Gia tri nho nhat 1a -4 khi

x=(—%+2k7z)2,k ~012,....
+ Ghi nhé: St dung duong tron lugng
giac, d0 thi va danh gia dé tim gia tri 16n

nhat, gia tri nhé nhat ctia ham so.

Dang 2: Tinh chdn Ié ciia ham sé.

GV: Neéu cach xac dinh ham so6 la chan, 1€? Sau do giao vién chuan hoa kién thic.

Bai tap so 2 X¢t tinh chan, 1€ cia moi ham s6 sau:

1. y=tan|x| 2. y = tanx-sin2x
T .
3. y:cos(x-z) 4. y =4sinx

Chii dinh hoc sinh yéu kém tra 16i Yo( Sau khodng 3).

Hoc sinh trung binh tra loi y, hoc sinh kha gioi tra 10i y3 4.
GV goi 1-2 hoc sinh nhan xét, gidao vién chuan h(’)a(néu cﬁn), dong vién hoc sinh
tra 101 dung.
Ghi nhg: Ham s6 y = f(x) co tap xac dinh 1a D chira

+Néu —X & D thi ham s6 d6 khong chén, ciing khong 1é.
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Dang 3: Tinh tuan hoan, chu ki.

GV: Hay néu cach xac dinh tuan hoan, chu ki cua ham so?

Goi 1 hoc sinh yéu kém nhac lai, gido vién chuan hoa kién thirc?

Str dung phiéu hoc tip(4-6 nhom cé phan loai dbi twong nhén thuc).

Sau khoang 4°, goi 1 hoc sinh & mdi dbi tuong tra 101, 1-2 hoc sinh khac nhéan

xét, cudi cung gido vién chuan hoa kién thirc(néu can). O day gido vién c6 thé goi

¥, giai thich nhimng thic mac cta hoc sinh, c6 thé sir dung chiéu 1én phong.

Ghi nhé: Néu tim dugc s tudn hoan T thi ta ¢6 thé tim duoc chu ki ctia ham sé.

Dang 4: Khdo sat sw bién thién va vé do thi cia ham so.

Bai tip s6 5(bai 13 Tr 17 SGK)

X

>

a) Chimg minh rang v6i mdi sb nguyén

k, f (x+kdr)=f(x),vxc|}

b) Lap bang bién thién cua ham sb

Xét ham sé y = f (x) =cos

y= cosg trén doan [ —27;27].

¢) V& d6 thi ham s§ y=C0SXva y= cosg
trén cung mot hé truc toa do.

d) Trong mit phing toa do Oxy, xét phép
bién hinh F bién mdi diém(x;y) thanh diém
(x’;y’) sao cho X’=2X; y’=Y. Chirng minh
rang F bién do thi ctia ham s6 Y =C0SX
thanh dd thi ham s y = cosg .
d)Str dung mo6 hinh dong
(tiét5-911)-bai tap vé nha.

a) Ta
X+kd
2

X
=cos—,vx < I

Tu

cos(

):cos(§+k27z)

co

do

f (x+kdr)=f(x),vx< | IR

b) Bang bién thién y:cosg trén

doan [-27;27].

X 27 —7T 0 ju 27
X -
2 T 70 g P
cosx 0 /J \?)

-1 -1

Do thi (H.5.3)

A
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¢) D6 thi (hinh v&)
yA

1] Y=COSX.

y=cosx(x/2)

GV: Minh hga mo hinh dong vi du tr 15 SGK.

% Cung cb: 3’
Phiéu hoc tap

Tra 101 ding-sai trong cac khang dinh sau:

1. Ham sd y =+/cosx-1 +1—cos?x x4c dinh khi x=k27,k €||j

2. Ham sb y=sinx trén [—%;0] c6 gia tri 16n nhit 13 0 khi x =K,k [Jva gia

trj nhé nhat 1a -1 khi X = —%+ k2, k<l}

3. Ham s6 y=tanXx dong bién trén [a;b] thi ham sd Y = cot X nghich bién trén do.
2 2

4. Ham s6 Y =C0S“X—sin“ X 1a ham sb 1é.

5. Ham s6 Y = 2sin 2X 1a ham s6 tudn hoan véi chu ki 7.
6. Haim sy = 2+2,53in[27r(x—%)] gia tri 16n nhét 1a 4,5. Gia tri nho nhat 1a

1

-5
7. Lay d6i xting dd thi ham sb Y =sinX qua truc hoanh ta duoc d6 thi ham s
y =—sinx.

8. D6 thi ham sb Yy = [sinx| gdém 2phan:

+ Phan 1: P& nguyén phan db thi ham sé Yy =SinX trén truc hoanh.

+ Phan 2: Ly d6i xtmg phan dudi truc hoanh cua d6 thi ham s6 Y =sinx Ién trén
truc hoanh.

9. D6 thi ham s6 Yy =sin|x| gdm 2phan:

+ Phan 1: Dé nguyén phan d6 thi ham sé Yy =SinX trén tryc hoanh.

+ Phan 2: Ly doi xtng phan 1 qua tryc tung.
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10. P4 thi ham s6 Yy =c0SX tinh tién theo phuong truc tung 1én trén 2 don vi ta
dugc d6 thi ham s y =CcosX+2.
< Ra bai tap phan hoa vé nha:
Phan chung cho ca 16p - Bai 4, 11, 12.
Phén danh cho hoc sinh yéu kém : Bai 6, 7.
phan danh co hoc sinh trung binh : Bai 8.
Phan danh cho hoc sinh kha giéi  : Bai 10, bai doc thém tr.15.
Bai tap ra thém
+ Chung cho ca l6p: 1.16
+ Danh cho hoc sinh yéu kém: 1.18
+ Danh cho hoc sinh trung binh: 1.19
+ Danh cho hoc sinh kha giéi: 1.15 (SBT tr 9).

§2 PHUONG TRINH LUQNG GIAC CO BAN(4 tiét)

A.MUC TIEU
Kién thirc:

= Co ban.
+ Hiéu dugc phuong phap xiy dung cong thirc nghiém cia phuong trinh luong
giac co ban sinx =m, COSX=m, tanXx=m va cotx =m(str dung duong tron
luong giac, cac truc sin, cosin, tang, cotang va tinh tuan hoan cua no).
+ Nim ving duoc cong thirc nghiém cua phuwong luong giac co ban.

< Nang cao.
+ Moi quan hé gita s6 nghiém phuong trinh va d6 thi v6i s6 giao diém d6 thi cia
chung.
Ki nang:

= Co ban.
+ Biét van dung thanh thao cong thitc nghiém cua phuong trinh luong giac co ban.
+ Biét cach biéu dién nghiém ciia phuong trinh luong gidc trén dudng tron
luong giac.

& Nang cao.
+ Van dung cong thic nghiém dé giai phuong trinh dang, dwa vé dang

sin P(x) =sinQ(x).

+ Tim nghiém thoa mén diéu kién cho trudc.

S6 héa béi Trung tam Hoc liéu — Bai hoc Thai Nguyén http://www.Lrc-tnu.edu.vn



www.VNMATH.com

3. Tw duy:
+ Biét khai quat hoa, tu duy sang tao, tu duy logic.
+ Biét quy la vé quen.
4. Thai do:
+ Ty giac, tich cuc tham gia vao cac hoat dong nhom, cé y thirc xay dung bai.
B. PHUONG TIEN DAY HQC

Ve gido vién:
+ Gido 4n; mdy vi tinh; may chiéu projecter; may hit(néu co); bang phu, ...
+ Phiéu hoc tap c6 chta cau hoi(bai tip) phan hoa cho cac ddi trong hoc sinh.
+ MO hinh duong tron luong gidc voi cac truc sin cosin, thudc ké, compa, may
tinh CASIO-fx 500MS, ...

& Vé hoc sinh:
+ Bang phu(nho); may tinh CASIO-fx 500MS; thudc ké; compa, phan viét bang;
sach giao khoa,...
+ On lai nhitng kién thtrc c6 lién quan nhu cong thirc bién doi lugng giac, tinh
chat va d6 thi ham sé y =sinx
C. PHUONG PHAP DAY HQC

Vén dap goi mo két hop véi td chuc hoat dong nhém, ca nhan theo dinh
hudng phan hoa.
D. TIEN TRINH BAI HQC

Tiét 1

Vao bai (Xet bai toan tr 19 SGK).

Trong thuc té, c6 nhiu bai toan din dén viéc giai phuong trinh c6 dang:
cOSX=m, SinXx=m, tanx=m, cotx=m véi Xel. b6 1a cac phuong trinh
lugng giac co ban.

1. Phwong trinh SinXx=m

a) Xét phuong trinh SinxX = % :

GV: Phat phiéu hoc tap s6 01

Trong cac gié tri cua x sau

V4 V4 57 0 T Y4
a)g b)g C)? d) 30 e) E+k27z,kel f) F+k27z,kel

e o x 42 . 1
gid tri ndo cua x théa man dang thic sinx = 5 (1)?

+ Dép an dang b); ¢); d); e); 1).
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GV: Hay tim cac nghiém cua
(1)? Cho hinh v&(H.6.1)

GV: Ham sin ¢6 tuan hoan? Chu ki? Xac dinh s6 do cung c¢o sin cua cung do la

1o

2

HStacod AM 1a Z+k2z,Sd AM Ia 5—”+k27z,Sd AM bing sd cta goc x.

6 6

GV giai thich “ho nghiém”.
Ghi nhé: Néu ta biét Inghiém cta phuong trinh thi ta c6 hai ho nghiém, mdi
k € ] cho ta mot nghiém cua (1).
%:% nén co sinx = sin%.
b) Xét phuong trinh sinx=m (1).
GV: Cho biét tap xac dinh va tap gia tri cua ham s6 sinx?

TXD: Il TGT: [-1;1]
GV: Két luan gi vé ddng thirc ?

Ta thay sin

Im|>1 thi phuong trinh v6 nghiém, |m|<1 thi phuwong trinh v6 nghiém.

Néu a 12 mét nghiém ciia phwong trinh (I), nghia 1a sinx=m thi

Xtk o om. )

sinx=m <
{X=7t-a+k27r

Chu y:+ (I,) c6 hai ho nghiém, « (rad).
+Gia st X=0a+Kk27 tic la Xe{a,a+2r,at4r;....|

Phiéu hoc tap s6 02 (c6 thé phat phiéu hodc chép dé 1én ban)

Giai phuong trinh
inx = V2 i 3 L2
a) SINX=——. b) SINX =—— c) sinx ==
) 5 ) 5 ) 5
Chu dinh
Danh cho HS yéu kém 2a).  HS trung binh2b). HS kha gioi 2c).

Sau khoang 1°-2’, goi 3 hoc sinh thudc 3 dbi tugng nén bang lam. Tiép theo cho
hoc sinh nhan xét, giao vién chuan hoa kién thuc dya vao duong tron lugng giac

(néu can).
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J2 YA
:T |} G
0 oo T 2n ~ 3n _ 4n . 7
V d
y - \._/ - o \_/ - = \
. . ) 21 T+2n 4 T 4n
H.6.1
Chay:

GV trong cong thtc (1), ta xét dac bi¢t khi m=0,m=1, m=-1?
HS tra 101, GV chuan héa kién thirc
GV néu khai niém sé arcsinm(ac-sinm)

Véi méi me[-1;1], phuong trinh SiNX=m c6 ding mdt nghiém xe[-%;%], ki

hiéu 1a arcsinm, doc Ia 4c-sin m. Khi do sinx=m {X —arcsinm+kr
X=r-arcsinm+k2 7z

GV: Khéi quat hoa(l,).

Néu c6 hai s6 thucava s6f ma sina=sinf < B=a+k2r,kel] hoic

sa=p+k2rkel}

GV: Mot hoc sinh (chi dinh hoc sinh yéu kém) hdy nhic lai cong thirc

nghiém(I,)?

GV: Cho vi dy: Tim x dé sin(2x—%) :sin(%+x) (cho ca 16p, GV ¢6 thé goi y cho

HS yéu kém)

*» Cung co

Phiéu hoc tap sb 03
Hay chon phuong 4n dung trong cac khang dinh sau:

1. Phuong rinh Sinx =% luén c¢6 nghiém x.
2. D6 thi ham s y=sinX ludn cit dudng thang y = —% tai hai diém c6 hoanh d6

X:—%,kelva Xz—%r,ke..

w

3. Phuong rinh SinX == vO nghiém.

N

4. D6 thi ham s6 Y =SsinX ludn cat duong thang y = —% tai hai diém c6 hoanh d6

X:—%+k27z,ke. va X=—%+k27r,k g |
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5. Phuong trinh SINX =C0OSX ¢6 nghiém X = % +k2r,kell}

6. Phuong trinh sin(90° —x) =1 c6 nghiém x=k180%k < ||}

NA

7. Tong cac nghiém X € (0;57) cua phuwong trinh Sinx = la 157 .
8. Phuong trinh 2sinX =—1 c¢6 nghiém

X:—%+k27z X:%Z+k27r )

x:—%[+k27r e x:%+k27r( ®

T

9. Phuong trinh 3Sil’l[182

(t—-180)]=0 voi telf va 0<t<365 co6 nghiém
t=1.

10. Phuong trinh SinX =C0OSX ¢6 nghiém X = % +kz,kell}

Sau khodng 3°-5°, hoc sinh cho két qud va gido vién chuan héa kién thirc

Ra bai tip phan hoa vé nha:

Phin chung : 15a; 16a;17;

Phan danh cho hoc sinh yéu kém :14a;23a;

phan danh cho hoc sinh trung binh : 14b; 16b;

Phan danh cho hoc sinh kha gioi  : 25; 26;

Bai tap ra thém:

+ Bai doc thém trang 30 SGK: St dung may tinh bo tai dé tim mét goc khi biét
mot gia tri lugng giac cua nod(ca lop).

+ Chimg to rang: Néu ham s6 Y= f (X) 1a mot ham s6 tuan hoan véi chu ki T,
Va Xo 1a 1 nghiém cua phuong trinh f (X) =0 thi phuong trinh d6 c6 nghiém la
x=%,+kT,.kcll (HS yéu kém).

+ Biéu dién nghiém cua phuong trinh sin(%+x) :sin(ZX—%) trén duong

tron lugng giac (HS trung binh).

T

+ Tim t biét sin(2 55

t) = —% (HS khd gioi).
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§ 2 PHUONG TRINH LUQNG GIAC CO BAN
Tiét 2
2. Phuong trinh COSX=m

GV: phat phiéu hoc tap s6 01

~ ~ , \ 2 , /4
+ Hay néu cach giai phuong trinh an x cua Sm(E_ X)=m?

+ Hay so sanh sin(g— X) véi COSX ?

+ Cho biét tap xac dinh va tap gia tri, chu ki tuan hoan ctia ham sb Yy =CO0SX ?
. 3 R

+ Phuong trinh COSX = 5 c6 nghiém hay khong?

+ Phuong trinh COSX =m v6 nghiém hay c6 nghiém khi |m|>17?

+ Néu «la mot nghiém cua phuong trinh cosx=m (|m|<1) thi —a c6 la
nghiém cua phuong trinh do hay khong?

+Mobi me[-1;1] thi phuong trinh COSX =M ludn cé nghiém dung hay sai?

HS tra 164, sau d6 GV nhén xét va chuin hoa kién thie néu can.

GV: Xét phuong trinh cosx=m (II)

Hay tim tit ca cac nghiém cua (II)?

Cho dudng tron luong giac, véi mdi me[-1;1] hdy xac
dinh  diém H trén truc cOsin  sao  cho

OH =m=cosx(H.7.1) v6i m 1a mot sb cho trudc.

H.7.1

HS: (II) x4c dinh v6i moi x, vO nghiém khi [m|>1, c6 nghiém khi |m|<1. V6i moi
me[-1;1], OH =m
GV: khi m= =1 thi c6 bao nhiéu sd¢ AM =x?

GV: Nhu véy s6 do cung luong giac sd AM1 va s6 do cung lugng giac sd AM2 4
tat ca nghiém ciia phuong trinh (II).
+ Néu o 1a mot trong cac nghiém do, khi d6 nghiém cua (II) 1a a+k27 va

—-a+k2r.
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GV: Cong thuc nghiém cua (II).
Néu o 1a mot nghiém cua phuong trinh, nghia 1a cosa =mthi

(kelD- (1)

X=a+k2r

CoSX=mM <
{X =—a+k2r

Ghi nhé: Cach gidi phuong trinh dang COSX =m

Thir nhdt: chon dugc mot gia tri o sao cho CoSar=m, tic 1a ¢ COSX =CoSc.

Thir hai: ap dung cong thire (11,).

GV: V& d6 thi ham sé Y =C0sX A

va duong thang y=m trén clng /\ h /\X

hé truc toa do(H.7.2). 7 > S

=C0sX.

+ Két ludn gi? vé s6 giao diém

cua chung. H.7.2

GV hay xét dac biét cua cong thure (11,)
HS phat biéu, GV nhan xét va chuin héa kién thirc.
GV khi m khong phai 1a gid tri cua gia tri lugng giac cua cung dac biét thi ta gidi
quyét phuong trinh COSX =m ?
GV ki hiéu 1a arccosm =a véi a€[0x], (doc la éac-césin m). Tuc la
cosx=m < x=*xa+k2z (k<.
+ Néu a,f la hai s thuc ma cosa=cosfl <> a=+B+k2r k]| hoic
< pf=tra+k2rkel}
(c6 thé ta coi a 1a P(x); B 1a Q(X)).
% Cung cb:
Phiéu hoc tap sb 02
Giai cac phuong trinh sau

W2 T, 2
2a) COSX = > 2b) cos%x——g.

2¢) cos(2x+1) =cos(2x-1) 2d) cosx :% voi Xe (0;4rx).

Chii dinh 2a, 2b (danh cho HS trung binh, yéu kém). 2c, 2d (danh cho HS kha
gioi)

GV: Cho 4 hoc sinh twong tng 1én bang giai, gido vién co thé goi ¥ cho nhiing
hoc sinh chua ro, hoc sinh yéu kém. Sau khoang 3’-5’ cho hoc sinh nhan xét, gido
vién chuan hoa kién thirc(néu can), dong vién nhiing hoc sinh lam tét.

Ghi chii: Nhan dang va thé hién dugc phuong trinh luong giac co ban COSX=m.
Trong trudong hop cu thé, téng quat, dac biét.
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+ Giai dugc phuong trinh dang c0osQ(X) = cosP(X).
+ C6 thé minh hoa dugc nghiém bang do thi.
+ Tim nghiém phuong trinh thoa man diéu kién nao do?.

< Ra bai tip phan hoa vé nha

Phan chung : 14c; 15c; 15d.
Phén danh cho hoc sinh kha goi - 16D.
Phén danh cho hoc sinh trung binh : 16a.

Phan danh cho hoc sinh yéu kém : 14d.
Bai tap ra thém
Giai cac phuong trinh sau:

a. coS(2x+1) =cos(2x-1) (hoc sinh yéu kém)
b. 2c0s2X —~/2 =0 (hoc sinh trung binh)

c. C0s22x —sin2x =1 (hoc sinh kha gioi)

Tiét 3
3. Phuong trinh tanx=m  (l11).
GV: Cdu hoi cho ca lop, xong chu dinh danh cho hoc sinh trung binh.
Cho biét tap xac dinh va tap gia tri cia ham ) y=tanx?

HS TXD: D =“, 6T M

Cho hinh v& H.8.1 ) L)

Hay cho biét s6 giao diém cua do thi

ham s6 y=tanXx va duong thing / - / . : / - / |

y=m? va cho biét s6 giao diém cua el

d6 thi ham s6 y=tanx va duong

thang Y =M (trén mot chu ki)?

HS c6 vo sb giao diém, trén mdi mot chu ki ctia ham sé y=tanx, ching c6 mot
giao diém.
GV: Vi mdi m, phwong trinh tanx=m ludn ¢é nghiém hay khong?

HS Phuong trinh tanx=m luén c6 nghiém khi x thay doi thuc D .
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GV Tu hinh vé H.8.2
Xac dinh diém T: AT =m. HS dudng thing OT cit dudng
tron lugng giac tai My; M,.

GV:sé do ciia mot trong hai s¢ AM,, AM, 1a «. Khi d6

s6 do cac cung lugng gisc AM,, AM, l1a a+kr,k ]}

Taco tan AM, =tan AM,, = AT =m.

1 2
GV: Néu a 1a mdt nghiém caa (III), tirc 1a tane,=m thi
tanx=mox=n+km k] (IL)
Ghi nhé: Cong thie (11 , ta phai x4c dinh dugc sb thucar sao cho tana =m,
tic ¢6 tanx =tana & X=a+kz,k e Sau d6 kiém tra xem cé thoa méan diéu
kién dau bai hay khong?
Phiéu hoc tap sb 01

Giai cac phuong trinh
1) tanx=-1 2) tan2x =tanx 3) tan2x = % :

Chu dinh: HS yéu kém 1, HS trung binh 2, HS khd gidi y 3.
GV: khoang 3’-5’ goi hoc sinh

trinh bay. Cudi ciing Gido vién chuan hoa kién thirc.

C6 thé sir dung phiéu hoc tap, bang phu,... )

Chuay:

- \ ;4 A A T.T -
+V6i mdi me [l Phuong trinh tanx =m, c6 diing mot nghiém x (—§ ; 5) . Nguoi

ta ki hiéu 13 arctanm (doc la dc-tang m).Khi d6 (I11,) viét dugc:
tanx =m <> x=arctanm-+kz,k ||}
+Néu a, B 14 hai s6 thuc va ton tai tang,tan S thi:
tana=tan B < B=a+kr,k |}
% Cung cb
Phiéu hoc tap s6 02 (tra 1oi ding - sai)
Caul: Cho phuong trinh tanx=m
a) Co TXD 1a Il b) C6 nghiém khi |m|<1.
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o) TXP Ia ﬁ d) TGT 1 W

Céc khang dinh sau c6 dung khong?

a) Nghiém cua phuong trinh tanx =+/3 1a x :%+ k27, k |}

b) Nghiém ctia phuong trinh tanx=+/3 1a X = % +krz,k e}
¢) Nghiém cua phuong trinh tanx =tan2x 1a x=kr,k ||}
d) x= 609 + k.1800, k €[] 12 nghiém ctia phuong trinh tanx =—/3.

¢) Phuong trinh tanx = L c6 nghiém X =arctan(— %) +kz,k e}

NE NE

Chii dinh: Cho kha gi6iy: d,e; trung binh, yéu kém: caul va cau2:y a,b,c

GV sau khoang 3°-5”, GV yéu cau hoc sinh cho két qua va chuan hoéa kién thuc.

% Ra bai tip phan hoa vé nha:

Phan chung : Bai 19a,b; 21,23c.
Phén danh cho hoc sinh yéu kém - 18a.

Phén danh cho hoc sinh trung binh ~ : 18f.

Phén danh cho hoc sinh kha gioi : 22.

(SGK tr 29, 30)

Bai tap ra thém:

l.

Danh cho hoc sinh yéu kém:

Cho phuong trinh sau: tanx =-1.

a) Tim diéu kién xac dinh .

b) Giai phuong trinh trén.

¢) Tim nghiém cua phuong trinh thudc (—7; 7 ) bang d6 thi .

Danh cho hoc sinh trung binh:

2. Cho phuong trinh sau: tan3x =tan 3?7[ :
a) Tim diéu kién xac dinh .
b) Giai phuong trinh trén.
¢) Tim nghiém thudc (0; ).
Danh cho hoc sinh kha gioi:
3. Cho phuong trinh sau: cot3x=tan 3?”

a) Giai phuong trinh trén.

b)Tim nghiém ctia phuong trinh thudc (0; 7).
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§ 2 PHUONG TRINH LUQNG GIAC CO BAN
Tiét 4

GV: Néu TXD, TGT , chu ki tuan hoan \ YA \

\ AW
VAN N

H.9.1

ctia ham s& Y =cotX.? Cho hinh v& H.9.1

HS TXD: D= 7GT: B Ham tudn hoan véi chu ki 77

GV: Xdc dinh s6 giao diém ciia d6 thi ham sé Y=COtX va duwong thing
Y =M (hang sé cho trudc):

- Trén mdt chu ki, Trén tap xéc dinh

HS C6 dung mot nghiém, C6 v6 s6 nghiém.

GV: V6i mdi sb thue m phuong trinh cotx =m ludn c6 nghiém.

Nhw vy, v6i mdi sb thuc m phuong trinh cotx =m ludn ¢ nghiém hay khong?
Cdu hoi danh cho ca [6p, xong chu dinh danh cho hoc sinh trung binh. Sau khi
hoc sinh tra loi, gido vién chudn hod lai kién thirc.

4. Phwong trinh cotx=m (V)

Ttr hinh vé: H.9.2

) U
GV twong tw doi voi phuong >
trinh tanx=m. M X
GV: hay néu cong thuc nghi¢m A

cua phuong trinh tanx=m?

Sau d6 GV chuén hoéa cong thirc H.9.2

nghiém.

GV: Néu o khong la gia tri lugng gidc dic biét thi ta c6 thé sit dung may tinh bo
tai,... P& tim gié tri nguoc cla cotang.

Chuy

+Néu cotx=cota © x=a+kr,kel}

+ Tong quat CotP(X) =cotQ(X) ©P(x) =Q(x) véi sinP(x).sinQ(x) #0.

+ Ala € (0; ) sao cho cota =m, dé arccotm= o (arccotm: doc 13 4c- cOtang m).

Khi d¢6 cotx =m <> x=arccotm+kz,k |}
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Phiéu hoc tap sol
Giai cac phuong trinh sau:
a) cot3x =1 va xac dinh diém cudi trén dudng tron luong giac.
(danh cho HS yéu kém)
b) cotx= % .(HS trung binh)

2X+1

¢) cot XL _ tan% (HS khd gidi)

Cho 3 hoc sinh lén bang lam, gido vién cé thé goi ¥ cho hoc sinh trung

binh. Sau do cho hoc sinh nhdn xét, gido vién chudn hod.

5. Mot s6 diéu can luu y

+ Str dung may tinh bo tai khi biét gia tri cia m tinh dwoc gia tri arcsinm,
arccosm (véi mdi me[-1;1]) va arctanm, arccotm.

+ Gia tri ctia arcsinm, arccosm (v6i méi me[-1;1]) va arctanm, arccotm Ia

nhiing gia tri thuc.
Vi du: arctanl= % , khong viét arctan1=45°.

+ M& rong: Cac phuong trinh c¢6 chtra bi€u thuac sin, cos, tan,.. cua nhiing

goc(cung) luong gidc ma theo do thi van goi 1a nhitng phuong trinh luong giac
Vi du: sin(x+20°%) = % , tan(x-15%=1,... 1a nhitng phuong trinh luong giac.

Chay: - Bugc ap dung nhitng cong thirc nghiém
- Trong cong thirc nghiém hodc chi theo radian hodc chi theo do
Vi du: x=302+k360° k €[} Nhung khong viét x=30°+k27z,k <[}
% Cung cd: Phiéu hoc tip s6 02

Cac khang dinh sau dting hay sai?

a) Him s y=cotx c6 TXP1a D= _

b) Haim s6 Yy =cotx c¢6 TXD la [-1;1].
¢) D4 thi ham sé y=cotX ludn di qua diém (% +kz:0)véi k e[}
d) Do thi ham sé Y =cotx luén di qua diém (kz;0) véi k e[|}

e¢) Phuong trinh COtX = g c6 nghiém la X= —2?7[+ kz,k e}

f) Phuong trinh COtX = g c6 dung 2 nghiém thudc (—; 7).
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g) Phuong trinh cot(x+ %) =COot2X co6 nghiém X= % +kz, kel}
h) Phuong trinh cot(X+ %) =COt2X c¢6 nghiém X = —% ~kz,kel}

i) Phuong trinh cot(X+ %) =Cot 2X vo nghiém.

2n
3
trinhsin(3x—15%) = ——— .

NA

) x =—10° + k.120° 14 nghiém ctia phuong trinh sin(3x—15%) = —

k) x=-400—k == (k <[lD12 nghiém cua phuong

1
=

< Ra bai tip phan ho v& nha (SGK tr 29-30)

Phin chung cho ca 16p : 18 e,f; 19b.
Phén danh cho hoc sinh yéu kém - 18d.
Phén danh cho hoc sinh trung binh  : 20b.
Phan danh cho hoc sinh kha gioi 121, 22.

Bai tap ra thém:

Cho phuong trinh cot(3x—15°) = —% (*)

NG

Phan danh cho hoc sinh yéu kém:

a. Tim diéu kién x4c dinh b. Giai phuong trinh (*).

c. x=-15°-k60% k € c6 1a nghiém cua phuong trinh (*) khong?
Phan danh cho hoc sinh trung binh:

a.Tim diéu kién xac dinh. b.Giai phuong trinh trén.

c. Tim nghiém x thudc (0°;90°)

Phan danh cho hoc sinh khd giéi: Tim nghiém x thudc (0°90°) cua (*).

§ 2 LUYEN TAP (1 tiét)
A.MUC TIEU
Giup hoc sinh
1. Kién thirc:
. Co ban.

+ Nhén dugc dang va cach giai cac phuong trinh lugng gidc co ban.
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+ Nam ving duoc cong thirc nghiém cua phuong luong giac.
+ Biéu dién duoc nghiém cta phuong trinh trén dudng tron lugng giac, tir d6 tim
dugc nghiém khi cac ho nghiém c6 phan chung.
< Nang cao.
+ Mot sb tmg dung cua phuong trinh luong giac trong thuc tién.
+ Tim nghiém ciia phuong trinh thod man diéu kién cho trude.
2. Ki nang:
= Co ban.
+ Giai thanh thao cac phuong trinh lugng gidc co ban.
+ Biét cach giai phuong trinh dang tong quat sinP(x) =sinQ(x).
+ Biét tim diéu kién xac dinh va cach giai phuong trinh dang:
tan P(x) =tan Q(x) .
& Nang cao.
+ Nghiém cua phuong trinh théa mén diéu kién xac dinh(néu c6) va thoa man
phuong trinh.
+ Van dung duoc cong thire bién ddi luong gide, mdi lién hé giira cac ti sé luong
giac dé dua phuong trinh dd cho vé phuong trinh lwong gidc co ban (tong quat).
+ Tim nghiém cta phuong trinh, khi thod mén mét sé diéu kién nao d6 cho trude.
3. Tw duy:
+ Biét khai quat hoa, tu duy sang tao, tu duy logic va c6 hé théng.
+ Biét quy la vé quen, vin dung cong thirc nghiém trong timg truong hop cu thé.
4. Thai do¢:
+ Ty giac, tich cuc tham gia vao cac hoat dong nhom, cé y thirc xay dung bai.
+ Biét phan biét gitta nhitng khai niém co ban va van dung dugc, vao nhimng
truomg hop cu thé.
B. PHUONG TIEN DAY HQC
@ Ve gido vién:
+ Gi4o an(co phan dang bai tap); may vi tinh; mdy chiéu projecter; may hat(néu
c0);
bang phu, ...
+ Phiéu hoc tap c6 chta cau hoi(bai tp) phan hoa cho cac ddi tugng hoc sinh.
+ Mo hinh duong tron luong giac vdi cac truc sin cosin, thude ké, compa, may
tinh CASIO-fx 500MS, ...
& Vé hoc sinh:
+ Bang phy; may tinh CASIO-fx 500MS; thudc ké; compa, phén viét bang; sach
gido khoa,...
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+ On lai nhitng kién thirc c¢6 lién quan nhu cong thic bién ddi luong giac, cong
thirc nghiém ctia phuong trinh lugng gidc co ban (tong quat).
+ Chuan bj bai ¢ nha.
C. PHUONG PHAP DAY HOQC
Van dap goi mo két hop voi td chitrc hoat dong nhom, ca nhéan theo dinh
hudng phan hoa.
D. TIEN TRINH BAI HQC
% On dinh 16p: 1’

+ Bai moi:

GV tra loi cau héi

Phuong trinh lugng gidc co ban va cong thirc nghiém tuong tg? (Cau héi danh
cho ca 16p, song chi dinh cho hoc sinh yéu kém).

GV: Goi 1-2 HS tra 161, gido vién chuan hoa lai kién thic (néu can) va ghi bdng
hoac su dung bang phy da chuén bi trude.

+ Pdng thoi (1HS trung binh) hiy cho biét diéu kién xac dinh va diéu kién c6
nghiém, v6 nghi¢m?

+ Str dung may tinh bo tai dé xac dinh cung o (HS Kha gioi).

-Khi m khong la gia tri dac biét(HS Kha gioi) .

-Khi m 1a gia tri dac biét (HS trung binh).

Dang 1 (Tim x dé cac biéu thirc hodc ham sb c6 nghia)

GV phét hoc tap s6 01 (phat theo nhém hoc tap c6 du cac doi trong nhan thirc)

Cau 1. Giai cac phuong trinh sau:

2

a)sinx+7:0 b)cos2x—cosx=0

Céau 2: Tim tap xac dinh ctia ham sb sau:

sinx—2 1 tanx
b)y=———" c) y=
)Y J3cot2x+1 )Y

a)y=

~ C0S2X —COS X ~ 1+tanx

CHu dinh khd gidic; trung binh b; yéu kém a.
Sau khoang 3°-5 cho hoc sinh trinh bay trén bang theo diing ddi twong (caula,b
danh cho hoc sinh yéu kém).

Gido vién chuan hoa kién thirc (n€u can).
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Dang 2 (Tim nghiém phuong trinh thod man diéu kién cho truéc)

Cau 3. Cho phuong trinh tan3x = tan x a) Nghiém 1a x =k, k e[}
a) Giai phuong trinh. (yéu kém) b)
b) Biéu dién nghiém trén duong tron luong | Piém

giac. (trung binh) cudi 1a

c) Tim nghiém phuong trinh thudc [0;%)_ diém

A(L;0);
(kha gioi) | A'(-
Hoc sinh chudn bi khoang 3°, sau do lén bang 1.0)
trinh bay theo dung doi tuong. &) x=0.

Ti€p theo cho hoc sinh sinh nhan xét, gido vién

- T A
chudn hoa (néu can). Vi O<kz < 2 k<lINén k=0

hay X =0 1a gi4 tri can tim.

Dang 3. (Ung dung giai phuong trinh lugng giac trong thuc tién )
Cau 4. (Bai 25 SGK)

+Yeéu cau hoc sinh:

- Nghién ctru nd1 dung bai toan:

Chuyén dugc yéu cau bai toan vé phuong trinh luong gidc co ban (téng quat).
- Tim hudng giai: Pua duoc vé viée giai phuong trinh luong gidc co ban (tong quat).
- Trinh bay loi giai:

- Nghién ctru sau 101 giai:

+ Hay cho biét TGT cia sin [27[(X—%)]?

T d6 xac dinh gia tri 16n nhat, nho nhat cua ham s6 Rays

y=2+2,55in[27r(x—%)]? r\

2

Tir d6 thiét 1ap duoc mbi quan hé gitta giai phuong

2m

trinh luong gidc voi bai toan thuc tién.

0, 1./ X

0.5

H.10.2.
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a) yéu cau bai toan tic tim x>0(x tinh bang phut) d¢ y=-0,5. Tuc la
sin [Zﬂ(X—%)] =-1

Giai ra ta c6 X =K,k e[} Mait khac do x>0. Nén x=0;1;2;3;... Két luan khi &
phut thtr 0;1;2;3; ... thi chiéc gau & vi tri thip nhat.

b) Tim x>0 (x tinh bang phut) dé¢ y=4,5.

1

> +k,k €]}, theo dau bai

Tuc phuong trinh Sin [Zﬂ(X—%)] =1. Giagirata co X=
X>0(x tinh bang phut). Nén c¢6 k=0;1;2;...

A . (TP 1 v A ’ 5 . ’ A
Vay tai thoi diém =; 3 ;... thi gdu nudc & vi tri cao nhat.

2'2'2

b) Khi y bang 2.

Hay tim x khong am, nho nhat(danh cho vé nha).

% Cung cd: Phiéu hoc tip s 02

(chon diing sai trong cdc khdng dinh sau)

a) Phuong trinh 2+ 2,5sin[277(x —%)] =m luén c6 nghiém an x véi v me[-11].

b) Phuong trinh 2+2,55in[27z(x—%)]:m ludn c6 nghiém an x v6i v me[—%;%].

x =-90°% +k.360°

voi ke .
x =189 + k.72° n

¢) Phuong trinh SiN2X =c0S3X c¢6 nghiém la {

7Z'_7Z'] Ia_ﬂ'

d) Phuong trinh Sin 2X =C0s3X c6 tong cac nghiém thudc [_§ 5 =

z
¢) Phuong trinh tan2x =tan(x+ %) co TXD la “

f) Phuong trinh tan 2x =tan(x+ %) c6 TXD la #

g) Phuong trinh tan(x +%) =tan2X c6 nghiém la X= % —kz.kel}

h) Phuong trinh tan 2x = tan(x+ %) 1a vo nghiém.

i) Phuong trinh tan 3X =cotX c6 ding 8 nghiém thudc khoang (0;27).
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k) Phuong trinh tan3X =cotx c6 dang 7 nghiém thudc khoang ( 0;27).
Ra bai tap phan hoa vé nha (SGK tr 29-30)

Phan chung - Bai 16; 17; 20.
Phén danh cho hoc sinh yéu kém : Bai 18;23.
Phan danh cho hoc sinh trung binh : Bai 22; 26.

Phan danh cho hoc sinh kha gioi : Bai 24; 26.
Bai tap ra thém (SBT tr 10)
Hoc sinh trung binh va yéu kém :Bai 1.20; 1.21; 1.23a; c.
Hoc sinh kha gioi :1.20c; 1.21c; 1.22; 1.24b.

§3 MOT SO DANG PHUONG TRINH LUQNG GIAC PON GIAN (6 tiét)

A. MUC TIEU
Gitp hoc sinh ndm vitng cach giai mot s6 dang phuong trinh luong giac
don gian.
1. Kién thirc:
= Co ban.
+ Dang phuong trinh bac nhét, bac hai d6i v6i mot ham sé luong giac.
+ Dang phuong trinh bac nhét di v6i sinx va cosx .
+ Dang phuong trinh thudn nhét bac hai dbi véi sinx va cosx.
+ Dang phuong trinh d6i xtmg véi sinx va cosx.
+ Mot s6 phuong trinh c6 thé d& dang quy vé dang trén (c6 thé thém mot vai diéu
kién don gian).
% Nang cao.
+ Str dung cong thiic bién do6i lwong giac, thé hién duoc mot sé dang phuong trinh
bién d6i vé phuong trinh noi trén.
+ Str dung cong thirc bién d6i lwong giac, thé hién duoc mét sé dang phuong trinh
bién d6i vé phuong trinh lugng giac co ban.
2. Ki nang:
= Co ban.
+ Giai thanh thao phuong trinh bac nhat, bac hai d6i voi mot ham sb lugng giac.
& Nang cao.
+ Bién d6i thanh thao mot sé dang phuong trinh vé dang phuong trinh bac nhat,

bac hai chi chira mét ham s6 lugng giac.
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3. Tw duy:
+ Kha nang tu duy dac biét hoa, khai quat hoa.
+ Phat huy duogc tu duy mot cach 16gic, co hé thong.
+ Phat trién tu duy sang tao, twong tu, phan tich, tong hop.
4. Thai do:
+ Tich cuc tham gia vao cac hoat dong hoc tap, co6 tinh than hop tac, nghiém tuc
va tu giac hoat dong hoc tap.
+ C6 y thirc xay dung bai hoc.
B. PHUONG TIEN DAY HQC

Ve gido vién:
+ Gido 4n; may vi tinh; may chiéu projecter; may hit(néu co); bang phu, ...
+ Phiéu hoc tap c6 chta cau hoi(bai tip) phan hoa cho cac ddi trong hoc sinh.
+Thudc ké, compa, may tinh CASIO-fx 500MS, ...

& Vé hgc sinh:
+ Bang phu(nho); may tinh CASIO-fx 500MS; thudc ké; compa, phan viét bang;
sach giao khoa,...
+ On lai nhitng kién thirc ¢6 lién quan nhu cong thirc bién d6i luong giac, cach
giai
phuong trinh lugng giac co ban.
C. PHUONG PHAP DAY HQC

Vén dap goi mo két hop voi t6 chirc hoat dong nhom, ca nhan theo dinh
hudng phan hoa.
D. TIEN TRINH BAI HQC

Tiét 1

+ Vao bai:
1)Tinh gia tri cua

sSinx; (sinx)z; sin x; sinx? khi x:%. Tir d6 so sanh két qua?

2) Phuong trinh tanx =a c6 nghiém véi moi a ?

3) Phuong trinh 3c0SX =a c6 nghiém 4n x khi a e[-3;3]?

+ Gi6i thiéu khai niém phuong trinh bac nhat, , bac hai d6i v6i mot ham sb luong
giac.

(Cau hoi danh cho ca lop, xong chu dinh danh cho hoc sinh trung binh). Sau
3°gido vién goi hoc sinh cho két qua va so sanh theo phuong dién c6 bang nhau

hay khong bang bang nhau? Gio vién chuan hoéa kién thirc(néu can).
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1. Phuong trinh bac nhat va bac hai d6i véi mét ham sb lwong giac
a) Phuong trinh bac nhit véi mét ham s6 hrong gidc
GV goi mdt hoc sinh, hiy cho biét dang dang tong quat va cach giai ciia mot
phuong trinh bac nhat.
(cdu héi danh cho ca I6p xong chi dinh danh cho hoc sinh yéu kém )
Sau d6 gido vién chudn hoéa lai kién thirc (néu can) va dinh nghia phuong trinh
bac nhat ddi v6i mot ham sb luong gidc v6i nhitg goc 1a biéu thirc chira an x.
HS c6 thé cho hoc sinh 1iy thém vi du minh hoa.
GV yéu cau hoc sinh giai phuong trinh (1); (2).
Vi dy;:
J3tan2x+3=0 (1)
cos(x+30°) + 2c0s215° =1 (2)
GV goi HS yéu kém-trung binh lam (1); HS kha gi6i 1am (2). Sau khoang 3’, cho
nhan xét. Cudi cung GV chuan hoa kién thirc.

b) Phuong trinh bic hai véi mdt ham sé lwong giac

GV néu dang va cach giai + Phuong trinh béac hai d6i vi mot ham

s6 luong giac 13 phuong trinh c6

dang: at? +bt+c=0 . Trong do6
az0,a,b,cef va t 1a mot trong cac

+ Hay lay mot sd vi du? . .
y iy me : ham sinx, cosx, tanx, cotx.

+
’ + Phuong phép giai, Dat an phu sao cho

Vi dyy: dé dua duoc vé viéc giai phuong trinh
2sin? x+5sinx~3=0 3 bac hai. Tiép theo la giai phuong trinh
tan3x —cot3x =0 4) luong giac co ban.

GV goi hoc sinh trung binh giai (3),
kha gidi (4) trén bang.
HS nhan xét, sau d6 gido vién chuin hoa

kién thuec.

Loi giai (3) Bat sinx =t (voi te[-11]), ta c6 phuong trinh

1
2t2+5t—3=0<:> H_E chi cétlzé thoa man.
t,=-3
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1 X:%+ k27
Phuong trinh SinX == < (kel)
2 o
X="2+k2x
6
X :%+ k27z
Vay phuong trinh c6 nghiém 5 (kelD
X :§+ k27

(4) Didu kién xdc dinh X = '%T kel

Phuong trinh twong duong véi tan3x=cot3Xx <« tan 3x:tan(%—3x)

<:>3X=%—3X+k7z <:>X=1£2+k—7[E (kell). Vay nghiém phuong trinh la
_r  krx
X—12+ 5 (kel.

% Cing co:
Phiéu hoc tap (tra 101 ding - sai)
Caul: Phuong trinh 4cos?x— 2(1+~/2)cosx+~/2 =0 c6 ding
a) 4 ho nghi¢m b) 1 ho nghiém c) 2 ho nghiém d) 3 ho nghi¢m

Cau2: Phuong trinh 5tanx —3cotx—2=0 c¢o6 ding

a) 1 ho nghi¢ém b) 2 ho nghiém c) 3 ho nghiém d) 4 ho nghiém
Cau3: Phuong trinh a.cosX+b =0 ludn c6 nghiém khi

a) Va,be|l} b) a,becfva a>b

c) a,beva a<b d) a,bellva |a|>|b|
Cau4: Phuong trinh a.cotx+b=0

a) luon c6 nghiém vaéi moi a,b b) V6 nghiém khi a=0va b=#0

¢) Co nghiém khia =0 va moi b d) C6 nghiém khi a=b =0 hoic ¢)

Sau khoang 3°-5°, GV yéu cau hoc sinh cho két qua va chuan hoa kién thirc.

% Ra bai tap phan hoa vé nha:
Phan chung - Bai 27c; 28a,c; 29c; 46c.
Phan danh cho hoc sinh yéu kém : 27a,b; 29b.
Phan danh cho hoc sinh trung binh  : 28b,c; 29d.
Phan danh cho hoc sinh kha gioi :29a; 38a; 40.
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Bai tap ra thém

Phéan chung

Phan danh cho hoc sinh khé gioi
Phan danh cho hoc sinh trung binh

: Bai 1.25 a,b,c (SBT).
:1.25¢,f (SBT)

: Lam bai ¢ phiéu hoc tap.

MOT SO DANG PHUONG TRINH LUQNG GIAC PON GIAN

Tiét 2

Vao bai:

Vi du;: Tim x thdéa man sinx+cosx =17

Cdu hoi danh cho ca lop, xong chu dinh danh cho hoc sinh trung binh kha.

Hoc sinh yéu kém goi mé thém ¥:

Tiép theo gido vién chuan hoa lai kién thirc.

2. Phuong trinh bac nhat doi véi sinx va cosx

+ Gido vién néu dang
téng quat.

+ Giao vién cho hoc
sinh 14y nhimg vi du cu
thé?

Ja?+b? a? +b2)
thugc duong tron lugng
giac? (sur dung tam gidc
vuong dong dang)

+ Chia hai vé cho

Ja? +b?

+ Chung to:
a b

(=) + (="

Ja? +b? Ja? +b?

+ C6 thé minh hoa

diém

M ( a b

+ Phuong trinh bac nhat doi vdi sinx va cosx c6 dang

tong quat:  asinx+bcosx=c(*). Trong do
a,b,cefj va a? +b2 >0.
+Minh hoa vi du,: +/3sinx —cosx =1 3)

2sin3x++/5c0s3x =—3 (4)

3cosx+4sinx =-5 (5)
+ Phuong phap giai:
Phuong trinh (*)
& a2 107 (—=2_sinx+——2__cosx)=c
a’ +b? a’+b’
z a b
Ta thay ( )2 +( )2 =1
Ja® +b? Ja® +b?
A a
Nén 3IM ( ; )thudc duong tron lugng
JaZ+b? a? +b?

giac (H.12.1)
+ Nhu vay ton tai s6

o dé:
CoSa = a
- Jat+ib? H.12.1
. b
SIna =
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+ COsysinx+cosxsiny =?

+Phuong trinh (**) la
phuong trinh bac nhit
d6i v6i ham s6 sin.

+ Xét cac truong hop
dic bigt? Cho biét cach
giai?

Vay: asinx+bcos X =+a? +b? sin(x+a).

Viéc giai phuong trinh (*) duoc dwa vé giai

phuong trinh va? +b? sin(x+a)=C (**)
Chuy:
+ Phuong trinh (*) c6 nghiém < phuong trinh (**)
c6 nghiém < ¢? <a’+b’.
+Theo phép bién ddi trén, chon sao cho

sin 3 = thi cé

,COSP =
a’+b’

b
Va’ +b?
asinx+bcos x =+/a? +b?cos(x— A3).
+ Céch giai phuong trinh (*) chinh 1a di gidi phuong

trinh bac nhat doi vd1 mot ham so sin, cosin.

+ Kiém nghi¢m vi duy;.

+ Ap dung giai vi du,.

Sau khoang 5’ cho hai
hoc sinh kha 1én bang
trinh bay. Giao vién co
thé hudng dan hoc sinh
yéu kém cac budc lam,
gido vién chuin hoéa
kién thirc va cho ghi cac

budc lam.

+ Tinh duoc gid tri S.

3
NI

& 2(—S|n x—icos X)=1

hr_1

<:>SII"IXCOS——COSXSI 6—2

_E_T
@sm(x——) sm—

£=5—7Z +k2r7

6 6
- +k27r (k<.

X = 7r+k27r

4) = 3(§sin 3X+ g c0s3x) =-3

< sin fsin3x+cosAcos3x =—1

N
3

, COSpP =

wln

voi sin g =
< sin(3x+ p)=-1
< X+ p=r+k2x

(ke
Vay nghiém phuong trinh 1a X—ﬂ;ﬂ+k kel

Hay
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% Cung cd:
+ Gido vién yéu cau hoc yéu kém nhdc lai cach giai phwong trinh bic nhat doi
VOi Sinx va cosx.
+ Phiéu hoc tap (theo nhoém: ban)
chon phuong an dung-sai
Cau 1. Phuong trinh sin2x+c0s2x=0 c6 nghi¢m la:
V4 7 kx
a)X=—Z+k7r,ke. b) X=—Z+7,ke..
Cau 2. Him s y=asinx+bcosx véi a?+b? >0 ¢
a) Gi4 tri 16n nhét 1a: /a2 +b? b) Gié tri nhé nhét 1a: —/a? +b? .
Cau 3. Phuong trinh 25in3x++/5c083x =m c6 nghiém khi me[-3;3].
Cau 4. Phuong trinh asinX+bcos X = cvdia® +b? > 0.c6 nghiém an x khi va chi khi:
a) ¢ >a’+b’ b) c*<a’+b’ c) c¢®>a’+b’ d) ¢® <a®+b°.
Cau 5: Phuong trinh 2SinX —cos X =3 co:
a) 1 ho nghie¢m  b)2ho nghiém  c)4 honghiém d) V6 nghiém.
Sau khoang 5°, GV yéu cau hoc sinh cho két qua, c6 nhan xét vé két qua va

chuan hoa kién thtrc.

¢ Bai tip phan héa vé nha

Phéan chung : Bai 30 b; 48;

Phéan danh cho hoc sinh yéu kém : Bai 30 a;

Phén danh cho hoc sinh trung binh : Bai 30 c;

Phéan danh cho hoc sinh kha gioi : Bai 31;
Ra thém bai tap:
Phén danh cho hoc sinh kha gioi :1.29a,b; 1.30; 1.31(SBT).
Phén danh cho hoc sinh trung binh :1.28a; 1.32 a,b,c (SBT).
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MOT SO DANG PHUONG TRINH LUQNG GIAC PON GIAN
Tiét 3

Vao bai: (vi duy)

a) Ha béc cua biéu thuc f (X) :sin2 X —+/35iN X COS X + ZCOSZX—l

b) Timx dé f(x)=0

Cdu hoi chung cho ca lop, xong chu dinh danh cho hoc sinh trung binh.

Gido vién yéu cau mot hoc sinh trung binh nhdc lai cong thirc ha bac?

Sau d6 goi mot hoc sinh trung binh 1én bang lam phan a).

Hodc st dung phiéu hoc tap s6 01

sin2x—J§sinxcosx+20032x—1

Tir d6 tim x dé sin2 X—+/3sin X COS X+ 2C052X —1=0

3. Phuong trinh thuan nhat bic hai doi v6i sinx va cosx.

+ GVnéu dang tong quat cua
phuong trinh .

+ Cho phuong trinh (1), (2), (3),
(4). Hay nhan dang phuong trinh
().

tra 101?

Goi mdt hoc sinh yéu kém

Sau dé gido vién goi mé va khang
dinh phwong trinh co dang (*).

(1), (2) 1a nhitng phuong trinh
dang (*).
+ Tim hudng giai (*)?
Cach 1: Nhu vi du;.

Cach khéac

Trudc hét ta thir cosx bang khong
vao phuong trinh?
+ Hay néu cach giai phuong trinh
atan®x+btanx+c=0?

a’+b®>+c®#0.

Vo1

+Dinh nghia: Phuong trinh thuan nhét bac
hai do61 vé1 sinx va cosx la phuong trinh cé
dang
asin? x+bsinxcosx+ccosZ x =0
(*)
Trong d6 a,b,c < va a? +b*+c?=0.
+ Minh hoa: Trong cac phuong trinh sau:
—J/3sinXxCcos X +Ccos2x =0
(1)
4sin? x—5sin X cos X—6cosZ x =0
(2)
3sin® x—sin2x—cos® x =0
3)
sin? X —+/35iN X COS X+ 2C0S
(4)
chi c6 phuong trinh (1); (2) c6 dang (*)
+ Phuong phap giai:

2x=1

Céch 1: Ha bac r6i dua vé dang phuong
trinh bac nhat déi v4i sinx va cosx.
Céach 2:
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T
2
la nghiém cua (*) hay khong (thoa man (*)
hay khéng)?

- Kiém tra X=Z+kz,k e[} (cosx=0) co

- Véi x¢%+k7z,kel (cosx=#0), Chia

hai vé& Cua (*) cho cos’x , ta duoc phuong
trinh atan’x+btanx+c=0.

La phuong trinh bac hai theo tanx khi
a=0, phuong trinh bac nhat theo tanx
khi a=0 va b=0.

Cha y: Twong tu nhu viy, ta ¢ phuong
trinh theo cotx.

+ Thay cosx =0 c6 théa man
(2)?
+Hay x:%+k7z,k e cola
nghiém ctia phuong trinh (2)
hay khong?

Cdau hoi danh cho ca lop
xong chu dinh danh cho hoc

sinh yéu kem?

+ Twong ty nhu viy, néu ta
chia hai vé cho sin’x.

+ Tuong ty nhu vay ta giai
dugc phuong trinh:
_sin’xsin 2x

sin®x ———+C0S> X =
\ S X 1

Bang cach dua vé phuong

trinh 4n theo tanx.(Danh cho

hoc sinh kha gioi)

Giai (2):
+ Ta thdy X:%+k7z,ke. khong 1a

nghiém phuong trinh (2), vi —1=0 (sai).

+ Chia hai vé (2) cho COSZX , ta duoc
- .
43|n2x _gSINX _ o
COS*X  COSX
tanx =2
< 4tan’x-5tanx—6=0 < 3
tanx =——
4
Xx=arctan2+kz
& kell). Va
x=arctan(—%)+k7r( B Y
nghiém phuong trinh la

X=arctan2+ ks

kel

X =arctan(— %) +kz

+ Ta c6 thé giai phuong trinh
(1) bang cach nao nita?
+  Phuong trinh

asinx+bcosx=0,ab=0 thi

dang

Nhén xét:

+ Néu (*) c6 a=0 thi ta nén dua vé
phuong trinh tich
cosx(bsinx+ccosx)=0.
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nén dua vé phuong trinh tanx
hoac cotx.

+(4) <= ().
+ Ta c6 thé dua phuong trinh
(3) vé dang (*) duoc hay
khong?

Cdu hoi cho ca lop xong chu
dinh danh cho hoc sinh trung
binh.

(bai vé nha)

(trong tu néu ¢=0).
Minh hoa: phuong trinh (1)
+ Néu phuong trinh c¢6 dang

asin? x+bsinxcosx+ccos’*x=d voi
a,b,c,d €|} va a’+b?+c? =0
(**)

Khi d6 ta c6 thé dua vé phuong trinh dang
(*) bang canh thay d =d(sin?x+cos? x).
Minh hoa: Phuong trinh (4).

+ Do Sin2x=2SiNXC0SX, nén phuong
trinh (3)

2

< 3sin“ x—2sin xcosx—cos2 x=0

¢ Cung co:

+ Nim duoc dang phuong trinh thuan nhat bac hai d6i véi sinx va cosx.

+ Biét 2 cach giai:

Céch 1: Ha bac 161 quy vé€ phuong trinh bac nhat doi voi sinx va cosx.

Cach 2: Pua vé phuong trinh bac hai 4n tanx hodc cotx.

+ Bién d6i mot s6 phuwong trinh don gian vé dang trén.
Phiéu hoc tap sb 02
Caul: Giai phuong trinh sau bang cach dua vé phuong trinh an 13 tanx

2 2

3sin“ X —2sin Xcos X —CcoSs

X=0 (danh cho hoc sinh yéu kém).

Cau2: Giai phuong trinh sau bang cach ha béc, rdi dua vé phuong trinh bac nhit

do1 véi sin va cosin:

3sin* x—sin2x—cos’ X =0 (danh cho hoc sinh trung binh,.
Cau3: Giai phuong trinh sau bang 2 céch:
C0S? X+5SiNXC0SX—SiN?X =2 (danh cho hoc sinh kha gici).

Ra bai tip phan héa vé nha
Phan chung

‘Bai 33(SGK)

Phan danh cho hoc sinh yéu kém : Bai 38a; 41a; 46¢; 47b.
Phan danh cho hoc sinh trung binh: Bai 38c; 41b; 47c.

Phan danh cho hoc sinh kha gidi  : Bai 38b; 41c; 46d; 47a.
Bai tap ra thém HS trung binh : Bai 1.36 a,b,c,d ; kha gioi:

Bai 1.36 €; 1.63 a,b,c,d (SBT)
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MOT SO DANG PHUONG TRINH LUQNG GIAC PON GIAN

Tiét 4
GV: Hay nhic lai cong thirc bién doi + cosacosh— cos(a+b)-+cos(a-b) .
tich thanh tdng va tdng thanh tich? 2
Cdu hoi danh cho ca l6p, xong chi | sinasinb=— cos(a +b) —cos(a-b) _
dinh danh cho hoc sinh yéu kém. ) 2_
Gido vién c6 thé sir dung bing phy | Sinacosb= sin(a+b) ;Sm(a_b) :

hoac mot hoc sinh lén bang viét. _
+ sinx+siny =2sin X;ycos x2y

Cuoi cung gido vién chuan hoa kién

thitc (néu can).

sin x—sin y = 2cos X;ysin x;y

Giao vién co thé cho hoc sinh nhac

lai d6i voi tanx + tany va ddi v6i | COSX+COSY =2C0S X_; Y cos X; y

cotxxcoty.

COS X—COS Y =—2sin X;ysin x;y

4. Mot s6 vi du khac
a) Giai phuong trinh (¢6 sir dung cong thire bién doi tich thanh tong).
Vi du;: (Phiéu hoc tap s6 01)
Céaul: Cho phuong trinh
COSBXCOSX = C0S3XC0S4X (1)
Hay bién ddi thanh tong & mdi vé cua phuong trinh (1). Tir d6 tim nghiém cua
phuong trinh.
Cau2: Giai phuong trinh
sin 2xsin5x =sin 3xsin4x (2)
Cau3: Giai phuong trinh
c0s5xsin4x =sin5xcos4x (3)
Sau khodng 3°, yéu cau 3 hoc sinh 1én bang lam (hoc sinh yéu kém: (1); trung
binh: (2); kha goi: (3)).
GV: Tiép theo, cho hoc sinh nhan xét, gido vién chuan héa kién thirc(néu can)

COS7/X+CO0SSX  €os7x  00s5X
2 2 2

Cau 1: TacO COSBXCOSX =

COS7X+C0S(—X) COS7X COSX ... .
COS3XCOS4X = (=X) = + Nén phuong trinh

2 2 2
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COS/X  COSS5X _COS7/X COSX

COSEXCOSX = COS3XCOS4X <> > + 5 5 + 5

x=kZ
<> C0SEX=C0SX <> b5X =X+ k27 < o (ke

T
Nghiém ctia phuong trinh la < 5 (kelD-
/4
X=K="
3

(2) = COS3X ; COS/X _ COSX _2C057X < C0S3X =C0SX <> 3Xx=+X+k2r7

X=krz

- _ 7[<:>X:k
X_kf

T

5 (k ell). Vay nghiém phuong trinh la X = k% (kelp

Sin9x—sinx _ sin9x+sinx
2 B 2

< sink=0< x=kz (k e[p). Vay nghiém phuong trinh 1a x=k7z (k e|}).

C4u3: cosbxsin4x =sin5xcos4x <

Luu y: (3) & sin5xcos4x —cos5xsin4x =0 < sinx=0.

GV: cho vi du coszcost+% =0

Dé hoc sinh ha béc, sau d6 dé giai tiép phuong trinh can dén cong thirc bién tong
thanh tich?

b) giai phuong trinh(cé sir dung céng thirc bién tich thanh tong)
GV: Yéu cau HS giai phuong trinh COSGXCOSZX+% =0 (¥

Vidu,: gidi phuong trinh

coszc032x+% =0 4)
Loi giai:
4) < Cos8X ; Cosax +% —0 < COS8X+C0sAX +1=0 < 20082 4x +C0s4x =0

< €0s4x(2cos4x+1)=0 (*)

S6 héa béi Trung tam Hoc liéu — Bai hoc Thai Nguyén http://www.Lrc-tnu.edu.vn



www.VNMATH.com

x=" 1k k™ _T L kE
C{COS4X=O . X=5+ 7Z'<:>X 5 k7 <:>X g tk3
2c0s4x+1=0 | coooy— 1 |cosax=cosZZ | x=+Zkx
2 3 6
x=21kZ
(k ). Vay nghiém cua phuong trinh 42k g )}
X=+=krx

3
(Déi vO1 hoc sinh yéu kém va trung binh co thé can sy hd tro cua giao vién, trudc
hét hay bién tich thanh tong).
GV chuan hoa kién thic, puong trinh(*), goi 1a phuong trinh tich.
GV: C6 thé giai theo phuong trinh bac hai theo cos4x. Hodc st dung cong thic

32x—30032x

nhan ba d6ivai COS6X = c0s(3.2X) = 4¢0s
% Cung cb
Luyén tap (phat phiéu hoc tap s6 02)
Vi dus: Giai phuong trinh (theo timg d6i twong hoc sinh)
1. Sin X+Sin 2X =C0S X+ C0S2X
Hay bién ddi thanh tich & mdi vé ctia phuong trinh. Tir d6 giai phuong trinh
sin3x
COS X

2. tanx+tan2x =

Hay bién dbi thanh tich ¢ vé trai. Tir 6 giai phuong trinh.

3. tanx +tan 2x =sin 3xcos X

HS kha gidi y 3, trung binh ¥ 2, yéu kém y 1.

Lam bai trong khoang 5°-77, sau d6 yéu cau hoc sinh 1én bang trinh bay khoang
3”, GV cho hoc sinh nhén xét va chuan héa kién thirc (néu cﬁn).
< Ra bai tAp phan héa vé nha:

Phéan chung : Bai s6 34 SGK.

Phan danh cho hoc sinh yéu kém : 36¢.

Phan danh cho hoc sinh trung binh : 36d; 42a.

Phéan danh cho hoc sinh kha gioi  : 36e; 42d.

Bai tap thém: (Danh cho hoc sinh trung binh y a va kha gioiy b)

Giai phuong trinh va biéu dén nghiém trén duong tron lugng giac.

a) tanx+tan2x=sin3xcosx b) tanx+tan2x= S(:QSS))(( .
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MOT SO DANG PHUONG TRINH LUQNG GIAC PON GIAN

Tiét 5

Vao bai:

+ Giao vién yéu cau 1 hoc sinh yéu
kém nhéc lai cong thic ha bac, gia tri
16n nhat va nhé nhit cua ham sb
y =asinx+bcosx+c (voi
a2 +b2 » 0). Sau d6 gido vién chuan
lai kién thirc va ghi bang hodc sir dung
bang phu.

N Cc)32a:1+c052a
2
Sinzazl—C(Z)SZa

+ Ham sé y=asinx+bcosx+c véi

a2 +b2 20 co gia t lon nhit 1a

Ja?+b?ic, gid ti nho nhdt Ia
C—Va2+b2.

¢) Giai phuong trinh (c6 st dung cong thirc ha bac, phuong trinh tich)

+ Hay ha béc, sau d6 hay giai phuong
trinh (Danh cho hoc sinh trung binh,
yéu kém). Sau khoang 2’, goi 1 hoc
sinh trung binh-kh4 1én bang (3°). Tiép
theo cho hoc sinh nhan xét va chuin
héa kién thirc.

+ C6 thé dua vé phuong trinh bic ba
an t voit =cos2x e[-1;1]
(danh cho hoc sinh kha gioi).

+ Hay biéu dién nghiém trén duong
tron luong giac (sé diém cudi la?)

Vi du;: Giai phuong trinh
2 2

sin?x+sin?3x = 2sin2x (1)
Bai giai:
1) 1- cgst +1—C(2)86X —1—cosdx

< C0S2X+C0S6X = 2c0s4X
& 20084Xc0s2x—2c0s4x =0
< 2c0s4x(cos2x-1)=0

d

e

4X:%+ k27

2Xx=k2rx

cosdx =0 -
cos2x =1

x=24kZ
8 2 (kelp. Vay nghiém

X=krx

T

_T T
x_8+k

@) 1a 2 kel

X=kr

+ Phiéu hoc tdp sé 01 theo nhém: Vi
du, (theo 1ban hodc 2 ban) sao cho cé
cac doi tuong hoc tap. Sau khoang 3°,
nhom trudng cho két qua va trinh bay
trén bang, gido vién kiém tra céc
nhom, sau khoang 3’ gido vién cho
hoc sinh nhan xét va chuin hoa kién
thirc (néu can).

Vi duy:
a) Chung té rang:
2(sin4x +cos? X)=2 —sin?2x
b) Giai phuong trinh:
1+sin2x = 2(sin4x +cos? X)

(2)
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Loi giai:

a)Taco 2(sin4x +cos? X) = 2[(sin2x 1 cos? x)2 ~2sin? x.cos? X]

:2(1_sin22x 2

5 )=2-sin“X. Vay 2(sin4x+cos4 x):2—sin22x.

b) Theo trén ta c6 phuwong trinh: 2_sin22x =1+sin 2x
< sin2x+sin2x—1=0. Pat t=sin2x voi diéu kién te[-1;1], ta duoc

L=
phuong trinh t24t-1=0 2 .Chicot,= -1+45 thoa man
. ~1+5 2
2 2
(t,< -1 bi loai).
+ Voi i, :iz\/g , ta ¢O phuong trinh SIN2X = _1;\/5. Phuong trinh nay cho
X :%arcsin \/32_1+ k27r
nghiém la (ke
x=L(z-Y5=Y kon
2 2
X :%arcsin \/52_1+ k27
Vay phuong trinh (2) ¢6 nghiém la ) 51 (kelD-
X=2(r-X=2)+k2
T ) tker
* Vi dug: a) Ta ¢6 sinSx +C0sS X = c0s2X
Giai phuong trinh ) . i
P e < (sinx+cos x)(5|n2x—3|nx.cos X+ COS2 X)
sin3x+cos3x:0052x(3) i :
. = (cos x+sinx)(cos—sinx)
a) Bién do6i phuong trinh ] Lsi )
thanh tich. <:; (sinx+cos x)[(1-sinx.cos X) — (cos X —sinx)]
b) Giai phuong trinh (3). -
Yéu cdu hoc sinh khd gidi
lam y b), hoc sinh trung binh
va yéu kém lam ¥ a).

sinx+cosx=0(vd,,)
(sinx—cos x) —sin xcos x+1=0(vd,,)

b) (3) @{

+vd,, o tanx =—1 < x=—%+k7z (ke ).
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2
+Pat t=sinx—cosx thi te[-+/2;42] va sin xcosx:th. Khi d6 phuong

1-t2 2
trinh vd,, c6 dang: t—T+1=0<:>t +2t+1=0ct=-1

+ Luc d6 ta c6 phuong trinh: SINX—COSX=-1

& CosX—sinX=1< \/Ecos(x+%) =le cos(x+%) :g

%+k27z x=k2rx
=N

T
:_£+k2ﬂ' X:—E+k2ﬂ'

X+

(k elp.

X+

0
Ay MY

Vay nghiém phuong trinh la X = —%+ Kz, x= —%+ k2m;x=k2r (k e[l

Luwu y: Khi dat an phu, phai xac dinh diéu kién ctia an phy. Hay biéu dién nghiém
trén duong tron luong giac.
% Cung cb (khoang 5°-7)
Phiéu hoc tap sb 02

Giai phuong trinh
a) sin? 4x +sin? 3x =sin? 2x +sin®x (Danh cho hoc sinh yéu kém).
b) 3sin? x+5c0s%x—3=0 (Danh cho hoc sinh trung binh)

c) 6(sinx—CcosXx)—sinXxcosx==6 (Danh cho hoc sinh kha gioi).

< Ra bai tip phan héa vé nha:

Phan chung : Bai 35 (SGK tr42).

Phén danh cho hoc sinh yéu kém : Bai 36d;

Phéan danh cho hoc sinh trung binh ~ : Bai 42¢c

Phéan danh cho hoc sinh kha gioi . Bai 42d

Bai tap ra thém (khd gidi lam ¥ e,g h; trung binh lam ¥ b,d f-yéu kém y a,b.f)
Giai phuong trinh

a) 5sin 2x—6c0s2 x =13 b) sin? 4x +sin? 3x =sin? 2x +sinx
C) cosZ x—3sin?x =0 d) COS2 X +C0S22X +COSZ3X +COS24X = 2

e) sin2x+sin2§:0,5 f) 6(sinx—cosx)—sinXxcosx =6

3

g) 1+sin 2x=2(sin4x+cos4 X) h) sin3x +cos3 x = cos2x
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MOT SO DANG PHUONG TRINH LUQNG GIAC PON GIAN
Tiét 6
d) Giai phuong trinh bang cach dit biéu thirc lugng giac 1am an phu.
GV:Phuong trinh ¢6 dang: a(sin X+cosX)+bsinxcosx=c (a2 +b2 > 0) ™*
GV: Hiy cho biét mdi quan hé gitra SiNX+COSX va SinX.cosX ?

GV: Néu t =sinx+cos X thi t co diéu kién ?

2

Céch giai: Bat t =sinX+Cos X, voi |t|sﬁ. Khi d6 SinX.COS X = va (*) co

dang bt2 +at+c'=0 (**)
+ Giai phuong trinh (**), chon t, €[ —+/2;+/2] 1a nghiém cua (**)
Vi du;: Giai phuong trinh
5sin2x+ sinx+cosx=-1 (1)
Yéu cau hoc sinh hoat dong theo nhom (1 ban hodc 2 ban) co du cac trinh do
nhan thire.
Sau khoang 3’, cic nhom trudng cho két qua va mot hoc sinh kha 1én bang

trinh bay.

- Véi t =1, ta c6 phuong trinh \/Esin(x+%) =-1 < Sin(X+%)=—%

T T
o sin(x+%) :sin(—%) = 24 = ;

X+£:7Z+z+k27z X=rx+k2rx
4 4

(kelD
4

4 ) T
-Voit=—,taco \/§S|n X+—)=—
TE x+3)=3
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2\/§7r

X =arcsin—— ——+k2r

242

X :3—”+arcsin—+ k2x
4 5

¥<:> (k el

. T
o sinx+=) =
( 4)

Vay (1) ¢6 4 ho nghiém 13: X =7 + K27 X = —%+ k2

x:3—”+arcsin&+ k2r; x:arcsin&—er k2r (k<.
4 5 5 4

GV: Néu ta thay “-1” 1a “-6” thi két qua nhu thé nao?
Vidu 2:
5sin2x+ sinx+cosX=—-6 (2)
Danh cho ca 16p, xong chil dinh danh cho hoc sinh yéu kém. Sau khoang 2’ goi
mot hoc sinh yéu kém trinh bay trén bang 2’,tiép theo cho hoc sinh nhan xét va
gido vién

Tuong tu ta c6 phuong trinh 5t2 1t +1=0 (phuong trinh v6 nghiém do
A < 0). Vay phuong trinh di cho v6 nghiém. n chuan hoa kién thue.
Vi duz: 2(cosx —sinx) +3sinxcosx—2=0 (2)

Sau khoang 1°, gido vién goi mot hoc sinh kha lén bang trinh bay, trong
thoi gian dé gido vién cé thé goi mé cho hoc sinh, dic biét la hoc sinh yéu kém.

Khoang 3°-5°, gido vién cho hoc sinh nhan xét 101 giai va chuan hoa kién thic

Dat t=cosx—sinx:\/§cos(x+%), It <+/2.

. 1-t 1-t2
Khi d6 SINXCOS X = va phuong trinh (2) ¢6 dang 2t +3.T -2=0
t=1
S 4t+1=0= t—l
3

- Voit =1, ta cé:

2

T 7w T T
2c0s8(Xx+—=)=1<cos(X+—=) =— < cos(X +—) =cos(—
J2cos( 4) ( 4) 5 ( 4) (4)

x+Z =" ko X=k2x
SN 4 & T (k elp.
T Vs X=——+k2x
X+—=——+k2r7 2
4 4
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Xx=k2rx
(k el

Vay phuong trinh da cho c6 nghi¢m la T
X=——+Kk2rx
2
% Cung cd:
Phiéu hoc tap s6 01
(theo nhom hoc tap ¢ hoc sinh kha gioi, trung binh va yéu kém)

Giai cac phuong trinh sau:
a) (2+ ﬁ)(sinx + COSX) —2SINXCOS X = 242 +1

sin? x

b) +SINXCOS4X +C0s24x =0

Gido vién yéu cau thém hoc sinh nhan dang trudc khi giai?

Ra bai tip phan héa vé nha
Phan chung - 42d; 49.
Phén danh cho hoc sinh yéu kém :39b
Phén danh cho hoc sinh trung binh ~ :38b
phan danh cho hoc sinh kha gioi : 50b.

(SGK tr 46-47)

Bai tap ra thém

Caul: Giai cac phuong trinh (hoc sinh yéu kém va trung binh)

a. (2+ \/E)(sinx-cos X) —2SINXCOS X = 242 +1

b. sin3xcosx—sinxcos3x:g
1 1 10

C. SINX+COSX+—+——  =""
SInX cosx 3

Cau2: Giai cac phuong trinh (hoc sinh kha gioi)
a. (2sinx-1)(2sin2x+1) —3-4c0s? x

6 2 6y 1

X+SINXCOS4X + 0052 4x = %

b. sin” x+3sin“ Xcos X +C0S

C. sin2

d. 3tan2xcot3x +~/3(tan 2x—3cot3x)—3=0

e. sinx+c:osx+.i+i:E .
sinx cosx 3
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Twr d6 tim nghiém trén khoang (%;577[)

Tinh gi4 tri gan ding (chinh x4c téi hang phan nghin )

Luyén tap (2 tiét)
Tiétl

A. MUC TIEU

G1up hoc sinh
1. Kién thirc:

= Co ban.
+Giai duoc cac giai phuong trinh luong giac chi chira mot ham s luong giac (bac
mot, bac hai), phuong trinh bac nhat ddi véi sinx va cosx.
+ Thé hién dugc mot s phuong trinh luong gidc don gian dé dua vé dang trén.
+ Nhan dang gididugc phuong trinh bac nhat ddi v6i sinx va cosx.

% Nang cao.
+ Giai dugc mét sd phuong trinh luong giac, bang phuong phéap dit an phu dé dua

vé phuong trinh dai sé bac ba, trung phuong , ...

e . . . ;- a
+ Bién doi duoc asinXx+bcosx = \/a2 +b? sin(X+ a) voi CosSa = ———,
[L2 .2
a“+b

a €[0;7].

+ Mot sb vi du vé bai toan thuc tién.

2. Ki nang:

= Co ban.

+ Reén luyén thém nhiing ki ndng gidi cadc phuong trinh luong gidc chi chira mot

ham sé luong giac va dang asin X +bcosx =c¢ (a2 +b? 2 0).
% Nang cao.
+ Bién doi thanh thao mot s6 dang phuong trinh luong giac don gian vé phuong
trinh da gap.
+ Chuyén tir mot sb bai toan mang tinh thuc tién sang bai toan luong giac (luong
gidc hoa mot sd bai toan thyc tién).
3.Tw duy:
+ Kha ning tuong ty, phan tich, tong hop.
+ Phat huy dugc tu duy mét cach 16gic, co hé thong.
+ Phat trién tu duy sang tao, tu duy ddc biét hoa, khai quat héa.
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4. Thai do¢:
+ Tich cuc tham gia vao cac hoat dong hoc tip, co6 tinh than hop tac, nghiém tuc
va tu giac hoat dong hoc tap.
+ Co y thirc xay dung bai hoc.
B. PHUONG TIEN DAY HQC

Ve gido vién:
+ Gido 4n; may vi tinh; may chiéu projecter; may hit(néu co); bang phu, ...
+ Phiéu hoc tap c6 chira cau hoi(bai tap) phan hoa cho cac ddi trong hoc sinh.
+Thudc ké, compa, may tinh CASIO-fx 500MS, ...

& V& hoc sinh:
+ Bang phu(nho); may tinh CASIO-fx 500MS; thudc ké; compa, phan viét bang;
sach giao khoa,...
+ On lai nhitng kién thirc c¢6 lién quan nhu cong thirc bién d6i lugng giac. Cach
giai phuong trinh luong gidc co ban, phuong trinh bac nhat dbi voi sinx va cosx .
C. PHUONG PHAP DAY HQC

Van dap goi mé két hop vé6i t chic hoat dong nhom, ca nhan theo dinh
hudng phan hoa.
D. TIEN TRINH BAI HQC
< On dinh 16p: 1’
+ Bai moi:
Vao bai:

Cho biét dang va cach giai phuong trinh chi chira mot ham sb luong giac
(bac mot, bac hai); bac nhét d6i vdi sinx va cosx ?

Cdu héi danh cho cd I6p, xong chi dinh danh cho hoc sinh trung binh-yéu
tra loi.

Sau do cho hoc sinh nhan xét va gido vién chuan héa lai kién thirc(hodc sw
dung bang phu).

Mo rong cho phuong trinh bac ba, tring phuong véi an 13 mot trong cac
biéu thtc luong giac.
1. Dang phuong trinh bac nhit, bac hai chi chira mét ham s6 lwong giac.
GV: Phat phiéu hoc tap s6 01
Cau 1: Giai cac phuong trinh sau

a) 200s°X —3c0sX +1=0 (1a) b) 6cos? X +5sinx -7 =0 (1b)
Cau 2: Giai cac phuong trinh sau

a) (sinx +1)(20052x—\/§):0 (2a) b) cot2(x+%) =1 (2b)
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Céu 3: Giai cac phuong trinh sau

a) \/3tan’ x — (1++/3)tanx +1=0 (3a) b) 4s in*x+12c0s°x =7 (3b)
Chia thanh tirng nhém doi twong:
Cau 1: HSyéu kém, Cau 2: HS trung binh, Cau 3: HS kha gioi.
Sau khoang 3’-4> goi mot hoc sinh twong Ung 1én bang trinh bay. Cudi
cung gido vién cho nhan xét va chuan hoa kién thirc
2. Phuong trinh bac nhét d6i v6i sinx va cosx.
Phiéu hoc tap sb 02
Céaul:
a) Giai phuong trinh: sinx-cosx =0
b) Tim m dé phuong trinhSinX + McosX =m+1 c6 nghiém?
Cau2:

: . oXx 1
a) Giai phuong trinh  SINX + sin? > = >
b) Tim m dé phuong trinh SinX + MCcosX =m+1 vo6 nghiém?
Cau3: Tim nghiémt €[0;2] cua phuong trinh sau:

cosz[%(Zt ~1]=1.

Chia theo tirng déi twong hoc sinh:
Caul-HSyéu kém, Cau2-HS trung binh, Cau3-HS khd gidi.
Sau khoang 3’-5’, yéu cau hoc sinh 1én trinh bay theo timg d6i twong. Tiép
theo yéu cau hoc sinh nhén xét va gido vién chudn hoa kién thirc(néu can).

% Cung cb: (Hoat dong theo nhom co hoc sinh yéu kém, trung binh, kha gioi)
Phiéu hoc tap so 03
Hay chi ra nhiing khang dinh dung, trong cac khang dinh sau

Cau 1. Phuong trinh C0S2X+SIinX+2=0

a) Vo nghi¢m. b) Co6 nghi¢m.

Cau 2: Phuong trinh c0S2X +SinNX +2 =0 ¢6 diing mdt nghiém thudc

2T 7
[ 3’ 3]'
Cau 3.

Ham s6 Y =3sinX +4c0sX +5 gia tri 16n nhit 1a 10, nho nhat 1a -10.

Cau 4. Phuong trinh 2cosX++/5sinx—m=0  ¢o nghiém khi
—-3<m<3.
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2 2

X 4+ SIN X COS X + 3C0S“ X

4+5
2
Cau 6. Phuong trinh tanx + 2cotx = -3

Cau 5. Him s6 y =sin

a) Co gié tri 10n nhat 13 b) C6 gi4 tri nho nhat 1a

4-+5
—

a) Co dung 1 nghiém thoa man 180° < x <360°.

b) C6 dung 2 nghiém thoa man 180° < x <360°.

c) Vé6i 180° < x <360° thi phuong trinh v nghiém.

Cau 7. Phuong trinh (tanx + cotx)2 + tanx + cotx = 2

a) Vo nghiém b) C6 nghiém X = —% +k2z.k <l

¢) C6 nghiém x=%+ kz,k <l

% Ra bai tdp phan hoa vé nha:
Phan chung : Bai 40; 38; 39.
Phén danh cho hoc sinh yéu kém : Bai 41a.
Phén danh cho hoc sinh trung binh: Bai 41b;
Phan danh cho hoc sinh kha gioi  : bai 31; 37; 41 b,c.
Bai tap ra thém
Giai cac phuong trinh
Caul (hoc sinh trung binh-yéu kém)

a. 6cos2 X+5sinx-7=0 b. 4sin4x+12c032x =7

C. tan2(2x—%):3 d. cotz(x+%):1

e. Tim nghiém thudc [ 0; 7z ] ctia phuong trinh: Sin3X = COSX
Cau 2 (hoc sinh kha gioi)

i 1-cos2x .
a. sm(2x+%)+cos(3x+%) =0 b. T+smxcosx:cos2 X
C. cot[%(sinx—cosx)]:l c. sin®x + cos® x =sinx — cos x

d. Tim m dé phuong trinh sau v6 nghiém:
SINX —COSX—SIiN2X =m.
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